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INTRODUCTION 

Investigations on food requirements of Protozoa have long engaged 
the attention of protozoologists. The development of the pure-culture 
technique and the establishment of steadily increasing numbers of 
Protozoa in pine cultures have, in recent years, added impetus to 
studies on the nutrition of these microorganisms. Such pure cultures, 

* Awarded an A. Creseiy Moniaon Prise in Natural Science in 1089 by the New York Aoadeooy 
of Sdenoes. Accepted by the Graduate School of New York Umveraity in partial fulfiUment of 
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grant from the income of the George Herbert Sherwood Memorial Fund. 
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which are free from bacteria and all other organisms except the species 
under consideration^ afford unique advantages in these investigations. 
The absence of other microorganisms eliminates such sources of error 
as the waste products of contaminants and the chemical and physical 
changes which might be produced in the medium by species other than 
the one in question. Pure cultures thus make possible, within experi¬ 
mental limits, the precise determination of food requirements and the 
exact measurement of effects produced on growth by different environ¬ 
mental factors. 

The recent application of the pure-culture technique to studies on 
protozoan nutrition has led to a realization that the older classifica¬ 
tion—^autotrophic, saprozoic and holozoic nutrition—^is no longer 
adequate. Consequently, a more accurate designation of the various 
specialized types of nutrition has become necessary. These newer 
classifications attempt to define the simplest methods of nutrition pos¬ 
sible for different types of Protozoa. The classification followed in 
the present paper is that given by Hall (1939b): 

I. Fhototrophic nutritiom—eneigy of light is used in photosiynthesis. 

1. Photoautotrophio nutrition.—inoiganic nitrogen sources suffice for 
growth. 

2. Photomesotrophic nutrition.—amino acids are used as nitrogen sources. 

3. Photometatrophic nutrition.—exhibited by species capable of utiludng 
peptides or more complex nitrogen compounds as nitrogen somrces. 

n. Ghemoautotrophic nutrition.—inorganic media suffice for growth even in the 
absence of photosynthesis. 

ni. Heterotrophic nutrition.—an organic carbon source is necessary. Obsenred 
mainly in colorless organisms, &it some chlorophyll-bearing i^ecies may be 
considered facultative heterotrophs when grown in darloiess. 

1. Heteroautotrophic nutrition.—inorganic nitrogen compounds are 
utilized. 

2. Heteromesotrophio nutrition.—one or more amino acids are used as 
nitrogen sources, and probably also as carbon sources; better growth is 
usually obtained with an ^ditional carbon source. 

3. Heterometatrophic nutrition.—peptides or more complex nitrogen 
compormds are used as nitrogen sources. 

According to this classification, a chlorophyll-bearing flagellate for 
which an amino-acid represents the simplest possible nitrogen source 
would be termed photomesotrophic; a similar organism, capable of 
using inorganic nitrogen when grown in light, would be termed photo- 
autotrophic; and similarly, for the various other methods of nutrition. 
Fhotoautotrophs may be capable of photomesotrophic and photometa¬ 
trophic nutrition, and photomesotrophs of photometatrophic nutrition; 
likewise, heteroautotrophs may be capable of carrying on heteromeso- 
trophic and heterometatrophic nutrition, and heteromesotrophs capable 
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of heterometatrophic nutrition. However, tlie reverse is not true in 
either case. 

One of tlie first groups whose nutritional requirements were investi¬ 
gated in pure cultures was the Euglenida. In this order photoauto- 
trophic nutrition has been reported for several chlorophyll-bearing 
species. Althou^ Zumstein (1899) and Temetz (1912) concluded 
that inorganic media were unfavorable for Euglem gracilis, Pring- 
sheim (1912) found growth of this species to be almost as heavy in 
certain inorganic media as in those containing organic nitrogen. 
More recently, Mainx (1928), Dusi (1933a), and Hall and Schoenborn 
(1939a) have described photoautotrophic nutrition in this species. 
Similar results have been obtained witli E. klebsii, E. stellata, E. ana- 
baena andE. vvridis (Dusi 1933b; Hall 1938,1939a). Hutner (1936) 
was unable to grow either E. gracilis or E. anabaena in certain inorganic 
solutions, but this may have been due to his use of unsatisfactory media, 
as shown by Hall and Schoenborn (1939a). Mainx (1928) reported 
that several additional Euglenidae were capable of utilizing inorganic 
nitrogen sources; however, Maiirx did not use the serial-transfer tech¬ 
nique and his conclusions must await confirmation. Certain of his 
findings have since been questioned. For example, Mainx considered 
E. pisciformis and E. deses photoautotrophic while later investigators, 
employing the method of serial transfers, have obtained negative evi¬ 
dence. It now appears that E. deses is photomesotrophic, and that 
E. pisdformis is photometatrophic (Dusi 1933b, Hall & Schoenborn 
1938), or photomesotrophic if certain growth factors are furnished 
(Dusi 1939). 

Attempts to grow green euglenoids in darkness have been none too 
successful, since Eitglem stellata, E. klebsii, E. anabaena, E. deses and 
E. pisdformis have given negative results even in complex organic 
media (Dusi 1933b, Jahn 1935). Although heterometatrophic nutri¬ 
tion has been demonstrated in E. gradlis, inorganic nitrogen sources 
apparently have failed to support growth in darkness (Lwofi 1932, 
Dusi 1933a, Lwoff & Dusi 1934,1937,1938). E. mesnili also has been 
grown in darkness in peptone media (Lwoff & Dusi 1935a), but no 
attempt was made to culture this form on inoi^anic nitrogen sources. 

In contrast to the observations on green Euglenida, little is known 
about the nitrogen requirements of colorless species. Fringsheim 
(1921) concluded that Astosfa oceXLata was incapable of utilizing 
amino acids or ammonium salts as nitrogen sources. Mainx (1928) 
later obtained growth of the same species in natural mixtures of amino 
acids (hydrolyzed proteins) but not on single amino acids or artificial 
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mixtiires. Thus, the only Euglenida which have previously been found 
to utilize inorganic nitrogen salts are some of the chlorophyll-bearing 
species when grown in light. In darkness these forms, as well as the 
colorless Euglenida, have always appeared to require organic nitro¬ 
gen sources. 

In certain colorless Phytomonadida, however, the utilization of in¬ 
organic nitrogen salts has been reported by several investigators. 
Thus, Pringsheim (1921,1934,1935a) has described heteroautotrophic 
nutrition in Polytoma uveUa and Polytomella agUis, and also in two 
chlorophyll-bearing species (Chlorogonmm mchlorum and C. elonga- 
tum) grown in darkness. Later, however, this worker concluded 
(1935b) that continued growth of these species on inorganic nitrogen 
sources was possible only when “soil extract” was added to the medium. 
Furthermore, Lwoff and Lederrar (1935) found that, in addition to 
any possible growth-factor effect, such a soil extract contained suf¬ 
ficient nitrogen to support growth of Polytomella agUis. More re¬ 
cently, Pringsheim (1937a, b) has replaced the soil extract with 
glucose-caramel, and has concluded that the latter is a necessary 
“Wuchsstoff” for growth of Polytoma uveUa, Polytomella (agUia) 
caeca and Chlorogonium euchlorum (in darkness) on inorganic nitrogen 
sources. Lwoff and Dusi (1935b) have disagreed with Pringsheim’s 
findings on Chlorogonium euchlorum and have concluded that this form 
is heteromesotrophic in darkness. Likewise, Loefer (1934) had previ¬ 
ously reported that C. euchlorum and C. eUmgatum failed to grow in 
darkness on inoi^anic nitrogen sources. Hence, it is not certain that 
Pringsheim’s strains of Chlorogonmm actually carried on heteroauto¬ 
trophic nutrition. On the other hand, Lwoff and Dusi (1938) have 
recently demonstrated heteroautotrophic nutrition of Polytoma uvella 
in media containii^ no growth factors, and this is again in disagree¬ 
ment with the latest findings of Pringsheim. Another phytomonad, 
identified as P. uveUa by Lwoff (1932) but later deaig na tPYl as F. 
obtusum by Lwoff and Provasoli (1937), also appears to be hetero¬ 
autotrophic (Lwoff 1932, Lwoff & Dusi 1938). For Polytomella caeca, 
Lwoff and Dusi (1938) found it necessary to add both the P 3 rrimidine 
md thiazole components of thiamine (i.e., vitamin Bi) to the madinm 
in order to maintain growth, while P. caudatum and P. oceUatum 
require only the thiazole constituent. Hydogonium hlebsn, another 
phytomonad, has been grown thus far only in peptone media and 
must therefore be considered heterometatrophic (Prii^eim 1937a). 

The trophic nature of ChUomonas paramedum, the only species 
of Cryptomonadida studied up to the present time, is also in dispute. 
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This species has been reported as chemoautotrophio (Mast & Pace 
1933), as heteroautotrophic (Mast & Pace 1933, Pringsheim 1934, 
1935a), as capable of continuous growth in “heteroautotrophic” media 
only after soil extract is added (Pringsheim 1935b) or after certain 
growth factors are furnished (Lwoff & Dusi 1938), and as capable 
of heteromesotrophic nutrition (Hall & Loefer 1936). 

It will be noted that there arc definite differences of opinion con¬ 
cerning the simplest possible method of nutrition for many of the 
colorless flagellates thus far studied. The present investigation on 
Astasia was undertaken in order to determine the simplest media 
which will support growth of this colorless euglenoid flagellate. Al¬ 
though previous work indicated that both the colorless euglenoids and 
the green Euglenida grown in darkness are incapable of utilizing in¬ 
organic nitrogen sources, attempts were made to grow Astasia in such 
media. As a chlorophyll-bearing control species known to be capable 
of photoautotrophic nutrition, Euglena gracHis was also cultured in 
certain of the media in order to determine whether these solutions 
would support growth of green Euglenida. It was believed that such 
a study not only would determine the nitrogen requirements of 
Astasia, but would also throw some light on the factors responsible 
for the varied results obtained by different workers, even when study¬ 
ing the same organism. 

The writer wishes to express his appreciation to Professor R. P. Hall 
who suggested the problem and who has given help and advice through¬ 
out the course of flie investigation. 


MATERIAL AND METHODS 

The bacteria-free strain of Astasia sp. used in this investigation 
was originally isolated by Dr. T. L. Jahn and a speoiflc name has not 
yet been proposed. The strain of Euglena gracilis was obtained in 
1930 through the courtesy of Professor E. G. Pringsheim. Stock cul¬ 
tures of these species have since been maintained in our laboratory 
(Hall 1937a). The stock media employed in the present investi¬ 
gation were: 

Mbdivh AA Mbdium AE 

Difco tryptone . 10.0 gm. Difco tiyptone .. . . 7.5 gm. 

KHsP04 .. 2 0 KH»P04 . . 1.0 

Tap water 1 0 liter NaCtH«Of3HsO 1.0 

Tap water 1.0 liter 
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The following experimental media were used: 


Mbbium EA 


NH4N0». 

0.5 gm. 

KH 2 P 04 . 

0.5 

MgSOi-THaO. 

0.1 

NaCl. 

0.1 

FeCl*‘6H20. 

0.0025 

Dist. water. 

1.0 liter 

Medium EDA 

(NH4)2HP04. 

1.0 gm. 

MgSO.-THsO. 

0.2 

KH 8 PO 4 . 

0.2 

KQ. 

0.2 

FeCl3*6H20. 

0.0025 

Dist. water. 

1.0 liter 

Medium D 

NH 4 CI. 

0.497 gm. 

NaC2H302 * 3 H 2 O. 

1.148 

MgS04. 

0.048 

k:2HP04-3H20 . 

0.209 

Dist. water. 

1.0 liter 


Mbdixtm EGA 

(NHOjHPO* . 1.0 gm. 

K*HP04-3Hs0. 0.2 

MgSOi-THaO. 0.1 

FeClj.eHsO. 0.0025 

Dist. water... . 1.0 liter 


Medium EFA 

NH 4 NO 3 . 1.0 gm. 

MgS04-7H20. 0,2 

KH 2 PO 4 . 0.2 

CaCl2-2HaO. 0.1 

FearOHaO. 0.0025 

Dist. water. 1.0 liter 

Medium DH 

NiEUCaHjOa. 2.0 gm. 

NaCl. 0.04 

MgS04. 0.1 

KaHP04*3H20. 0.2 

CaCla-2HaO. 0.05 

FeCla-GHaO. 0.005 

Dist. water. 1.0 liter 


Medium EAB: Same as medium EA plus MiiCla-4H20 at 0.0001 gm. per liter. 
Medium EF: Same as medium EFA plus MnCl2‘4H20 at 0.0001 gm. per liter. 
Medium DI: Same as medium EDA plus NaCaHsOa'SHaO at 1.0 gm. per liter. 
Medium DJ: Same as medium EAB plus NaCaHaOa'SHaO at 1.0 gm. per liter. 

All chemicals used were of analytical grade, and all were Mallinck- 
rodt products with the exception of NaCl, (NH 4 ) 2 HP 04 and 
MgS 04 (J. T. Baker), and NH 4 CI (Eimer and Amend). 

The experimental procedure, that of successive transfers, has been 
used previously by Lwoff (1932), Dusi (1933a, b), Loefer (1934), 
Hall and Schoenbom (1939a) and others. A specific medium was 
prepared, adjusted to a suitable pH, measured into both 16 x 150 mm. 
tubes (9.0-9.5 cc.) and 125 cc. Erlenmeyer flasks (36-38 cc.), and then 
sterilized for 20 minutes at 115® C. Flasks were not used in the pre¬ 
liminary series; in the later series each flask always received exactly 
‘ four times as much medium as did each tube. In making up a 
medium, the pH was adjusted by NaOH or HCl so that, after sterili¬ 
zation, it would be within the range 6.5-7.0. Good gro\^ of Astasia 
sp. (Schoenbom 1936) and of Euglena gracUis (Jahn 1931, Dusi 1933a) 
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has been reported in this pH range. All pH readings were taken with 
a LaMotte Comparator. 

Unless otherwise stated, the tubes and flasks of the first transfer 
in each series were inoculated from a culture in peptone medium. 
The tubes received either 0.5 or 1.0 cc. inocula, and the flasks four times 
as much as the tubes. Hence the initial concentration of flagellates 
was practically the same in both flasks and tubes. Three or four of 
the tubes thus inoculated were fixed for the initial count, one tube was 
used to determine the initial pH, and the remaining tubes and flasks 
were incubated at room temperature for periods specified below. At 
the end of the incubation period three or four tubes were fixed for 
the final count, one was used for determination of final pH, and a 
flask (or tube in the preliminary series) was used to inoculate the 
tubes and flasks of the second transfer. Similarly, a flask of the 
second transfer was used to inoculate the tubes and flasks of the third 
transfer, etc. The flagellate concentration in the tubes was deter¬ 
mined by means of a Sedgwick-Eafter counting chamber and a 
Whipple micrometer (Hall, Johnson, & Loefer 1935). The cotmts 
thus obtained from tubes fixed at the beginning of the incubation 
period were averaged to give the initial count (xo) ; those from tubes 
fixed at the end of the incubation period were averaged for the final 
count (x). Unless otherwise stated, the final population density of 
a flask cultme was calculated from the initial count of the tubes in¬ 
oculated from this flask. Growth is expressed as x/xo (ratio of final 
to initial concentration of flagellates per cubic centimeter) and, as 
used here, the term refers to the increase in number of flagellates (f.e., 
growth of population). 

In this method of serial transfers the peptone carried over from 
the stock medium was reduced, by serial dilution, to an insignificant 
amount in the later transfers. In the calculation of p^tone concen¬ 
trations (expressed as grams per cubic centimeter) in successive trans¬ 
fers, the peptone utilized by the flagellates was not considered; there¬ 
fore the concentrations listed below are conservative estimates of the 
peptone present. Just as the peptone concentration is reduced by 
this method, so also will the concentration of flagellates be reduced 
unless a certain amount of growth occurs. The amoimt of growth 
necessary for a constant population level will depend, obviously, upon 
the technique of inoculation. In most cases, a 1.0 cc. inoculum was 
added to a tube containing 9 cc. of medium, with the result that the 
flagellate concentiration was reduced to one-tenth in each transfer. 
Thus an average x/Xo of 10 would be necessary in order to maintain 
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a ^ven population level in successive transfers. If x/xo was lower 
than this, the concentration of flagellates would be reduced progres¬ 
sively until furtiier transfers were impossible. This occurred in several 
series described below; the low growth rates of the flagellates made it 
necessary to discontinue these series after several transfers 
Pyrex tubes and flasks were used and all glassware was thoroughly 
washed and steamed, since chemical cleanliness is of utmost impor¬ 
tance in studies on the nutritional requirements of Protozoa. Tubes, 
flasks and pipettes were plugged with bleached non-absorbent cotton 
(Johnson and Johnson) and then sterilized at 160° C. for three hours. 


EXPERIMENTAL RESULTS 
Preliminary Series with Astaaia 

The first six series with Astasia sp. were designed to obtain a good 
basic salt medium for later work. All these series were inoculated 
from stock cultures in medium AA. Only the initial pH values are 
given below, but the final pH never differed by more than 0.1 from the 
initial reading. The results obtained in these series are summarized 
in TABLE 1. 

Series I (Medium EA). This series was carried through foxu* trans¬ 
fers. The initial pH was 6.8 in the first and 6.7 in subsequent trans¬ 
fers. Initial counts in successive transfers were: 7,665; 1,188; 835 
and 150; the periods of incubation were 14 days in the first two trans¬ 
fers and 21 days in the last two. Slow growth occurred in the first 
three transfers and none in the fourth (table 1). 

Series II (Medium EAB). Initial pH and periods of incubation 
were the same as for series I. Initial counts were: 7,665; 1,293; 765 
and 268 in the successive transfers. The results (tabie 1) were quite 
comparable to those obtained in series I. 

Series III (Medium ECA). In this series, carried through four 
transfers, initial counts were: 6,485 ; 985; 655 and 68; initial pH: 6.9, 
6.7, 6.7 and 6.8; and incubation periods: 15,14, 21 and 21 days, re¬ 
spectively. Again slow growth occurred in the first three transfers 
and no growth in the fourth (table 1). 

Series IV (Medium EDA). The incubation periods were the same 
as for series IH. Mtial pH was 6.9, 6.7, 6.6 and 6.8; and the initial 
counts were: 6,485, 1,133 ; 763 and 110, respectively. The results 
(take 1 ) show sli^tly better growth than in medium ECA of series 

m. 
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Tabus 1 

Skbibis I-YII. Gbowth m Tbbe Ctn/rrmiis in thb Sttccbsstvii Tbansitobs of 
Each Sbbqis is Exbbbssbd as x/xo (Baho of Final to Initial Conchn- 

TBATION of FLAaELLATLS PEE ChBIC CeNTIMETEB) 


x/xo in BuccessiTe transfers 


isenes 

fast 

second 

third 

fourth 

fifth 

sixth 

I 

1 7 

3 3 

2 4 

1 1 

— 

— 

II 

1 8 

3 4 

2 0 

1 5 

— 

— 

III 

1 7 

3 6 

1 5 

0 69 

— 

— 

IV 

1 7 

4 4 

2 1 

1 4 

— 


V 

1 5 

2 8 

1.6 

— 

— 

— 

VI 

1 4 

2 0 

1 8 

— 

— 

— 

Vila 

2 0 

1 7 

— 

— 

— 

— 

Vllb 

2 3 

8 3 

— 

— 

— 

— 

VIIo 

2 7 

11 9 

3 8 

5 9 

1 4 

1 4 


Series V (Medium EFA). This series was carried throu^ three 
transfers. The incubation periods were 14 days in the first two trans¬ 
fers and 21 da 3 rs in the last. Initial pH was 6.9, 6.6 and 6.5 in the 
successive transfers, while the initial counts were: 6,815; 998 and 525. 
Very slow growth occiurred in the three transfers (table 1). 

Series VI (Medium EF). In this series, carried for three transfers, 
initial pH and incubation periods were the same as in series V. Initial 
counts were 6,815 in the first transfer, 858 in the second, and 513 in 
the third. The growth rates (table 1) were comparable to those in 
series V. 

The growth observed in series I-VI may be attributed to the small 
amounts of peptone carried over in the inocula. Thus, the calctdated 
peptone concentration was reduced from 1 x 10“* grams per cubic 
centimeter in the first transfer to 1 x 10~^ in the fourth transfer, and 
growth of the fiagellates was no longer evident when the peptone con¬ 
centration was reduced to less than 1 x 10~'‘; hence, it was necessary 
to discontinue these series. So far as growth of Astasia is concerned, 
all of the media tested in these preliminary series were more or less 
comparable and none seemed to be toxic. Hence, the selection of 
media EDA and EAB for further studies (series XI, XU, XVI, XVH) 
was somewhat arbitrary. 

Certain observations in these preliminary series suggested that li^t, 
a factor previously considered unimportant for colorless Et^enida, 
mi^t exert a significant effect on growth of Astasia. In these series the 
tube cultures were incubated in test tube racks arranged on a tier of 
















10 


ANNALS NEW YORK ACADEMY OF SCIENCES 


shelves nesr a north window. However, all tubes were not exposed to 
equal intensities of light since, in order to conserve space, some tubes 
were placed behind others. It was noted that the tubes partially 
shielded by other tubes from the direct light of the window showed 
larger final populations and more nearly normal organisms than did 
the tubes nearer the window. In view of these results, it became neces¬ 
sary to determine more accurately the relation between light and 
growth of Astasia. 

Growth of Astasia in Relation to Light 

In testing the effects of light on growth of Astasia, tubes containing 
medium EDA were inoculated, divided into three groups, and incu¬ 
bated as follows: series Vila, all tubes exposed to direct light from a 
north window; series Vllb, e:q)osed to the same light filtered through 
a sheet of tracing paper; series Vile, placed in light-proof containers 
adjacent to the other cultures. In these three series the initial pH 
was 6.7 in the first transfer and 6.9 in the second. In the first transfer, 
all three series were inoculated from the same stock culture, and the 
initial count in each case was 3,320. In the second transfer the initial 
counts were 417, 453 and 390 in series Vila, Vllb and VHc, respec¬ 
tively. Both transfers were incubated for 14 days. The results (tabm 
1 ) show that growth was better in filtered light than in direct light, 
and still better in darkness. 

Since series I-VI had been carried out in light, which is not favor¬ 
able for growth of Astasia, the series in darkness (VIIc) was continued 
for four additional transfers before the scarcity of flagellates made 
further work impossible. In these later transfers the initial pH was 
6.7; the initial counts were 566, 153, 83 and 7; and the incubation 
periods 22, 40, 21 and 24 days, respectively. Results (lABiiB 1) show 
continued slow growth during the third and fourth transfers, but tho 
slight increase in numbers in the fifth and sixth transfers is of doubtful 
significance. 

The results obtained in series Vila, Vllb and VIIc indicate that 
growth of Astasia is inversdy related to the intensity of light and that 
darkness is most favorable to growth. It is shown also that a purely 
inorganic medium, EDA, will not support growth of Astasia sp., even 
in darkness, when inoculated from a peptone stock culture. 

With the selection of satisfactory inorganic media (EDA and EAB), 
the next step was to determine whether or not such solutions, with an 
added organic carbon source {e.g., sodium acetate) would support 
heteroautotrophic nutrition of Astasia. The results of series Vn were 



SCHOENBORN; NUTRITION OF EVGLENOID FLAGELLATES 11 


obtained during the progress of these series to be described, and the 
method of incubation was modified accordingly. 

Heteroautotrophic Nutrition of Astasia 

Several workers, mentioned above, have found that an organic car¬ 
bon source, such as acetate, is necessary for growth of certain colorless 
phytomonad flagellates on inorganic nitrogen—^in other words, these 
forms are heteroautotrophic and not chemoautotrophic. Accordingly, 
sodium acetate (1.0 gram per liter) was added to media EAB and EDA 
and these new media (designated as DJ and DI, respectively) were 
used in testing Astasia sp. for heteroautotrophic nutrition. In addi¬ 
tion, medium D, a medium described by Mast and Pace (1933) for 
Chilomonas paramecium, was used, as well as one (medium DH) 
similar to that employed by Lwoff (1932) for Polytoma ohtusum. 
With the exception noted below, these series were all inoculated from 
stock cultures in medium AK. Again, only the initial pH readings 
are given since the final pH values were never observed to differ by 
more than 0.2 pH unit from the initial readings, except in the first tw'o 
transfers of those series started from peptone stock cultures. Results 
are summarized in figueb 1. 

Series VIII (Medium D). In this series, carried through five trans¬ 
fers, initial pH was 7.1,6.7,6.7,6.5 and 6.6, respectively; initial counts: 
15,422; 1,933 ; 720; 153 and 10. Periods of incubation were 10,14,14, 
14 and 15 days in the successive transfers. In view of the circum¬ 
stantial evidence from series I-VI, that tubes shielded from the direct 
light of the window by other tubes showed more rapid growth and more 
nearly normal organisms than tubes not thus shielded, the cultures 
of this scries were incubated with a sheet of tracing paper placed be¬ 
tween the tubes and the window. The results (figure 1) show that, 
under these conditions, medium D did not support continuous growth 
of Astasia sp. 

Series IX (Medium DH). This medium differs from that used by 
Lwoff (1932) in that the FeCL and CaCU were added before auto¬ 
claving instead of after, and in that NaOH instead of K 2 CO 8 was 
used to adjust the pH. Incubation periods for the first five transfers 
were the same as in series VIII, while the sixth and seventh transfers 
were incubated for 23 and 22 days, respectively. Initial pH was 6.9 
in the first, 6.5 in the second, 6.4 in the third, and 6.5 in the remaining 
transfers; the initial coimts were: 13,307 ; 9K; 780; 216; 170 and 63 
in the first six transfers, while in the seventh no organisms were seen 
when making the initial count. This series was also incubated in filtered 
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light. From the results (figure 1 ) it may be concluded that continu¬ 
ous growth did not occur in this medium under the conditions specified. 

Series X (Medium DH). The first transfer of this series was in¬ 
oculated from the fifth transfer of scries IX and was run concurrently 
with the sixth transfer of the latter. All transfers of scries X were 
incubated in darkness, however, since results from series Vila, Vllb 
and VIIc had now been obtained. The initial pH, periods of incuba¬ 
tion, and initial coimts were the same for the first and second trans- 



FiQUBE 1 Senes Vm, IX, XI and XII Growth m tube cultures m successive tiansfers is 
expressed as x/xo (ratio of final to initial concentration of fiagdlates per cubic centimeter) 

fers of series X as for the sixth and seventh transfers of series IX. The 
results were as follows: in the first transfer x/x© was 0.9, while in the 
second transfer no organisms were observed in making either the initial 
or final counts. Thus medium DH failed to support growth of Astasia 
sp. in darkness as well as in filtered li^t. 

Series XI (Medium D J). The initial pH was 6.9 in the first trans¬ 
fer and 6.S-6.7 in subsequent transfers. Periods of incubation for the 
first ei^t transfers were 4, 14, 14, 15, 23, 22, 21 and 21 days. The 
initial counts for these eight transfers were as follows: 23,720 ; 4,480; 
903 ; 273; 123; 493; 200 and 33. After completion of the first four 
iransfers, incubated in filtered light, the results of series Vila, Vllb 
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and VIIc had been obtained; hence, all later transfers of series XI 
were incubated in darkness. The results from these first eight trans¬ 
fers (piGXJEE 1) show slow growth in every transfer but tlie fifth, where 
slightly better growth occurred. In addition to the eight transfers 
described in pigube 1, this scries was continued for two additional 
transfers in which no appreciable growtli was observed. It then be¬ 
came impossible to carry this series any furtlier. 

Series XII (Medium DI). This series was carried through nine¬ 
teen transfers, and the line is being continued at present as a stock 
strain. The first eight transfers were incubated concurrently with the 
first eight transfers of series XI and under the same lighting conditions. 
Later transfers (9-19 inclusive) were all incubated in darkness, each 
for 21 days except the eleventh which was allowed to grow 22 days. 
Initial pH was 6.9 in tlic first, 6.8 in the second, and 6.7 in all sub¬ 
sequent transfers. The initial counts for these nineteen transfers were: 
23,720; 4,660; 630 ; 236 ; 96; 413; 162; 73; 157; 110; 190; 263 ; 386; 
266 ; 353 ; 343 ; 290 ; 206 and 320, respectively. The calculated pep¬ 
tone concentration was decreased from 3.75 x 10”'* in the first trans¬ 
fer to 1.8 X 10~®® grams per cubic centimeter in the nineteenth Re¬ 
sults (riGUBE 1) show poor growth in the first four transfers, much 
heavier growth in the fifth, slow growth during the sixth and seventh, 
and then fair growth in all later transfers. 

It was suspected at this time that the concentration of available 
iron in the medium might be one of the factors responsible for the 
fluctuations in growth observed, particularly in series XII. This 
question was investigated later and is discussed below in more detail. 

Since it has now been possible to carry Astasia sp. through nine¬ 
teen transfers in medium DI, covering a period of over a year, it is 
concluded that this organism is capable of heteroautotrophic nutrition 
under the conditions just described. However, the failure of this fia- 
gellate to grow in media D, DH and DJ was difficult to understand 
in view of the results obtained concurrently with Euglma graoAis. 


Growth of Euglena graxalis in Media D, DH, DI, and DJ 

In order to determine whether the media used for Astasia would 
support growth of one of the chlorophyll-bearing Euglenida, the same 
solutions were tested on Euglena gracilis, as described below. In every 
case, the cultures were incubated near a north window with the light 
filtered throu^ tracing paper. With one exception as noted specifi¬ 
cally below, these series were all started from a stock culture in medium 
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AK. No marked differences were observed between the initial and 
final pH readinp. 

Series XVIII (Medium DJ). In tlie first transfer, initial pH was 
6.9; in the later transfers, 6.6-6.7. Periods of incubation for the suc¬ 
cessive transfers were as follows: 4,21,21, 23,22, and 21 days in each 
of the last four. Initial counts were: 21,780; 10,186; 1,293 ; 96; 343; 
113; 86; 130 and 116, respectively. Results (figubk 2) show slow 



Fioubs 2. Series XVin, XIX and XX. Growth of Svglena gracUis in tube cultures in suc¬ 
cessive transfers is expressed as x/xo (ratio of final to initial concentration of flagdlates per cubic 
centimeter). 

growth in the first transfer in which a considerable amount of peptone 
was undoubtedly still present, little or no growth in the second and 
third transfers in which the peptone concentration was reduced, and 
then a greatly increased growth rate in the fourth transfer. Subse¬ 
quent transfers showed slow to moderate growth. The calculated pep¬ 
tone concentrations in transfers of this series (as well as for the next 
two series) are the same as for corresponding transfers of series XII. 
In the ninth and last transfer, this calculated value is quite low, 1.8 x 
10 -“ grams per cubic centimeter, and is probably not responsible for 
the growth observed. Thus, medium DJ apparently supports growth 
of E. gracilis in l^t. 

The appearance of the organisms in various transfers of this series 
was interesting. In the first transfer the flagellates appeared normal; 
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in the second and third only a few normal green forms were seen, the 
majority being etiolated and otherwise abnormal in appearance; and 
then, at the end of the fourth transfer, all the flagellates observed 
were normal, green organisms. This normal type was predominant in 
all later transfers. Hence, it appears that selection, as previously 
described by Hall and Schoenbom (1939c) for E. gracilis when trans¬ 
ferred to purely inorganic media, also occurred in this medium. 

Series XIX (Medium DI). The initial pH and incubation periods 
were the same as in series XVIII. Initial coimts for the nine succes¬ 
sive transfers were: 21,780; 11,040; 1,413; 113; 210; 213; 136; 196 and 
123, respectively. Results (piguee 2) are comparable to those ob¬ 
tained in series XVIII. Thus, this medium is capable of supporting 
continuous growth of E. gracilis and also exercises a selective action on 
the stock strain as did medium D J. 

Series XX (Medium D). In the first transfer the initial pH was 
6.9 while in later transfers it was 6.5-6.7. The incubation period for 
each transfer was 21 days except for the first (10), second (14), fifth 
(23) and sixth (22). Initial counts for the transfers were: 35,588; 
16,627 ; 2,013; 160; 233 ; 517; 363; 185 and 126. Results (piqure 2 ) 
are similar to those for the two preceding series. The increase in 
growth rate in the fourth transfer of this series was not as large as in 
series XVIII and XIX and some of the subsequent transfers also 
showed somewhat slower growth. However, selection apparently oc¬ 
curred, and the medium evidently will support growth of E. gracilis. 

Series XXI (Medium DH). This series was not inoculated from 
a stock culture as were series XVIII to XX, but was started instead 
from the seventh transfer of series XX in which the calculated peptone 
concentration had already been reduced to 1.8 x 10~^®. In the five 
transfers of this series, initial pH was 6.5-6.7; all were incubated for 
21 days except the fourth (22 days); and the initial coimts were 185, 
63, 266, 143 and 163. The x/xo values obtained were 4.2 in the first 
transfer, 36.7 in the second, 5.1 in the third, 19.2 in the fourth and 26.2 
in the fifth. This series was discontined after the fifth transfer in 
which there was a calculated peptone concentration of 1.8 x 10“^® 
grams per cubic centimeter. Hence, this medium also appears to be 
satisfactory for growth of E. gracUis. 

With the completion of series XVIII-XXI, it was obvious that all 
four media would support growtii of Eughm gracilis, in spite of the 
fact that medium DI alone had proven satisfactory for Astasia. The 
results obtained with Etiglena suggested the possibility that the hetero- 
autotrophic strain of Astasia, which had been established in medium 
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DI, might be transferred successfully to the media which had failed 
to support growth of Astasia when inoculated directly from peptone 
stock cultures. 


Transfer of the Heteroautotrophic Strain of Astasia to Other Media 

Of the four “heteroautotrophic” media inoculated from peptone 
stock cultures, three (D, DH and DJ) had failed to support sufficient 
growth of Astasia to permit serial transfers. These three media were 
used in the following series to determine whether they would support 
growth of the heteroautotrophic strain of Astasia which had been es¬ 
tablished in medium DI. Each new series was started from a fairly 
late transfer of series XII. The results are shown in figtibes 3 and 4. 
There were again no marked differences between the final and initial 
pH readings. 

Series XIII (Medium D). The first transfer of this scries was in¬ 
oculated from the eighth transfer of series XII in which the calculated 
peptone concentration had already been reduced to 1.8 x 10 grams 
per cubic centimeter. The ten transfers of series XIII were incu¬ 
bated in darkness. Their initial pH was 6.6-6.7; the incubation 
period, 22 days in the third transfer and 21 in all others. Initial 
counts were 157, 140, 100, 133, 56, 213, 366, 222, 216 and 136, re¬ 
spectively. After the tenth transfer, in which the calculated peptone 
concentration had been reduced to 1.8 x 10~®^ grams per cubic centi¬ 
meter, series XIII was discontinued. Growth rates for the tube and 
flask cultures are described in figube 3. 

The growth rate in flask cultures was, on the average, distinctly 
higher than that in tube cultures. These results suggested a possible 
relationship between oxygen tension and growth of Astasia, since the 
relative surface area of the medium in flasks was more than ten times 
as great as that in tubes. Obviously, the oxygen tension of the medium 
in flask cultures would be appreciably higher than that in tube cultures. 
This question is discussed elsewhere in this paper. 

Series XV. This series in medium DH, inoculated from the ninth 
transfer of series XII, was carried for three transfers before the 
scarcity of flagellates made further transfers impossible. The initial 
pH was 6.5 in all three transfers; periods of incubation were 21, 22 
and 21 days; and initial counts were 110,56 and 33, respectively. All 
transfers were incubated in darkness. Growth rates (x/xo) were 2.9 
in the first transfer, 2.8 in the second, and 1.8 in the third. This 
series confirins the results obtained in series IX and X, and demon- 
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Figubb 3. Series Xin. Comparison of growth in tube cultures (white blodcs) and flask cultures 
(black blocks) in successive transfers. Growth is expressed as s/xo (ratio of final to initial 
concentration of flagdilates per cubic centimeter). 


strates that medium DH will not even support growth of the hetero- 
autotrophic strain of Astasia sp. under the conditions specified. 

Series XVI (Medium DJ). The ninth transfer of series XII, with 
a calculated peptone concentration of 1.8 x 10“^®, furnished the in- 
ocula for the first transfer in series XVI. In the ten transfers of this 
series the calculated peptone concentration was reduced to 1.8 x 10“®® 
grams per cubic centimeter. Each transfer was incubated in darkness 
for 21 days except the second (22 days); initial pH was 6.7 in all 
cases; and the initial counts were: 110, 103, 43, 36, 46, 76, 153, 293, 
153 and 190, respectively. Tlie results (biguiie 4) show that poor to 
fair growth occurred in each transfer; thus, an autotrophic strain of 
Astasia is capable of continued growth in medium BJ. 
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TRANSFERS 

Fioubb 4 Senes XVI Growth in tube culture in successive tiansfers is evpxeased as x/xo 
(ratio of findl to initial concentration of flagellates per cubic centimeter) 

Of the three media which failed to support growth when inoculated 
from peptone stock cultures, only one (DH) has proven unsatisfactory 
when inoculated with the heteroautotrophic strain of Astasia. The 
other two media, D and DJ, appear to support continuous growth of 
this autotrophic strain. These results raise the question whether or 
not some process of adaptation is involved in the establishment of 
heteroautotrophic strains of Astasia. This problem is discussed in a 
later section of the paper. 

It will be recalled that results with medium D indicated a possible 
relationship between the oxygen tension of the medium and the growth 
rate of Astasia. This observation led to further considerations of this 
factor. 

Growth of Astasia in Relation to Oxygen Tension 

As pointed out in the description of series XIII, differences between 
the amounts of growth observed in flask and in tube cultures suggested 
that oxygen tension of the medium might exert an important influence 
on growth of Astasia. Such a relationship between growth and oxygen 
tension has been reported previously for several other Protozoa in 
organic media. Thus, Rottier (1936a, b) obtained better growth of 
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Polytoma ohtuaum and Polytomella agdis in flask than in tube cultures, 
and attributed these results to a higher oxygen tension in the flasks. 
Furthermore, Jahn (1936) found that, after the flrst few days, growth 
of the ciliate. Glaucoma pinformis, was more abundant in aerated than 
in non-aerated peptone cultures. On the other hand, in the crypto¬ 
monad flagellate, Chtlomonas paramedum, the results were reversed 
and both a lag period and a lower initial growth rate were observed 
in the aerated cultures. 

In order to determine whether growth of Astasia in organic media 
also is influenced by oxygen tension of the medium, two series, XXII 
and XXIII, were carried out in a peptone solution (AK). Tube and 
flask cultures were exposed to the same environmental conditions, and 
direct counts were made on each to determine the final population 
densities. Both series were inoculated from a stock culture in medium 
AK, which had been seeded previously from the twelfth transfer of 
series XII; and both series showed an initial pH of 6.9. Series XXII, 
with an initial count of 2,276, was incubated in darkness for four days, 
and series XXIII, with an initial count of 653, was similarly incubated 
for six days. The results (table 2) indicate that growth in flask cul- 

Tabus 2 

SeBIBS XXII AND XXIII. COHPABISON OF FiNAL POFULATION DENSITIES AND OF 
Gbowth Rates in Tube and Flask Cuioubes of Astasia sp. Gbowth 
Is Exfbessed as k/xo (Ratio of Final to Initial Concentba- 
TioN OF Flagellates feb Cubic Centimeteb), and the 
Final Densitibs of Population as the Num- 
BEB of Obganisms peb Gubic Centimeteb 


Series 

Density of population 

x/xo 

Tubes 

Flasks 

Tubes 

Masks 

XXII 

XXIII 

76,933 

111,920 

148,020 

283,070 

33 8 

171 4 

65 0 

433 5 


tures was far heavier than that in tube cultures. This is especially 
true in series XXIII which had a lower initial count and was incu¬ 
bated longer than series XXII. In a peptone medium, therefore, it 
may be concluded that growth of Astasia sp. is definitely related to 
oxygen tension. 

Whether this same conclusion is applicable to growth in “hetero- 
autotrophic” media was determined by comparing the growth rates 
of flask cultures with those obtained in tube cultures. Five different 
media were employed. The results are summarized in btgxjbb 3 and 
TABLE 3. No consistent differences between the growth rates of tube 
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The results obtained in peptone medium (series XXII and XXIII) 
and in medium D (series XIII) indicate that growth of Astasia may 
be increased by a favorable oxygen tension, both in a peptone solution 
and in a medium containing sodium acetate and an inorganic nitrogen 
source. On the other hand, no consistent differences in the growth 
rates of tube and flask cultures were observed in media DI and DJ, 
both of which are similar to medium D. 

A comparison of the constituents of these three “heteroautotro- 
phic” me^a shows that botli DI and DJ contain an added iron salt, 
while the iron in medium D is limited entirely to the traces present 
as impurities in our samples of sodiiun acetate and potassium phos¬ 
phate. Furthermore, medium DJ contains added manganese, an ele¬ 
ment not present as a detectable trace in medium D. Hence, it seemed 
diat the deficiency in iron or in manganese, or in both elements, might 
be a clue to the different behavior of Astasia in medium D with re¬ 
spect to oxygen tension. The possible significance of iron and man¬ 
ganese was tested further, as described below. 

Possible Effect of Iron and Manganese on Growth of Astasia 

The possibility that growth of Astasia is accelerated by an adequate 
concentration of iron was tested in series XIV by the addition of 
FeCl8'6H20 (0.0025 grams per liter) to medium D. This series, 
carried for three transfers, was inoculated from the seventh transfer 
of series XIII (in medium D); thus the first transfer of XIV is com¬ 
parable to the eighth of XIII, the second to the ninth, etc. In these 
transfers, a suitable quantity of medium D was prepared, and ferric 
chloride was added to half of the solution for series XIV. The other 
half, without iron, was tubed and used for series XIII. Thus, except 
for the ferric chloride, the media used for series XIII and XTV were 
identical. Likewise, all other factors except the initial counts were 
the same in transfers 1-3 of series XTV and transfers 8-10 of series 
XIII. The initial counts for the three transfers of series XIV were 
222, 260 and 260. In figube 5 the results obtained in series XIV are 
compared with those of the corresponding transfers in series XIII. 
It is obvious that the addition of iron resulted in higher population 
densities and growth rates in both flask and tube cultures. Another 
interesting result is that flask and tube cultures of series XTV showed 
fairly comparable growth rates, whereas the flask cultures of series 
XIII showed higher x/xo values, as pointed out above. Hence, the 
addition of iron to medium D overcomes the advantage of the flask 
culture attributable to its higher oxygen te nBion. 
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These results demonstrate that medium D does not contain the 
most favorable concentration of iron for growth of Astasia, and indi¬ 
cate further that iron is probably an essential element for this flagel¬ 
late. Such a need for iron is readily imderstandable, since various 
substances important in cellular oxidations are known to contain iron. 
Thus, as a constituent, iron is necessary for the synthesis of cyto¬ 
chrome and the respiratory enzyme (cytochrome oxidase), both of 
which are considered as functional in respiration of aerobes. Peroxi- 



Figxtbb 5. Comparison of final population densities (in hundreds per cubic centimeter) and 
jO^wth rates (x/xo or ratio of final to initial concentration of flagellates per cubic centimeter) 
in tube and flask cultures of series 2IU (transfers S-10) and series XIV (transfers 1-^). 

dase and catalase also contain iron. If any of these systems is op¬ 
erative in Astasia, iron would play an important role in cellular oxida¬ 
tion, a function suggested by some of the experimental results described 
above. 

In the description of series XII, it was suggested that some of the 
fluctuations in growth observed in this series might be correlated with 
an iron requirement of Astasia. In the preparation of medium DI 
for this series, a trace of iron was added by measuring 0.1 cc. of a 
2.5% FeClg stock solution into each liter of medium. This stock solu¬ 
tion was kept in a dark cabinet and used for several transfers. A 
fresh solution was used in the fifth transfer of series XII, and in¬ 
creased growth (figubb 1) was observed. This same solution was 
then used for transfers six and seven, and it is to be noted that the 
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growth rate dropped in the sixth transfer and still more in the seventh. 
Consequently, a fresh solution of ferric chloride was used in making 
media for the eighth and all later transfers. The eighth transfer also 
showed a decided increase in growth rate, and moderate growth has 
been observed in all later transfers of this series. The decreased 
growth rate when old iron solutions were employed may have different 
<>Yp1ftTi«.t,in nR. It has been maintained that, in old solutions of ferric 
chloride, some of the ferric ions would be precipitated as the hydrox¬ 
ide; and although autoclaving might induce such precipitation, never¬ 
theless it seems likely that more ferric ions remain in the medium when 
a fresh rather than an old ferric chloride solution is used. Such an 
explanation may account not only for some of the observed differences 
in growth rates in series XII, but also for some of those irregularities 
observed in the early transfers of other series in which continued growth 
of Astasia was not obtained. 

In all the series inoculated with the heteroautotrophic strain of 
Astasia (XIII, XV, XVI), a fresh ferric chloride solution was used in 
preparing media containing this substance. Thus, the observed dif¬ 
ferences in growth rates in the various transfers of these series were 
probably not due to the ferric ion, but to some other factor. Since 
temperature appears to be the only variable in these series, it may 
account for the results. 

The possibility that manganese affects growth of Astasia was tested 
in series XVII by omitting the manganese chloride from medium DJ 
and comparing growth in ihis solution with that in medium DJ (series 
XVI). The three transfers of series XVII, the first of which was in¬ 
oculated from the seventh transfer of series XVI, were comparable 
in all respects (except initial counts) to the last three transfers of the 
latter series, and the media for series XVI and XVII were identical 
except for the omission of manganese chloride in the latter. Initial 
counts were 293, 196 and 163. The observed final population densi¬ 
ties of the three transfers of series XVII and the corresponding trans¬ 
fers of series XVT are: 2,080 (organisms per cubic centimeter) in the 
first transfer of series XVII as compared with 2,233 in series XVI 
(eighth transfer); in the second transfer, 1,640 as compared with 
2,513; and in the third, 5,886 in comparison to 5,420. These differ¬ 
ences are reflected in the growth rates in the various transfers (figijbe 
6): growth rates were similiar in the first transfer; in the second, the 
medium with manganese supported better growtii, and in the third 
transfer lees growth. 

It is obvious, therefore, that reduction of the manganese content of 
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Figure 6. Comparison of growth in tube cultures of senes XVI (transfers 8-10) and senes 
XVII (transfers 1-3). Growth is expressed as x/xo (ratio of final to initial concentration of 
fiagdlates per cubic centimeter). Series XVI, white blocks; senes XVII, blade blocks. 

medium DJ to a level approaching that of medium D exerts no sig¬ 
nificant effect on growth of Astasia. Hence, it seems that, if man¬ 
ganese is actually essential to this species, an adequate supply of this 
element is present as an undetected impurity in medium D, and also 
that the low concentration of manganese was not a factor limiting the 
growth of Astasia in this medium (series XIII) in tube cultures. 

DISCUSSION 

In addition to their intrinsic interest, investigations on the auto¬ 
trophic nutrition of Protozoa have a definite bearing on certain more 
general phases of biology. Thus, the present observations on Astasia 
lead to the consideration of such problems as the fundamental chemi¬ 
cal requirements of organisms, the question of acclimatization or ad¬ 
aptation to changing environmental conditions, and the factors in- 
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volved in. the evolutionsry origin of chlorophyll-bearing and colorless 
flagellates. 

The extent of photoautotrophic and heteroautotrophic nutrition 
among the Protozoa is not yet known. At the present time, photoau¬ 
totrophic nutrition has been demonstrated in five species of Euglena 
and also in five chlorophyll-bearing Phytomonadida. The remaining 
orders of the plant-like flagellates have not yet been investigated, 
although the ^scovery of photoautotrophic species in these other 
groups may well be expected. However, the presence of chlorophyll 
does not always insure photoautotrophic nutrition. Information now 
available indicates that certain chlorophyll-bearing flagellates are in¬ 
capable of growth in inorganic media, as appears to be the case in 
Euglena deses and E. pisdformis. Hence, the loss of a primitive 
method of nutrition does not necessarily involve the disappearance 
of chlorophyll. 

The known instances of heteroautotrophic nutrition are even less 
numerous than those of photoautotrophic nutrition. Thus, the hetero¬ 
autotrophic natme of only one colorless ph 3 H;omonad, Polytoma ob- 
tumm, remains undisputed at present, while the present paper de¬ 
scribes the first instance of heteroautotrophic nutrition to be reported 
for the colorless Euglenida. The same method of nutrition has been 
reported also in Polytoma uveUa (Lwoff & Dusi 1938), another phy¬ 
tomonad, and in CMomonas ‘paramecium (Mast & Pace 1933), a 
colorless cryptomonad flagellate. However, contradictory accounts in 
the literature make it necessary to withhold judgement until further 
evidence is forthcoming. 

One of the striking features of the work on autoti’ophic nutrition is 
the frequent failure of investigators to obtain comparable results, even 
with the same species. Hence, the trophic nature of several colorless 
and chlorophyll-bearing flagellates is still in dispute. The occurrence 
of such differences in experimental results naturally suggests that the 
technical problems involved in such investigations are difficult ones. 
In the present study of Astasia, for example, the establishment of 
heteroautotrophic strains was complicated by problems involving in¬ 
hibitory effects of light on growth of a colorless organism, by problems 
involving oxygen tension, by a deficiency of iron in one medium, and 
by an apparent process of adaptation or acclimatization of the flagel¬ 
lates to a simple medium. It seems probable that similar difficulties 
may have been encountered by other workers and may have been re¬ 
sponsible in part for some of the conflicting results reported in the 
literature. 
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Another technical difiSculty in these investigations involves the 
method of inoculation followed in the serial-transfer technique. As 
pointed out in the description of material and methods, the growth of 
a strain must compensate for the dilution of organisms which occurs 
in the inoculation of every transfer. Otherwise, the rate of dilution 
will exceed the rate of multiplication and the strain can be carried for 
only a few successive transfers. If the dilution at inoculation is 1:10, 
as in the present work on Astasia, the growth rate (x/xo) in each trans¬ 
fer must involve, on the average, a ten-fold increase in number if the 
strain is to survive a series of successive transfers. On the other hand, 
certain investigators (e.gr., Lwoff & Dusi) have used inocula of one 
or two drops. Obviously, a one-drop inoculum would be diluted 
approximately 200 times when added to 10 cc. of culture medium; a 
two-drop inoculum, about 100 times. In the first case the strain 
must maintain a growth rate approximating 200 if it is to be carried 
for a number of transfers; with two-drop inocula, x/xo must approach 
100 under similar conditions. In the present investigation, the growth 
rate of heteroautotrophic strains of Astasia in tube cultures never ex¬ 
ceeded 30 for any transfer, and the average for all transfers was much 
lower. Consequently, with one-drop inocula instead of the iisual 
1.0 cc., only a few transfers mi^t have been possible, and negative 
rather than positive conclusions might have been reached concerning 
the heteroautotrophic nature of Astasia sp. It is possible, as sug¬ 
gested by the observations of Hall and Schoenbom (1939b) on Eu- 
glena, that a higher growth rate of Astasia mi gh t have been obtained 
with inocula smaller than 1.0 cc. Whether such a growth rate could 
approach x/x© values of 100 or 200 is problematical, however. At 
any rate, the results of Lwoff and Dusi (1938) must be reexamined 
on the basis of larger inocula, for the possibility remains that some or 
all of those species described as incapable of heteroautotrophic nu- 
ferition may actually grow very slowly in inorganic-nitrogen media, 
thus making serial transfers impossible when small inocula are used. 
This same criticism may also be applicable to the work of Fringsheim 
(1937a, b) since he states that a “Wuchsstoff” is necessary, at least 
with small inocula and repeated transfers in series. It seems possible, 
therefore, that future investigations may lead to revision of current 
views and that some of the other colorless flagellates may actually be 
comparable to Astasia in the ability to carry on heteroautotrophic nu¬ 
trition. 

The occTurence, in Astasia, of adaptation to simple media is sug¬ 
gested by the fact that it was possible to establish an autotrophic 
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strain in only one medium (DI) inoculated directly from a stock 
culture in peptone medium; yet two other media were found to sup¬ 
port growth of the heteroautotrophic strain from medium DI, although 
they were unsatisfactory for the flagellates from peptone medium. 

A similar adaptive process has been described in strains of Euglena 
gracilis, E. ambaena and E. deses when transferred to purely inorganic 
media (Hall & Schoenbom 1939c). In the present experiments witli 
E. gracilis, in which the media contained an organic carbon source in 
addition to the inorganic constituents, this same type of adaptation 
has been observed. These cases of adaptation in Euglena are char¬ 
acterized, during the first few transfers in new media, by a marked 
decrease in growth rate and by the appearance of many etiolated and 
moribund flagellates. It may be assumed that in our stock strains of 
Euglena only a small percentage of the flagellates is capable of photo- 
autotrophic nutrition or of becoming adapted to inorganic media; 
thus, when the strain is transferred into an inorganic medium it is 
only this small percentage which continues to live. These few flagel¬ 
lates remain green and healthy in appearance, and they continue to 
divide. However, their increase in number is overshadowed by the 
death of those flagellates incapable of growth in the new medium 
Finally, only the green autotrophic flagellates remain, and the growth 
rate apparently increases. 

Various other instances of adaptation, or acclimatization, have been 
reported for Protozoa as well as for bacteria. For example, some 
species may become acclimated to media of increased osmotic pres¬ 
sure and even to salinities equivalent to that of sea water (Loefer 
1939). Other examples involve adaptation to chemicals (e.g., Jollos 
1921), and to abnormally high temperatures (Dallinger 1907, cited 
by Calkins 1933). 

Such adaptations are open to two explanations. In the first place, 
it may be assumed that the environmental change induces a real 
physiological change in the organism, and that this physiological 
modification persists as long as the new conditions are mainta ined. 
Or, the process of adaptation may involve selection, within a 
strain, of those organisms capable of survival under the new 
conditions, while the rest of the organisms die. The available evi¬ 
dence indicates that the second explanation may be applicable to 
Euglena. The apparent absence of morphological changes in Astasia 
makes it impossible to conclude definitely that selection is involved in 
the instance d^cribed, althou^ it is obvious that selection migh t, 
occur without any morphological indications. Likewise, in the ab- 
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sence of any adequate evidence, the writer is unwilling to assume tiiat 
the establishment of a heteroautotrophic strain of Astasia involves the 
induction of a true change in metabolic nature. For the present, 
therefore, the mechanism involved in the apparent adaptation of 
Astasia to simple media must remain undetermined. 

In addition to the general interest attached to such phenomena, the 
occurrence of adaptations may aggravate technical difficulties in the 
work on protozoan nutrition. If such processes are operative in other 
flagellates as well as in Evglena and Astasia, they may help to explain 
some of the existing controversies in regard to the trophic nature of 
the plant-like flagellates. 

The establishment of photoautotrophic and heteroautotrophic strains 
of Protozoa makes possible for the first time a detailed consideration 
of the chemical requirements of these organisms. Such information 
is sadly lacking, and it is not yet possible to list with certainty the 
elements essential to metabolism and growth of any protozoon. The 
demonstration of photoautotrophic and heteroautoixophic nutrition 
thus represents the first basic step in the determination of such re¬ 
quirements. 

The use of analyzed reagents has already made it possible to grow 
Protozoa in media whose composition is definitely known, within the 
linoits of such analyses. On this basis, it is now possible to compile 
tentative lists of elements which should include all those essential to 
life of the plant-like flagellates. For example, medium DI, in which 
the original heteroautotrophic strain of Astasia was isolated, contains 
the followii^ elements: C, H, 0, N, P, K, Mg, S, Na and Cl in ap¬ 
preciable amounts, as well as traces of As, Cu, Fe, Mn, Ca, Pb, Zn and 
Ba. Two other media (D and DJ), which supported growth of the 
heteroautotrophic strain after it was once established, differ from 
medium DI in the following respects: As, Cu, Mn, Zn and Ba are not 
present as detectable traces in medium D and thus may not be neces¬ 
sary for Astasia; in medium DJ there is a trace of A1 but none of Ba. 
Such lists probably include all, or at least nearly all of the elements 
essential for growth of such organisms as Astasia. While it is not 
impossible that a few other elements, present as impurities in un¬ 
detected traces, may also be essential, this does not seem likely, mace 
the concentration of any such elements in the media probably would 
not exceed 1 x 10““ or 1 x 10““ grams per cubic centimeter. 

On the other hand, it is by no means certain that all of the elements 
included in these lists are essential to life of the plant-like flagellates. 
Some of them are obviously essential: for example, C, H, O and N, 
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as fundamaital constituents of protoplasm. It may also be assumed 
that Ca, Cl, Te, K, Mg, Na, P and S are probably essential, since all 
of these are more or less common in living cells. In addition, there 
is confirmatory evidence indicating that certain of these elements are 
essential. Magnesium, as a constituent of chlorophyll, is undoubtedly 
essential for the chlorophyll-bearing organisms, but this does not 
imply that the element is necessarily important in the metabolism of 
colorless flagellates. Hie essential nature of iron is suggested by 
some of the present observations on Astasia, and similar findmp have 
been reported for Polytoma obtusum (Lwoff 1930). A need for cal¬ 
cium has been demonstrated in Etiglena stellata (Dusi 1933b) and 
in the colorless phytomonad, Hyalogonium klebsii (Pringsheim 1937a). 
Manganese in low concentrations accelerates growth of Euglem ana- 
baem (Hall 1937b), but there is as yet no evidence that this element 
is essential to growth of colorless flagellates; observations on Astasia 
indicate that it is not essential, unless undectable traces are adequate 
for growth of this species. Sulphur appears to be essential to growth 
of the cr 3 rptomonad, CMlomoms ‘paramedum (Mast & Pace 1935). 
So far, however, there is no experimental evidence to suggest that Cl, 
K, Na or P are really essential to growth of the plant-like flagellates. 

Other elements, which are present in traces in the media used for 
Astasia, may or may not be essential to growth. No experimental 
evidence bearing on the significance of these elements is yet available. 

This brief discussion indicates the general lack of information con¬ 
cerning the qualitative chemical requirements of Protozoa. Here 
and there, fragmentary observations have indicated that certain ele¬ 
ments are essential, and there are clues to the physiological signifi¬ 
cance of particular elements in a few instances. However, knowledge 
of the qualitative requirements of any single species is still incomplete. 
Furthermore, practically nothing is known about the quantitative 
needs of Protozoa. Thus, optimal, minimal and maximal concentra¬ 
tions are yet to be determined for practically every element found in 
the media which support the different types of autotrophic nutrition. 

A more detailed body of knowledge concerning qualitative and 
quantitative chemical requirements is essential to further investiga¬ 
tions in various fields of protozoology. For example, the work on 
the vitamin, or “growth-factor,” requirements of Protozoa has been 
carried out with complete disregard for the underlying inorganic re¬ 
quirements of the species and in almost total ignorance of such re- 
quiremmts—^all this in spite of significant observations binting at com¬ 
plementary relationships between vitamins and inoi^anic elements 
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and suggesting the possible importance of certain elements in the 
synthesis of vitamins by the organism. In fact, it is not unreasonable 
to suspect that much of the work on protozoan growth-factors will 
have to be repeated after more nearly adequate knowledge of inor¬ 
ganic chemical requirements has been obtained. 

The accumulation of precise information concerning inorganic re¬ 
quirements furnishes the only sound basis for the extension of studies 
on simple methods of nutrition in Protozoa. It is obvious that no 
flagellate will grow in a simple medium which does not satisfy, both 
qualitatively and quantitatively, the chemical requirements of the 
species. Until more is known about such requirements, there will be 
many failures to establish organisms in the simpler types of media 
and the results will be interpreted as indicating a need for proteins or 
perhaps for speciflc vitamins, whereas the underlying factor may be 
a simple deficiency in an inorganic element. 

The demonstration of heteroautotrophic nutrition in flagellates 
was, in itself, surprising. But the very existence of heteroautotrophs 
suggests the interesting possibility that still simpler methods of nu¬ 
trition may be possible in the colorless plant-like flagellates. In 
other wor(k, it is not inconceivable that some of the colorless flagel¬ 
lates may actually be chemoautotrophic—^that is, capable of growth 
in purely inorganic media and of obtaining energy by the oxidation 
of inorganic compoimds alone. Mast and Pace (1933) have reported 
that such is true in ChUomonas ‘paramedum; however, Pringsheim 
(1935a) was unable to confirm this observation, and several other 
investigators have been unable to grow this form even in media con¬ 
taining an organic carbon source (e.g., acetate) in addition to the in¬ 
organic constituents. Thus, it is not certain that C. paramecium is 
actually chemoautotrophic. It is not illogical to speculate on tlie 
existence of this t 3 q>e of nutrition in colorless flagellates, however, 
since the nitrifying bacteria have been grown in inorganic media simi¬ 
lar to those which support the chlorophyll-bearing photoautotrophic 
flagellates. Certain of these bacteria oxidize ammonium salts as the 
source of energy and thus do not require organic compoimds or the 
energy of light. The heteroautotrophic flagellates utilize ammonium 
salts in media which, except for the presence of sodium acetate, are 
comparable to those supporting growth of the chemoautotrophic ni¬ 
trifying bacteria. Hence, it seems possible that, with the development 
of satisfactory inoi^anic media, growth of such flagellates may even 
be obtained in ihe absence of an organic carbon source such as acetate. 

The discovery of such a chemoautotroph among the flagellates 
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-trould be of interest not only as a contribution to general physiology 
but also in its bearing on the evolution of the flagellates. It is gener¬ 
ally assumed that the chlorophyll-bearing plant-like flagellates are the 
most primitive of the Protozoa, and that further evolution has in¬ 
volved the loss of chlorophyll accompanied by both physiological and 
moipholo^cal specialization. The demonstration of heteroautotrophic 
nutrition in several flagellates has already shown that nutrition may 
be simple in the absence of chlorophyll. Furthermore, loss of the 
ability to use inorganic nitrogen compounds has apparently occurred 
in certain chlorophyll-bearing flagellates (e.g., Euglem deses, E. pis- 
ciformis). Hence, the presence of chlorophyll is no guarantee &at 
nutrition is simple. The discovery of chemoautotrophic flagellates 
might even surest that chlorophyll represents an acquisition in the 
latar evolution of flagellates from primitive colorless ancestors. The 
desirability of searching for chemoautotrophs is obvious, but extreme 
caution must be exercised both in technique and in interpretation of 
experimental results. Successful results, if they are to be forthcoming 
at all, will depend upon more adequate information concerning the 
inorganic food requirements of Protozoa. 

SUMMARY 

It has been demonstrated that Astasia sp. is capable of heteroauto¬ 
trophic nutrition; that is, this flagellate grows in media containing 
inorganic nitrogen and organic carbon sources. The establishment of 
heteroautotrophic strains has been complicated by several factors: 
(1) li^t has been shown to have an inhibitory effect on growth of this 
colorless species; (2) a relationship has been observed between growth 
and the oxygen tension of certain media; (3) the importance of iron 
to growth of Astasia has been demonstrated; and (4) it appears that a 
process of adaptation takes place when this species is transferred from 
peptone stock cultures to simple media. The control organism, jBw- 
glena gracilis, grew in the same solutions and confirmation was ob¬ 
tained that a process of adaptation, involving selection, occurs when 
the stock strain of E. gracilis is transferred to such media. 
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OCCURRENCE AND SIGNIFICANCE OF 
SEMIQUINONE RADICALS 

By L. Michaelis 

From the Laboratories of the Rockefdler Instvtviefor Medical Research, New York 

STATEMENT OF THE PROBLEM 

This review may be best started by propounding a few theses, then 
proceeding to the methods available for experimental verification, 
and to the discussion of the theoretical basis available for the explana¬ 
tion of the facts, and finally to the implications of the results for the 
kinetics of oxidation-reduction. 

We may take as granted the definition of oxidation, as the detach¬ 
ment of one or more electrons. It depends on the particular properties 
of the substances involved whether or not the loss of the electron is 
accompanied by a simultaneous loss of a proton. If so, oxidation 
entails dehydrogenation. The essential thing in oxidation is the loss 
of the electron. In the same way, reduction is the acceptance of one 
or more electrons; which process is identical with hydrogenation only 
if the primary reaction product happens to be an acid of such strength 
as to add a proton under the prevailing conditions. 

This review is concerned with bivcderU oxidations and reductions. 
Thereby, we mean such processes in which not one, but two electrons 
are involved. Such bivalent oxidations or reductions are of the utmost 
importance in organic chemistry, because only for the case of bivalent 
oxidation can the constancy of valence of the elements C, H, O, N be 
maintained. Univalent oxidations produce free radicals. Such radi¬ 
cals have been known to exist for 40 years since Gomberg discovered 
triphenyl methyl. They are no longer considered as rarities. Yet, the 
number of free radicals capable of existence has been very considerably 
underrated indeed until a few years ago; the radicals known before 
were all, or practically all, of one particular type, namely those 
capable of existence when in the dissolved state, only in water-free 
organic solvents. That this property is not at all a general requisite 
for the existence of free organic radicals, will be shown in this review. 

The thesis I propose as a starting point for the review is this: 
every oxidation (or reduction) can proceed only in steps of univalerU 
oxidations (or reductions). 

The question as to whether any bivalent oxidation can occur at all 
in a single step I dare not answer with certainty. There is for the 

(39) 
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time being the alternative of two answers. Either one may concede 
the possibility of a bivalent oxidation in one single step, but has to 
attribute an extremely slow rate to such a reaction. Or one may say 
that a truly bivalent process in one step is the limiting case of more 
and more overlapping of two succesave univalent steps, and that the 
utmost limit of overlapping, which means the attainment of a de¬ 
cidedly single bivalent step, may never strictly be realized. 

The intermediate step in bivalent oxidation is a free radical, a 
molecular species with an odd number of electrons, designated by 
G. N. Lewis as an “odd molecule.” We shall show many cases in 
which a free radical can exist in a true, thermodynamical equilibrium 
with its oxidation and its reduction product and is, to the extent of its 
thermodynamically defined equilibrium concentration, not a fragile 
molecule, but just as stable in time as ordinary organic compounds. 
It should be stated with emphasis that all radicals, unless in the solid 
state, establish this equilibrium with unmeasurable speed, whereas the 
over-all bivalent oxidation or reduction of organic compounds is 
known to be in many cases a sluggish process, characterized by a high 
activation energy. Free radicals, in solution, can exist only in 
equilibrium with what we may call their two parent substances, and 
usually this equilibrium is quite in favor of the parent substances. 
This fact often makes the recognition of the radicals somewhat diffi - 
cult. It has been responsible for the rather astounding fact that the 
vast majority of those free radicals to be dealt with in this review, had 
not been known at aU only a few years ago. 

The equilibrium mentioned may be described as follows. In a 
bivalent oxidation-reduction system we may distinguish three different 
levels of oxidation. We have the reduced form, B; the intermediate 
(semi-oxidized) form S, which is a free radical, and the totally oxidized 
form, T. The overall process of the bivalent process may be written 

Et;!r + 2e 

where e is the electron. This process, if separated into two steps, is 

1 ) + i 

2) <S?:ir+ e 

The equilibrium is ruled by the reversible process 

E + r = 25 


The equilibrium constant therefore is 
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We shall refer to k as the radical formation constant, or semiquinone 
formation constant; and to its reciprocal, k, as the dismvtation constant 
because the process in the direction 

2/S B + r 

is adequately designated as dismutation (or disproportionation). 
(However, those dismutations previously studied are bivalent in 
either direction, such as the Cannizzaro reaction; they are all sluggish 
reactions.) 

A free radical may be capable of chemical reactions other than dis¬ 
mutation. In the first place, it may be capable of forming a valence 
saturated compound of double molecular size, or a dimer, Z). The 
equilibrium of the process 

2S:?tD 

is characterized by the dimerization constant q 



It should be emphasized that the process of dismutation always occurs 
with immeasurable speed, in the same way as does an ionization, 
whereas the dimerization often proceeds at a slower, measurable rate; 
for instance, the dimerization of triphenylmethyl, and the dissociation 
of hexaphenylethan into two radicals, is not at all instantaneous. The 
high speed of dismutation or its reversal is in striking contrast to the 
sluggishness of the majority of chemical reactions in organic chemistry, 
except for ionizations which also are instantaneous. 

In what follows we shall consider the existence of free radicals only 
to such an extent as compatible with thermodynamical equilibrium, 
and disregard entirely their existence in excess of equilibrium condi¬ 
tions. Eadicals can be produced by some artifices at a concentration 
by far exceeding their equilibrium conditions. In this case they 
usually have an extremely short life time. However, we shall never 
resort to any concentration of a radical in the dissolved state in excess 
of its equilibrium concentration. Even, as we shall proceed to kinetic 
considerations, we shall maintain this principle, and in dealing with 
kinetics, we shall never resort to conditions other than thermody¬ 
namically defined, or at least nearly defined, at each instance of time. 

All oxidation-reduction systems in which the radical formation 
constant is so large that an easily recognizable concentration of the 
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radical can be formed, are reversible. The reversed problem, as to 
whether all reversible 83 rstems are those with an appreciably high 
radical formation co3istant, will also be answered in the affirmative in 
the following discussions. The value of the radical formation con¬ 
stant k may vary greatly even for one substance at varied pH’s. The 
highest values of k encountered were about 1000. There is no definite 
lower limit, but the methods now available are not capable to dis¬ 
tinguish a constant < 0.01 from 0. This insensitivity of the methods 
has retarded the appreciation of free radicals for many years. 


METHODS FOR QUALITATIVE AND QUANTITATIVE 
DETERMINATION OF FREE RADICALS 

There are three methods available for the detection and quantita¬ 
tive estimations of free radicals: the potentiometric method which is 
the most powerful and most diversified of all; the measurement of 
magnetic susceptibility, which seems to have been the most convincing 
one for the sceptics among the organic chemists; and finally optical 
methods may be useful in suitable cases. Dr. Mfiller, in a special 
paper, will discuss a fourth method, the polarographic method. 


The Potentiometric Method 

In a reversible oxidation system the potential E at & noble metal 
electrode, for a univalent system (such as ferricyanide -|- ferrocyanide) 
varies during a reductive or oxidative titration as follows 


E-E^ 


[oxidized form] 
F [reduced form] 


= 0.06 logio 


% oxidation 
100-% ox. 


where is a constant, namely the potential in the midpoint of titra¬ 
tion, in volts, at 60% reduction; usually designated as the normal 
potential. The value of this constant may depend on pH. In this 
case, the normal potential at a given pH is designated by Clark as Eh. 
and the value of Eh holding for pH = 0 is designated as Eo. The 
value BT/F X logw e, at 30° C. is 0.06001, in what follows abbre¬ 
viated to 0.06 (e. g. in formrila 10). 

In a bivalent oxidation, provided there is no intermediate univalent 
step, the same formula holds replacing only the factor BTJF by 
RT12F. The definitions of E„, Eh, Eo, are the same as before. When 
the potential is plotted against the degree of oxidation, one obtains a 
sigmmd curve ssunmetiic around its midpoint at 60% oxidation. In 
order to accentuate this symmetry and hereby facilitate the mathe- 
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matical analysis to follow, we take as zero point of the abscissa of the 
titration curve, this midpoint, at 50% oxidation. So we co\mt the 
starting point of the titration as — 1 and the endpoint as -f !• This 
scale of the abscissa will be referred to as the (i-scale. In terms of it, 
the electrode equation of a bivalent oxidation without any intermediate 
steps is this: 


E-E^ 



1 + H 
1 - 


( 1 ) 


showing the symmetry of the potential around = 0. We shall show, 
that this shape of the equation is, though very often nearly, yet never 
perfectly obeyed, on account of an intermediate step occurring. 

On taking into consideration the formation of the intermediate 
radical also, the strict equation of the potential, as dependent on the 
degree of oxidation-reduction can be derived from the following set of 
equations: 

At any point of the titration we have 


r -|- 8 H-1 = o 


( 2 ) 


where r, s, t are the molar amounts of R, 8, T; and a that of the dye in 
all its forms. Furthermore, on performing the titration of the dye in 
its reduced form, R, with an oxidizing agent, we have 

s + 2t X (3) 


where x is the equivalent amount of the oxidizing agent added. 
Furthermore, the equilibrium of r, s, and t is determined by 



( 4 ) 


where k depends on pH, since 8, R, and T may change their state of 
acidic ionization with change of pH. 

These three equations (2, 3, 4) can be solved for r, s, and t in terms 
of o, X, and k. Having r, 8, and t, we put their values into the potential 
equation 

_ _ , RT, t „ , RT, s „ , RT, f 

E - E„t +—\n- = Ei+—hi- = Ea + -j-la- (5) 


where E„, Ex and Ei are constants such that always 

& = ( 8 ) 

By a suitable rearrangement, and using the [i/>scale instead of x, and 
defining 
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Y = 4k — 


4-i 

k 


( 7 ) 


the most useful form of the potential equation is obtained as follows: 


E-E„^ 


RT. 1 + v. 

— In- 

2F 1-v. 


2F “\/l + Y(l-ii*)- II 


( 8 ) 


showing S 3 rmmetry around (1 = 0. The semiquinone formation con¬ 
stant appears only in the second logarithmic term, and only in the 
form Y- As fc becomes very small, y becomes very large, and the 

second logarithmic term approaches the value so approaches 

zero. In practice it seems never to vanish entirely. 

An interesting singular case arises when fc = 4, and so y = 0 . 
Then the second logarithmic term becomes equal to the first, and we 
obtain, for & = 4: 


F 


l+y. 

1 - (4 


with the factor RTjF instead of BTI2F; as though it were a univalent 
oxidation. Since k for one particular dye stuff can be varied by varying 
pH, it is easy to make ft = 4 for many dyestuffs by a proper choice of 
pH. The occurrence of such a curve will never cause any confusion 
with a real univalent curve, because during the titration there appears 
the color of the intermediate radical. 

Figtieb 1 shows a family of curves for various values of ft. They 
have only one point of inflection, at (i = 0, when ft — 16. They have 
three points of inflection when ft > 16. The two lateral points of 
inflection lie at those two points where 

In order that this equation may have a physical significance, the value 
of (4 must lie between — 1 and + 1, This is the case only when ft > 16. 
For, if ft < 16, (4 is an im agina r y number; and when ft < 4, [4 is, 
although real, yet > 1, and has no phydcal rignificance. The result 
is that there can exist laieral poirUs of inflection only when ft > 16. 

The potential difference (always taken as a positive number) 
between (4 = 0 and (4 = i 0.5 (that is, between 60% oxidation, and 
dther 25% or 75% oxidation) will be designated as Et, the index 
potential. Its graphic evaluation from any experimental titration 
curve is an easy task ^ving valuable information before trying to 
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interpret the curve as a whole. From Et (in volts) it is easy to arrive 
at k, by the equation 

r- Rt Ri -lo 

( 10 ) 


^ I2 

..^ 0.06 ^ 

1 = LlO -3-10 J 



Fioubb 1. Two-step titration corves involving formation of semiquinone radical. The 
degree of oxidation, expressed in the ft scale: ft - 0 means 50 per cent of the total oxidation; 
ft «> 1 means 100 per cent of the total oxidation. Ordinates: JS-Emt the potential, referred to 
the mean normal potential Em, in volts. Each corve holds for the value of A: (semiquinone- 
formation constant) as indicated. 'White circile: that point of the titration curve where 
E El (the normal potential of the lower step). Black circle: that point where E ^^Et 
(the normal iK>t6nt{al of the higher step). The black and white circle in the center belongs 
to the curve for k 1; here Em, Eu and Et coincide at ft *• 0. White circles are on the left 
side for curves with h > 1; they are on the right side when h < 1. Both the white and the 
black circle in the curve for b » 0 b^ong actually to a curve for k Intermediate between 0 
and 0.1. When k is precisely 0, the drdes would lie at ft d: 1, and at i>otential :h 
The lateral points of inflection begin to appear only when k > 16. 

That point of the curve, where r = is of comse at (t = 0. Its 
potential is called the mean normal potential, That point where 
r a, may be called the normal potential of the lower step of oxida¬ 
tion, or Ei; where s — t, we have the normal potential of the higher 
step, Ei. When Ei < Em < E,, we speak of the ruOural order of the 
three normal potentials. It occurs whenever k > 1. When Ei > Em > 
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Es, we speak of the reversed order of the three normal potentials. It 
occurs when fc < 1. When k — l,Ei = Em = Et. 

The potential, during any one oxidative titration, starts from — »; 
at some point it equals Ei, at some other point it equals Em, at another 
Es, and finally reaches + «>. Em, of course, is the potential at (ji = 0. 
The potential equals Ei, when 


and it equals Et, when 


(1 = 


(1 = 


k-1 
2k+1 

k-1 
' 2k+ 1 


( 11 ) 


This shows, that for very large k the two pi-values are ± 0.5. In this 
case, the curve is entirely separated into two successive curves each 
for a univalent system. Furthermore it shows that for fc > 1 there is 
the natural order of the three normal potentials, and for fc < 1 the 
reversed order, as stated before. 

One of the most important problems is to calculate the maximum 
fraction of the dyestuff which can exist in the form of the semiquinone 
radical. It is easy to see that the maximum ratio of semiquinone to 
total dye, (sla ) ^.,. obtains in the midpoint of titration, where 
H == 0, when the dye is reduced to 50%. The following equation cor¬ 
relates this maximum with the semiquinone formation constant fc: 

= 2 +^ 

The following table correlates k with (s/a) 


k 

0.0001 

0.001 

0.01 

0.1 

1 

10 

100 

1,000 


(5/a)inax. 

= 0.0060 
= 0.0156 
= 0.0476 
= 0.137 
= 0.333 
= 0.61 
= 0.83 
= 0.95 
= 1.00 


Herefrom it can be seen that e. g. even for a fc as small as 0.001, still 
1 of the dye can exist as semiquinone. Now, the present methods 
are not able to distinguish a fc = 0.001 from a fc =* 0; not even a fc = 
0.01 can be safely distinguished from 0. Therefore, potentiometric 
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titration can reveal the existence of a semiquinone only when kia > 
0.01. Yet, the potentiometric method is at the present time the most 
sensitive one for the purpose. This is why semiquinone radicals have 
escaped observation until recently. 



Cc. (^uinone 


Figubb 2. Oxidative titration curve for a-oxyphenazine. The leuco-dye is titrated -with 
benzoquinone at pH » 1.00. Abscissa: quinone added. Ordinate: potential* in millivolts* 
referred to the normal hydrogen dectrode. Since JS. > 40 mv. (namely 75 znv.)* there are 
three points of inflection. 


Coming back for a moment to equation (9), concerned with the 
lateral points of iniection, it has been found that these lateral points 
exist only when k > 16. Since the index potential Et is correlated to 
k in the maimer expressed in equation (10), one may ask the question, 
what Ei corresponds to fc = 16? The answer is: 40 millivolts. Hence, 
there are no lateral points of inflection unless Ei > 40 mo. 

How these things look in practice, some diagrams will show. Figubbs 
2 and 3 show some individual potentiometric titration curves with two 
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more or less overlapping steps. For each dyestuff a set of such titra¬ 
tion experiments is performed, each at constant pH, showing various 
forms of the curve, from each of which the particular Ei can be read 
and the values of J?i, E2 and k can be computed. When these values, 
obtained from a set of experiments at varied pH, are plotted against 
pH, one obtains curves of which figxjees 4 to 7, and 10 are examples. 



FiGUBE 3 . Bedactlv6 titration curve for thionlne In 17.7 N HaSOi. The dye is titrated 
-with TiOla. Abscissa: TiGli added. Ordinate Potential in volts, referred to an arbitrary 
zero point. Since < 40 Cnamely 33 mv.), there is only one point of inflection. 

Each curve, in general, conasts of linear sections of various slopes, con¬ 
nected by slightly curved trandtion zones. Whenever there is a point 
of inflection it indicates that here the pH equals the pK (— log of an 
acidic ionization constant) of one of the molecular species involved. 
The following rules established by W. M. Clark may be applied for 
interpretation of these bends: 

1) All slopes which can occur in a univalent system (such as are 
represented by the Ei or the E, curves) are dther 0, or 0.06, or 0.12 or 
0.18 volt per pH unit. 



MICHAELIS: OCCURRENCE OF SEMIQUINONE RADICALS 49 


2) In a bivalent system (the Em curve) there may occur slopes of 0; 
0.03; 0.06; 0.09 volt per pH unit. 

3) Each single ionization constant changes the slope by 0.06 volt 
per pH unit, if the system is univalent (Ei and E 2 ); it changes the 
slope by 0.03 volt per pH unit, if the system is bivalent (Em). 



Figxtbb 4. The three normal potentials Ei, Em, Ei^ of pyocyanlne plotted against pH. 
Kh h;, Kr acidic ionization constants the oxidized, semiquinone, and reduced forms. 
(The abscissa is the corresponding pH). The slopes of the rectilinear parts are either 0, or 
0.03, or 0.06 or 0.12 vdts per pH unit. At the crossing point Ei » Em. ^ Et^ and the semi- 
quinone forxnatlon constant X; 1. To the left hereof, there is the natural order of the three 
normal potentials, and h > 1; to the right, there Is the reyersed order, and X: < 1. 

4) If the ionization constant belongs to the reduced form of the 
particular system, the bend contists in a flattening; if it belongs to 
the oxidized form, it consists in a steepening. 

In general it can be seen from these ^camples that strong separation 
of the steps, such that the natural order of the three normal potential 
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occurs, takes place for cationic semiquinones only in strongly acid 
solutions, for anionic semiquinones only in strongly alkaline solutions. 
Why this should be so will be discussed in a later section. 

There is another example of the same type, discovered quite recently, 
in which also the semiquinone formation constant largely depends on 
acidity. This is for thiazine dyes, such as thionine (figure 8). The 
range of acidity in which the separation into two steps becomes dis¬ 
tinct is so high that it can no longer be expressed in terms of pH, 
because here definition or measurement of pH breaks down; namely in 
10 to 26 N H2SO4. At any rate, figure 8 shows that the separation of 
the two steps becomes greater as acidity increases. For methylene 



blue (figure 9), there are two steps in strongly acid solutions too; the 
separation of the two steps is not sufficient even in 23 N H2SO4 to 
make any lateral points of inflection to appear. 

All this is valid provided the intermediate form is a free radical, 
which is a molecule of the same molecular size as either of the two 
parent substances. In order to prove that this is the case, one has 
only to carry out two titration experiments at the same conditions of 
pH, but with varied initial concentration of the dye. If the inter¬ 
mediate form is a radical, the curves must coincide (figure 11 , 12). 
If the intermediate form is a dimer the shape of the curve depends 
very largely on the initial concentration, because a bimolecular reac¬ 
tion is involved in establishing the equilibrium. The following 
FIGURES (13, 14, 15) show examples where the shape of the titration 




MICHAELIS: OCCURRENCE OF SEMIQVINONE RADICALS 51 


curve does depend on the concentration of the dye, indicating that the 
intermediate step of reduction is not, or not alone, the radical. On 
decreasing the concentration one may reach a concentration range in 
which the shape becomes independent of concentration. Within this 
range, the intermediate form is practically entirely represented by the 
radical. Here, the radical formation constant can be calculated. 



Fioubb 6 . The same, for phemanthrene quinone-S-solfonate. Here, the natural order of 
the three normal potentials is on the right hand side of the crossing point, the reversed order 
on the left hand side. 

Having this, the change of the curve at higher concentration allows to 
calculate the equilibrium constant of dimerization 

The best studied case in this respect is phenanthrenequinone sulfonate. 
In an solution, at high dilution much of the radical is formed 

during the reduction. At higher concentration, the dimeric form of 
the intermediate step is also formed. In an acid solution, the free 
radical is not, or scarcely at all, detectable, and at low concentration 
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no dimeric form is either. At higher concentration, much of the 
dimeric intermediate form is capable of existence, but not the free 
radical to any measurable extent. Figubes 16 and 17 show the per¬ 
centage at which the two intermediate forms can exist in maximo, one 
in an acid solution, the other in an alkaline solution. 



The Magnetometric Method 

Since in such oi^anic compotmds as we are considering here, atoms 
with incompleted inner shells never occur, it is safe to follow G. N. 
Lewis’ assumption that aU valence-saturated compounds, with an 
even number of electrons should be diamagnetic, and radicals, with 
one impaired electron, should be paramagnetic. In polyatomic 
organic molecules all orbital permanent magnetic moments are 
quenched, and paramagnetism can arise only from the spin of an 
unpaired electron. The paramagnetic susceptibility (disregarding the 
diamagnetism), according to van Vleck, should be, per mole of a free 
radical 

V - m^sjs+i) 

^ ZKT 
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Here ^ is the Bohr magneton, N is Avogadro’s number, K is Boltz¬ 
mann’s constant, T the absolute temperature, S the spin quantum 
number of the electron, always = for an ordinary radical with only 
one unpaired electron. This gives, at 20“ C. per mole of a radical a 
susceptibility of 1260 X 10““ units; and vice versa, the susceptibility 
obtained in a substance, even in the dissolved state, allows to calculate 



FzGimo 8. A family of reductive titration corves for thloniue, tn various solutions of 
H2SO4. Abscissa: Tltanous chloride added, in per cent of the total equivalent. Ordinate: 
Potential, for each single curve referred to its potential at 60% reduction. For the two 
highest ooncentrationv of HsSO«, the potentials in the second half of the curves overlap some¬ 
what with those of the Ti+'^/Ti'*^ system. All drawn out curves are graphic interpola¬ 
tions between such experimental points not affected by overlapping. 

Curves with an index potential < 40 mv. show one point of inflection, those with 
Ei > 40 mv. show three points of inflection. 

the concentration of the radical and to compare it with the value ob¬ 
tained by the potentiometric method. The difficulty, however, in 
doing so, is obvious. In a dilute solution, the diamagnetism of the 
solvent is very much greater than the paramagnetism of the radical in 
its high dilution. Furthermore it is scarcely possible to establish and 
to maintain any definitely known degree of reduction of a dye solution 
in the container of the magnetic balance. The case is much more 
difficult than for crystals and for systems not sensitive to oxygen, and 
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especially diflacult for the investigatioii of a solution, containing the 
paramagnetic substance in equilibrium with its diamagnetic parent 
substances. The difficulty was overcome in the following way. 

The quinonoid form of the dye, dissolved in a suitable solvent, is 
mixed with a slow-reducing agent, such as to stretch the period of 
reduction over one to two hours, and the change of magnetic suscepti¬ 
bility is measured during this period. The diamagnetism prevailing 
at the beginning will decrease in time and then drift back so as to 
attain a time-independent value, showing the development, and later 
the disappearance of a paramagnetic molecular species. This method 
shows dbrectly the increment of magnetic susceptibility due to the 
free radical at any instant, and the change of this increment in time. 
No correction for the diamagnetic susceptibility arises, since the 
change in diamagnetic susceptibility of the dyestuff due to reduction, 
and due to the oxidation of a properly chosen reducing agent, is 
perfectly negligible; a fact which makes unnecessary all corrections 
for diamagnetism according to Pascal. The paramagnetic increment 
at the time of its maximum can be compared with data obtained 
potentiometrically, since the maximum point corresponds to the half 
reduced state, and potentiometric methods allow to calculate the 
ratio of semiquinone to total dye in the half reduced state. 

So far, two slow-reducing agents, working in homogeneous solution 
have been found suitable. In alkaline solution, glucose can be used.^ 
According to its concentration and to pH, the rate of reduction can be 
properly controlled. In slightly acid solution, methylglyoxal, in 
presence of KCN as a catalyst, is a slow-acting reducing agent.^ The 
rate of reduction can be regulated by a suitable concentration of the 
catalyst CN”", 

Purely qualitatively the transient appearance of a radical during 
the reduction can be demonstrated by this method for many dyestuffs. 
The viologens, or phenanthrenequinone sulfonate (pigxtke 18) in 
alkaline solution are suitable examples. The latter substance, when 
being reduced in an acid solution, shows no change in magnetic sus¬ 
ceptibility, demonstrating that in this case the brown intermediate 
form of reduction is not a radical. In order to evaluate this method 
quantitatively one has to select a substance which easily forms the 
free radical, but never forms any dimerization product of the radical. 
Such a case is represented by dmoquinone, which has the desired 
properties due to its particular structural configuration, as will be 
shown later, 

1 Michadlu, I*., Boeikerj G. P., ^ Beber, B. Bl» Jour. -Am. Obem. Soc, 60: 202. 1938. 

^ Mteb a d Ss, L., Soaker, Q. P., & Suck, J. A. Jour. Am, Obem. Soc. 60: 214. 1988. 



MICHAELIS: OCCURRENCE OF SEMIQUINONE RADICALS 55 



'ffiQVsa 9. The same as FiaxrBx 8, for methylene blue. The index potentials. in the 
whole range of acidity covered by the experiments, never reaches 40 mv., hence there is 
always only one point of inflection. 
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The quantitative evaluation of the concentration of the radical of 
duroquinone in the half-reduced state by this magnetic method agrees 
very satisfactorily with that obtained potentiometrieally at the same 
pH (yiGUBE 19). The ratio of semiquinone to total dye at pH = 13.0 
was found to be 0.52, both magnetically and potentiometrieally. The 
magnetic method confirms the results of the potentiometric one. I 
believe that the reluctance of renowned organic chemists in accepting 
the idea of the existence of these radicals has been overcome only by 
these convincing magnetic measurements. Unfortunately, this 



BtaOTB 10. The thiee normal potentials of rlbofla^ plotted against pH. 

Only in e>:ttemely acid eolation, there is the natural order of the three nonnal potentials. 


method is not sensitive enough, and requires the concurrence of many 
suitable properties of the substance, so it cannot compete with the 
potentiometric method in general practical applicability. 


Optical Methods 

All semiquinone radicals are strongly colored. Since they are, when 
in solution, in equilibrium with the quinonoid form of the dye and the 
leucodye the strong color of the quinonoid form may more or less 
overshadow the color of the radical according to the ratio of concen¬ 
trations existing in this equilibrium state. Ji the overlapping of the 
steps is not too great, the pure color of the radical appears in a suitable 
stage of reduction. In quite a number of cases, e. g. for several qui- 
nones, for aromatic diamines, for the viologens, and for the system 
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benzil-benzome, the quinonoid form is so lightly colored that the 
intensely colored radical is easily visible even in high dilution. Most 
radicals exhibit a distinct set of sharp absorption bands. However, 
as yet, it is impossible to infer from the absorption spectrum whether 
or not it represents a free radical. 

Examples of absorption spectra of some semiquinone radicals are 
shown in fioubxs 19 and 20. 


*200 



Figubb 11. A case where the potential is independent of the initial oonoentration of the 
dye showing that the intermediate form is a free radical. Solvent; 0.05 M Hd + 0.1 M KOI 
solntion. Leuco-a-oz 3 i>henazine at pH 1.38 is titrated with Quinone. The two steps are 
wld^y separated, and only the first step of the oxidation is ^own in this diagram. The first 
titration is represented by the circles. After flnitdifag the experiment, the solution was 
diluted with the above solvent to a three-fold volume, the dye re-reduced by Hs -f palladium, 
the hydrogen expelled with Ns, and the titration with quinone was repeated. It famished 
the points marked with squares. The drawn out line is the one calculated for a univalent 
oxidation (electronnumbern « 1). 

Sometimes, a colorimetric method can be used in identifying a 
colored substance as a free radical. A good example is this. On 
oxiditing benzil, CJBj • CO ■ CHOH • CeHs, to benrine CJ3s • CO • 
CO * C,Hs, an intense purple color arises as an intermediate step of 
the oxidation, provided one works in strongly alkaline solution. By 
colorimetrically measuring the amount of colored material on varying 
only the volume of the solvent, it was fotmd that this amoimt is 
independent of the volume.* This is possible only if the intermediate 

* MHchaelia, li.) is Fetdier, E. 8. Jour. Am. Ohem. Soc. 59:1246. 1937. 
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substance has the same molecular size as each parent substance, and 
no dimeric compound is formed. This shows that the purple substance 
is the free radical, which may be written, preliminarily, CeHs • CO • 
COH • CeHs, with one tervalent C atom, with reservation as to 
discuss this formula presently once more. 



Fiqxtbb 12 . Another case where the shape of the titration curve Is independent of the 
initial concentration of the dye, indicating that the intermediate form in a ftee radical. 
Beductive tdtration of thlonine in 17.8 N H 3 SO 4 . 

THE THEORY OF RESONANCE 

Emphasizing once more that the equilibrium between a radical and 
its products of dismutation is always instantaneously established, one 
cannot expect any appreciable concentration of a radical in the dis¬ 
solved state except for the case that the radical is comparable in sta¬ 
bility with its parent substances. In the crystalline state, this need 
not be so. Whether or not the free radical can be prepared in the 
solid state from such a solution, depends on solubility properties. 
There is a sufficient number of cases where a solid radical, exhibiting 
the full expected paramagnetic solubility, can be prepared. The fact 
that such an occurrence is relatively rare, is due to the tendency of 
most of the radicals to dimerize when present in high concentration. 
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The solid state is certainly the highest concentration of the substance 
obtainable. Only such radicals with no tendency of dimerization can 
be expected to exist in the crystalline state as free radicals. We shall 
discuss later what kind of structure is favorable to the prevention of 
dimerization. 

First of all, however, it should be discussed, what kind of structure 
is favorable to a high stability of a radical. The answer is: stability 
is favored by equivalent resonance of a special tjrpe, which may be 
designated as the semiquinone resonance. 

By equivalent resonance, we understand resonance between two 
(or more) limiting structures which are equivalent. We have to con¬ 
sider two quite different types of equivalent resonance in dyestuffs. 
One type occurs in the regular, quinonoid forms of the dyestuffs. It 
may be illustrated by an example. Phenolindophenol (I), in alkaline 
solution, has the structure II. 



This formula II can be shifted to Il-a, differing from II only by the 
orientation of the molecTile, as a whole, in space. Electrons only need 
be shifted, while the nuclei are kept in their place. In II, the left hand 
oxygen is negatively charged, the left hand ring is benzenoid, the right 
hand ring is quinonoid. In Il-a, the mirror image structure for II, 
right and left is exchanged, but except for orientation in space, it is 
indistinguishable from II itself. Consequently, the energy content 
of II is the same as that of its mirror image, Il-a, therefore there will 
be a resonance structure, to which these two limiting structures will 
contribute an equal share. The real structure cannot be expressed by 
any single formula. Since each limiting structure contributes an 
equal share, we have the most favorable condition for stabiliring the 
molecule by resonance. In I, resonance is no longer equivalent. 
Shifting electrons does not produce the mirror image of I, but a struc¬ 
ture such as III which has less probability of existence than I; reso¬ 
nance between I and III is not equivalent, but more in favor of I. The 
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in 

stabili 2 dng effect of non-equivalent resonance is usually smaller than 
that of an equivalent one. It is characteristic of the resonance in 
quinonoid dyestuffs that there is an ambiguity as to which of two 
(or more) rings is quinonoid, and which is benzenoid. This ambiguity 
makes the “quinonoid” dyestuffs very much more stable than the 
ample quinones themselves, hamng only one ring of definitely quino¬ 
noid structure. 

These very perfimctory remarks on the quinonoid dyestuffs have to 
suffice, and we proceed now to the other type of symmetric resonance 
as exhibited by the semiquinone radicals. Again, an example will 
illustrate the matter. Para-phenylene-diamine (IV) can be oxidized 


:NHj .NH NH 



:NHj :NH, NH 

IV V VI 


by a umvalent oxidation to the free radical V, and by a bivalent oxida¬ 
tion to the quinonoid structure VT, quinone diimine. The radical V 
is under a certain condition much more stable than the HiimiTia This 
condition is that it should be in a moderately acid solution. In this 
case, it attaches a proton and now has the structure VII. This is in 
equivalent resonance with VIII. Beade this pair of limitiTig struc¬ 
tures, other pairs of structures with equivalent resonance may be 
unagmed, by placing the odd electron somewhere else. One such pair 
of such structures is IX and X. VTI and VIII are benzenoid, IX and 



(+) 

vn Yin E X 
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FiGiTBa 13. Titration curves for phenanthrene quinozie-S-^ulfoiiate at pH 4.6, with varied 
initial conoentrations of the dye-stuff. Abscissa is the amount oxidizing agent added, in 
equivalents, such that 2.0 is the same as 100% of the total oxidation. 

The limiting curve for Inllziltely low concentration shows an Ei almost indistinguishable 
from 14.3, indicating that the intermediate form does not exist to any appreciable percentage 
in very low concentration and that the Intermediate form such as e^dsts in higher conoentta- 
tions is the dimer, not the free radical. 
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Fiqtibe 14. The s ame as sioubb 13, at iiS 12.2. Here the WmiiiTig cnrve for faflwitAiy low 
ccmoentralioa has aa index potential of 48 mv. indicating that there Is a free radical In 
higher concentration, the radical is in equHibriom with a dimer. 









Fxoubb 15. Titration corros for lactoflavine (rlboflavine) for different initial concentFa- 
tions of the dye. 
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X resemble a quinonoid structure. This is why these radicals deserve 
the name “semiquinones.” There are several more pairs of equivalent 
structures, by placing the odd electron at some other C atom than in 
IX or X; they are of less importance and may be neglected. So, this 
radical, in an acid solution, has every chance of being a rather stable 
compound. But in an alkaline solution (formula Y) this chance is 
lost, and in fact, the radical cannot be shown to exist at all. 

The stability of the radicals of the type VII, called Wurster’s dyes, 
is even increased by methylating the amino groups. This is the more 



log A 

Fiotibe 16. The maxtmnTn ratio of sezniQUinome to total dye» (s/a), and the 
ratio at which the dye can exist in the dlxneric Intermediate form (2d/a), plotted against the 
log of the total concentration of the dye. Conditions the as in xranBE 13. 

remarkable as the stability of the corresponding diimines is diminished 
by methylation, in contrast. 

It is important to insert at this point what is meant by a pair of 
equivalent structures. Let us take such a diamine with partially and 
unsymmetrically substituted amino groups, such as XI. Its radical, 
in acid solution, would be XII in resonance with XIII. XII and XIII 
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(+)NH, 

1 
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A, 

A 

Y 

Y 
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are not entirely equivalent. Why should the resonance be so efficient 
in stabilizing this radical? How, the exchange of electrons resulting in 
resonance stretches only from one N across the conjugated double 
bonds of the ring to the other N atom, but not outside this region. So, 
it is of little importance whether the atoms attached to the two N 
atoms are all alike or not, provided there are two atoms attached aiallto 
each N atom, in addition to the attachment at the ring. The claim for 
equivalence in structure for two limiting structures between which 
resonance takes place, is restricted to the spacial region of the reso¬ 
nance. In fact, the radical XII is a very stable one. 



Those electrons which are exchanged in this type of resonance are 
all in a state in which their wave-function is not spherical-symmetric; 
they are x electrons. For this reason, resonance can take place only 
if there is one de&iite spacial arrangement: the ring, the two N atoms, 
and all atoms attached to the two N atoms, must lie in one plane. 
Even a small deviation from a coplanar structure is liable to decrease 
the stability to a great extent. In the types of semiquinone radicals 
just now described, there is no hindrance for such a coplanar arrange¬ 
ment. In certain cases, where there is such a hindrance, the stability 
of the radical is, in fact, enormously decreased. Two examples may 
be shown. If in the radical XII, one H atom of the ring is substituted 
by a methyl group in ortho position to NHj, it scarcely influences the 
stability. If the CH» group, however, is ortho to the N(CH»)s group, 
the radical is very unstable. The voluminous methyl group displaces 
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the N(CHj)» group, also bemg very voluminous, from its coplanar 
location. Furthermore, when all four H atoms in the ring are sub¬ 
stituted by CH*, but the two NHs groups are unsubstituted, a stable 
radical can be obtained. When, however, some or all H atoms of the 
NH 2 groups are also substituted by CHj, no radical exists at all, due 
to steiic hindrance with respect to the possibility of a coplanar ar¬ 
rangement. 



Fioxtbs] 18. Oh&nge of magnetic sosceptibOlty in time, for an alkaline solution of phenan- 
tliceneHiiiinano-3-80]fonate, after addition of glucose. Tliree experiments with different 
oonoentrations of the dye. 

CLASSIFICATION OF SEMIQUINONES 

So many semiquinone radicals have been found that it would not be 
feadble to enumerate them all. Only the varioiis classes will be 
briefly mentioned. In the following list the structure of the parent 
substance from which the radical is derived by a univalent step of 
either oxidation or, in other cases, reduction, will be ^ven. The one 
of the two parent substances will be mentioned which is easiest to 
obtain as dmable chemical preparation. 

Semiquinones can be obtained by: 

1) Oxidation of aromatic diamines in slightly add solution (I), 
liie four R’s may be different from each other, and may be H, or 
alkyl, or phenyl groups, or even CHjCOOH. 
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2) Reduction of suitable paraquinones in alkaline solution. The 
best example is duroquinone (II). (In benzoquinone, secondary re¬ 
actions occur in alkaline solution giving rise to complicated secondary 
reactions.) The whole class of anthraquinone compounds may be 
included in this group (Il-a). 



Fioxtbb 19. Obange of znagnetic susceptibility in time, for an aJkaJlne solution of duro- 
auinone, three experiments with Taried concentration of the dye, and concentration of ^ucose 
adapted so as to stretch the period of reduction to 60 minutes approximately. 



3) Reduction of suitable orthoquinones, such as phenanthrenequi- 
none sulfonate (UI) and a-naphthoquinone sulfonate. 


O 



m 


4) Reduction of phenazine (IV) in acid solution. Also many 
derivatives of phenazines, e. g. 2-oxy-phenazine; 2 osy-12-methyl- 
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phenasaium (pyocyanin); 3, 8-diammo-9-methyl-phenazine (neutral 
red, in very add solution); 3, 8-diamino-12-phenylpliena2inium 
(safranine (V) in very add solution) and many others; also rosindulin 
GG (VI) is related to this group. 



5) Reduction of flavin dyestuffs, especially also lactoflavin (ribo¬ 
flavin, vitamin B*) (VII). 

O 



CH,(CHOH)rf3HjOH 


6) Reduction of indamines and indophenols of suitable structure, 
e. g. phenol blue (VIII). 

X) 

7) Reduction of thiadnes, such as thionine and methylene blue 
(IX), in very stroi^ly add solution. 
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8) Reduction of benzoine (X) in alkaline solution. 

OrrO - 

0 o 



Figubs 20 . Absorption spectra of various Wurster’s dyes, obtained by nnlTOlent oxida¬ 
tion of the aromatic diamines as indicated, all in slightiy add solution. Abscissa: ^ve 
length in m/i. Ordinates: molar eictinction coefficient. Notice the bathochromlc effect of 
snbstitation in the amino group. 

9) Reduction of N, N' dialkyl y dipyridilium salts (viologens). 


THE PROBLEM OF DIMERIZATION 

The occurrence of dimerization, or the dissociation of a large mole¬ 
cule consisting of two asymmetrical moieties, into two radicals, has 
been known for a longer time than the dismutation. The first known 
case was Gomberg^s discovery that hexaphenylethane can dissociate 
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into two electroneutral triphenylmethyl radicals, although only in 
quite water-free, non-polar, organic solvents. The dismutation of 
this radical is more difficult to accomplish than in the water-soluble 
semiquinone radicals. 

It is quite natural that the dimerization of two radicals so as to 
form a valence saturated, diamagnetic compound is rather general. 
However, the constant of this eqxiilibrium varies very widely. Since 



myU. 

Figubx 21 . Another series of absorption spectra of Winster*s dyes, riiowing that sabsti- 
tations at the zing have no bathochromic effect bat a quite different influence on the pattern 
of the bands. 

dimerization is a bimolecular reaction, its degree depends largely on 
the concentration. A great many of the radicals have so slight a 
tendency for dimerization that in ordinary concentrations, such as are 
used in potentiometrical or optical methods, dimerization is entirely 
unnoticeable. It is especially interesting that dimerization is much 
smaller in such a state of ionization when equivalent resonance pre¬ 
vails, than in a state where resonance is non-equivalent. So, for 
instance, in phenanthrenequinone sulfonate, in alkaline solution, 
where the radical has the structure I with equivalent resonance, 
dimerization begins to become noticeable only in Mgher concentration, 
whereas in a<dd solution, where there is no equivalent resonance (II), 
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in low concentration no intermediate form to any safely measurable 
extent is formed, whereas in higher concentration the intermediate 
form does appear, yet entirely as a dimeric compound. 

O 0 




Concerning the structure of the dimeric forms, it may vary according 
to constitution. When there is a “bivalent N atom,” the dimeric will 
be often of the hydrazine type 



However, when there is a univalent oxygen atom, the analogous 
peroxide structure is probably never formed. Here something quite 
different happens. The radical intermediate between quinone and 
hydroquinone dimerizes, although only in the solid state, to the well 
known quinhydrone, an intensely colored, diamagnetic substance. 
It has certainly not the peroxide structure I, and its real structure 



has been very much discussed. There is, however, a good reason to 
assume a structure resembling very much that proposed by Will- 
staetter many years ago, which in more modem language may be 
interpreted as follows. There is one molecule of hydroquinone and 


O-H--0 0--H—O 



O-H-0 


O-.-H—O 
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one molecule of quinone (Il-a), linked by what may seem to be a two¬ 
fold hydrogen bond. It is, however, not a regular hydrogen bond. An 
ordinary hydrogen bond may be considered as a shared proton. Here, 
however, a full H atom is shared (rather two H atoms are shared). 
That is to say, the structure Ila is in resonance with another, lib, in 
which the hydroquinone and the quinone trade places. In order that 
this bond may be formed, compatible with permissible valence angles 
and atomic Stances, the two rings must lie fiat upon each other. 
Evidence for this assumption is the fact that duroquinone -|- durohy- 
droquinone (different from the others only by four CHj groups sub¬ 
stituting the four H atoms at the ong) do not form any quinhydrone; 
they cannot lie close enough upon each other, due to steric hin^ance.^ 

The Role of the Semiquinones in the Kinetics of Oxidation-Reduction 

During the last years, in all classes of the more familiar reversible 
oxidizable and reducible organic compounds, all being dyestuffs or at 
least colored substances, the formation of a semiquinone radical, even 
in aqueous solution, to a well measurable amount has been demon¬ 
strated. Quite recently we succeeded in showing the existence of the 
radical also for thiazines, such as methylene blue, which presented 
special technical diflSiculties. Now we may justly assert that radicals 
have been shown to exist in ail the more familiar classes of reversible 
bivalent oxidation-reduction sjrstems. In irreverable ssrstems, such as 
alcohol-aldehyde, no intermediate radical has been demonstrated to 
exist in equilibrium with its parent substances, at least not to an 
analyzable amount. We can conclude herefrom, that the semiquinone 
formation constant must not be too small if the system should behave 
as a reversible one. Any bivalent oxidation must and can proceed 
only in univalent steps. Provided the radical foimation constant is 
not too small, it does not matter how large it is; it may be 1000 or 
0.01; the concentration of the radical during oxidation-reduction in 
this ease is not the limiting factor for the rate of reaction. If, however, 
this constant becomes too small, the concentration of the radical may 
become the limiting factor of the rate, and then the process will be 
sluggish. In this case, the energy of formation of the intermediate 
radical is so high that its formation represents the essential part of the 
activation energy of the bivalent oxidation. When, in neutral or acid 
solution, alcohol is to be oxidized, the potential range of the oxidizing 
agent must be potitive enou^ to form the radical; and if aldehyde is 

4 Mchadto, L., Sdmbeit. M. V., BeUr, B. B., JSmSk, 3. A.. A OnaUk, S. Jour. Am. 
Cbem. Soc. 60: 1678 1938. 
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to be reduced, the potential range of the reducing agent must be nega¬ 
tive enough to form the radical. The difference of the potential range 
of that oxidizing agent just strong enough to oxidize alcohol at a 
measurable speed, and that of the reducing agent just strong enough 
to reduce aldehyde with a measurable speed, is the difference between 
what Conant and Fieser have called the apparent oxidation potential 
of alcohol, and the apparent reduction potential of aldehyde. In a 
reversible system, both coincide, in other words, there is no over¬ 
voltage either in reduction or in oxidation. The role of a catalyst, or 
a respiratory enzyme, is to diminish the energy necessary to form the 
intermediate radical. For this purpose, the catalyst should be able to 
form a compound with the substrate in which the equilibrium between 
the oxidized form of the substrate, the reduced form, and the inter¬ 
mediate radical, is more in favor of the radical than in the uncombined 
substrate itself. Although this idea still needs further experimental 
support, it has in any case the advantage of reducing a problem of 
kinetics to one of thermodynamics. 
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QUANTUM MECHANICAL BASIS OF THE 
STABILITY OF FREE RADICALS 

By G. W. WhbiiAktd 

From the Department of Chemietry, Vnisereity of Chicago, Chicago, IlUnois 

Ever ance the discovery of triphenylmethyl by Gomberg ia 1900,^ 
chemists have tried to find a satisfactory explanation of why, in this 
and a few other similar cases, a carbon atom should be content to 
remain trivalent, when it could be tetravalent just as well as not. 
Of the various explanations that have been proposed, there are only 
two that I wish now to say anything about. Tlie first of these involves 
the idea of steric hindrance. The phenyl groups are comparatively 
large, and it is entirely posrible that two triphenylmethyl radicals are 
prevented by their geometrical requirements from coming close 
enough together to form a strong bond. What little experimental 
evidence there is suggests that such an explanation is probably correct 
to a certmn extent, but that it is insufficient to account for more than 
a part of the stability of the radical. For example, Bent‘ has esti¬ 
mated, from the heat of hydrogenation of hexapbenylethane to tri- 
phenylmethane, that the central carbon-carbon bond m the former 
has been weakened by these steric factors, as compared with the cor¬ 
responding bond in ethane, to the extent of perhaps 30 kg. cal. per 
mole. This is an appreciable effect, but it is only a fraction of the 
total strength of the carbon-carbon bond in ethane, which is about 
70-100 kg. cal. per mole. Apparently, then, there must be some 
additional factor involved, which is largely responsible for the relative 
stability of the triphenylmethyl radical. The same conclusion ia 
suggested by the further fact that hexa-p-biphenylethane is much 
more highly dissociated than hexapbenylethane, although it is difficult 
to see how the steric effects of the p-biphenyl and the phenyl groups 
could be very different. 

The second explanation that has been offered for the stability of free 
radicals is the one which I especially wish to discuss here. It is based 
upon a concept which has been attracting more and more attention 
during the last ten years and is now coming to be recognized as an 
important addition to the classical structural theory. I refer, of 
course, to the idea which is known in this country chiefly as resonance, 
and in Ei^jland chiefly as mesomerism. I sludl use only the word 

1 Ooniberir, Jour. Am. Ohem. Soc. 22:757. 1900. 

* Bent, H. E., is Culhbertson, Q. B. Jour. Am. Obem. Soc. 58:170. 1036. 

(77) 
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resonance, although I do not wish to imply thereby that mesomerism 
is not just as satisfactory a name for the phenomenon. Strictly 
speaking, resonance is a quantum mechanical effect, and a complete 
understanding of it implies some knowledge of quantum mechanics. 
This need not cause alarm, however, to those who lack either the 
time or the Inclination to master that particular branch of mathe- 
maiical physics. After all, the valence bond itself is also, in the last 
anal 3 ^, a quantum mechanical effect, but most of its important 
properties were well known and understood long before quantum 
mechanics had ever been heard of. Just as in the case of the valence 
bond, resonance can be talked about in non-mathematical language, 
and its qualitative features are not difficult to understand. As a matter 
of fact, much of the theory of resonance had already been anticipated 
by the organic chemists several years before its quantum mechanical 
basis was recognized.® 

The modification that resonance introduces into the classical 
structural theory can be expressed quite simply. Whenever, for a 
gjven molecule, it is possible to write two or more structures which 
correspond to the same relative positions of all the nuclei but which 
differ in the disposition of the valence electrons, then the true struc¬ 
ture cannot be any of these but must be of an intermediate or hybrid 
type. The molecule is then said to resonate among the various 
structures involved. Since there is frequently some misconception as 
to what is meant by the statement that a molecule is intermediate 
between, say, two structures, I wish now to digress for a short time 
and to discuss a specific example in some detail. I will take the case 
of benzene, tince it is especiaUy simple and since it is of importance 
for what follows. This molecule resonates principally between the 
two Kekuld structures, A and B, so that its structure is, in a sense. 
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» For review artides by the three leading proponents, see Azndt, P. Ber. 63: 2963. 1930. 
I^old, C. E. Jour. Chem. Soc. 1B33: 1120; Ohem. Bev. 15: 225. 1934. Bobinson, B. 
**Outline of an Blectrodtienilcal (Blectronlc) Theory of the Course of Organic Beactions." 
Inst. Ohem. Great Britain and Ireland, London. 1982. 
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intermediate between A and B. That does not mean that some of the 
molecules have structure A and the rest have structure B, nor does it 
mean that any given molecule spends part of its time in structure A 
and the rest in structure B. If such were the case, there would then 
be no diffeience between resonance and tautomerism. The correct 
statement is that all the molecules have the same structure, and that 
any given molecule keeps this one structure all the time, but that this 
structure is intermediate between A and B. At first sight, it seems 
impossible to visualize a structure of this sort. Actually it is impos¬ 
sible to represent such a structure by use of the conventional S3rmbols. 
However, it must be remembered that these symbols are purely 
conventional, and that they are in no sense pictorial representations 
of what the molecules in question really look like. Instead they are 
merely short-hand abbreviations which correspond to more or less 
definite motions of the electrons and of the nuclei and to more or less 
definite average distributions of electric charge. When we say, then, 
that benzene has a structure intermediate between A and B, we mean 
that the actual motions of the various particles and the actual average 
distribution of charge is intermediate between the motions and dis¬ 
tributions that correspond to the structures A and B. 

So much for what resonance is. Let us now consider what its 
effect is upon the properties of the molecules in which it occurs. 
There are quite a number of these effects, which involve both the 
physical and the chemical properties, but there is only one that I 
want to say much about. This is the effect upon the stability—^that 
is, upon the energy-content—of the molecule. It follows from the 
basic principles of quantum mechanics, and it has been verified 
experimentally in numerous cases,^ that, when a molecule resonates 
among two or more structures, it is more stable than any one of those 
structures alone. For example, to return to the case of benzene, we 
can predict the energy content of a Kekul4 structure with the use of 
the so-called bond energies. It has been found empirically that a 
bond of a given type makes a fairly constant contribution to the 
energy content of any molecule in which it occurs. There are, of 
course, deviations from this rule, but tiiey are small compared with 
the resonance effects that we are now discusdng. The energy of a 
Kekul4 structure is then the sum of three times the energy of a carbon- 
carbon tingle bond, plus three times the energy of a carbon-carbon 
double bond, plus tix times the energy of a carbon-hydrogen bond. 

* A survey Is given by Pauling, L. "Nature of the Chemical Bond". Cornell TJnlv. 
Press, Ithaca. N. Y. Chap. 4. 19S9. 
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Tbe actual energy of benzene, however, which can he determined 
from its heat of combustion in conjimction with other thermochemical 
data, is lower than this quantity by some 35-40 kg. cal. per mole. 
A more accurate estimate of the resonance effect is probably to be 
gained from a consideration of the heats of hydrogenation.* It has 
been found that the heat of hydro^nation of an olefine is practically 
constant, provided that the compounds to be compared with each 
other have the same degree of substitution in the neighborhood of the 
double bond. Moreover, it has also been found that the heat of 
hydrogenation of a substance with more than one double bond is 
equal to the sum of the heats characteristic of the individual bonds, 
provided that these can be considered not to interact with each other 
through resonance. For a Kekul4 structure of benzene, then, the heat 
of hydrogenation would be just three times that of eyclohexene. The 
actual heat of hydrogenation of benzene, however, is lower than this 
figure by 36 kg. cal. per mole. This difference between the observed 
energy content and that anticipated for one of the resonating struc> 
tures is called the resonance energy. As is clear from this example, the 
resonance energy can be of quite appreciable magnitude, although in 
other cases it may be comparatively small. 

We are now in position to consider in a qualitative way the explana¬ 
tion of the stability of free radicals which is presented by the theory of 
resonance.® It will be convenient to consider first the especially 
simple case of dibenzyl. Actually this substance shows no tendency 
under ordinary conditions to dissociate into two benzyl radicals, but 
the same reasoning that applies in the case of hexaphenylethane sug¬ 
gests that here too the central carbon-carbon bond shoidd be materi¬ 
ally weakened, in comparison with the correspondiag bond in ethane. 
It is not known definitely how much energy is required to dissociate 
ethane into two methyl radicals, but a value of somewhere between 
70 and 100 kg. cal. per mole seems to be indicated by various sorts of 
data. As a first approximation we might consider that the same 
amount of energy would be required to dissociate dibenzyl into two 
benzyl radicals. However, in this case, the energy contents both of 
the undissociated molecule and of the resulting free radicals are 
modified by the occurrence of resonance, and so there are further 
factors to be considered that did not arise with ethane. In dibenzyl, 
each of the phenyl groups resonates between the two Kekul5 struc¬ 
tures, and the total resonance energy is just twice that of benzene, 

• Conaai, J. B., ft XisSakoviky, O. B. Chem. Bev. SO: 181. 1037. 

• FKIiI]ii|,L.,ft WlieIuid,O.W. Jour. 01 iem.Pli 7 s. 1:362. 1988. 
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or some 70-80 kg. cal. per mole. Each of the free benzyl radicals also 
resonates between the two Kekuld structures, C and D, so that, if 
this were the whole story, the total resonance energy of the products 
of dissociation would be just the same as that of the undissociated 
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dibenzyl. Resonance would then have no effect upon the extent of 
dissociation. A benzyl radical, however, has several further possi¬ 
bilities for resonance, which do not occur in dibenzyl. Thus, resonance 
in the radical involves not only the two Eekuld structures, in which the 
free valence is upon the methyl carbon atom, but also three additional 
structures, E, F, and G, in which the free valence is, respectively, upon 
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the one para and the two ortho positions. Resonance with these 
further structures increases the resonance energy, so that the total 
resonance energy of a benzyl radical is greater than that of benzene. 

From this reasoning, we conclude that the dissociation of dibenzyl 
into free radicals is accompanied by an increase in resonance energy. 
Since the effect of such resonance energy is always to stabilize the 
system in which it occurs, we conclude further that the resonance 
promotes the dissociation by stabilizing the radicals to a greater 
extent than the undissociated molecule. 

The mtuadon is quite dmilar with hexaphenylethane. The undis¬ 
sociated molecule in this case has six phenyl groups, so that its reso- 
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nance energy is just six times that of benzene. Each triphenylmethyl 
radical has three phenyl groups, so that its resonance energy would be 
just three times that of benzene, if resonance were restricted to the 
Kekul4 structures of the type H in which the free valence is on the 
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methyl carbon atom. Under such circumstances, the resonance 
would, as before, have no effect upon the extent of dissociation. 
Actually, however, resonance cannot be restricted to these structures 
but occurs also with quite a numb^ of others of the type I, in which 
the free valence is upon one of the para or ortho carbon atoms of one 
of the rings. In the same way as with dibenzyl, it can be shown that 
the effect of resonance with these additional structures is again to 
promote dissociation into free radicals. Moreov^, it can be shown 
that this effect is greater than with dibenzyl. If the r^onance were 
restricted to those structures in which the free valence is either upon 
the methyl carbon atom or upon one of the para or ortho carbon 
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atoms of some particular benzene ring, the situation would be essen¬ 
tially the same as with dibenzyl and the extent of dissociation would 
also be the same (except for the effect of the steric factors that were 
mentioned at the outset). Since no such restriction is possible, how¬ 
ever, resonance occurs also with structures in which the free valence 
is in one of the two remaining rings, and this additional resonance 
stabilizes the radical still further. 

The foregoing qualitative discussion makes it clear that, from a 
consideration of the possibilities for resonance, we could expect the 
extent of dissociation of an ethane to increase with the number of 
phenyl substituents. This is, of course, in agreement with the experi¬ 
mental facts, but before we can be sure that resonance provides a 
satisfactory explanation of these facts, we need to assure ourselves 
that its effect is not only in the right direction but also of the right 
order of magnitude. The central carbon-carbon bond has been 
weakened in passing from ethane to hexaphenylethane to such an 
extent that the energy required to break it is decreased from about 
70-100 kg. cal. per mole to only about 10 kg. cal. per mole. Of this 
decrease of 60-90 kg. cal. per mole, the steric factor apparently ac¬ 
counts for about 30, so that resonance must account for a further 
30-60 kg. cal. per mole if it is to be a satisfactory explanation of the 
facts. Fortunately, it has been possible in several cases to carry through 
an approximately quantitative calculation of the resonance energies of 
the undissociated molecules and of the free radicals, and the results 
have been in satisfactory agreement with experiment. We can, 
accordingly, feel fairly confident that we now understand the two 
most important of the factors that are responsible for the stability of 
the free radicals of the triphenylmethyl type. There are doubtless a 
number of small effects which cause small differences in stability and 
which are still unrecognized, but steric hindrance and resonance, 
between them, account for practically all of the observed weakening 
of the bond in hexaphenylethane. 

In the space that remains, I want to say something about the more 
quantitative methods that have been used in estimating the effect of 
resonance upon the stability of free radicals. Anything approaching 
a rigorous solution of the quantum mechanical problem is entirely out 
of the question on account of its extraordinary mathematical com¬ 
plexity. Consequently, it is necessary to introduce a number of 
approximations and simplifying assumptions if any progress at all is 
to be made. There are two different methods that have been used 
for this purpose, and these differ condderably in the nature of the 
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approxiioatioiis and assumptions upon which they are based. How¬ 
ever, they also have certain rather fundamental similarities and, as a 
matter of fact, they lead to nearly identical answers to most of the 
problems to which they have been applied. 

One of these methods, the so-called molecular orbital method,^ I do 
not intend to say much about. My reason for neglecting it is not 
that it is uninteresting or unimportant, nor even that its mathematical 
complesties are too difficult to be discussed here. As a matter of 
fact, it is just as interesting and just as important as the second 
method, and its mathematical development is considerably simpler. 
However, it does not make explicit use of the concept of a valence- 
bond structure, and, consequently, its relationship to the qualitative 
discusaon that I have just given is not at all apparent. 

The second of the two approximate methods, the so-called valence- 
bond method,' is the one that I wish to discuss. As its name implies, 
it does make explicit use of the structural concept, and, for that reason, 
it can be somewhat more ea^y grasped by those who have a chemical, 
especially an organic chemical background. I shall have to commence 
by making a few general remarks about the basic principles of quan¬ 
tum mechanics. The quantum mechanical description of any atom, 
molecule, or other similar system is contained in what is called the 
eigenfunction of the system. TMs eigenfunction is a more or less ordi¬ 
nary mathematical fimction of the spatial coordinates of all the parti¬ 
cles of which the system is composed. There are also parameters that 
refer to the spins of the particles as well, but we need not worry about 
these here. The eigenfunction, for example, that describes a hydrogen 
atom in its ground state is Eomply e~", where e is the logarithmic base, 
2.718 " ‘; a is a constant, given in terms of the natural mathematical 
and ph 3 rsical constants like x, h, and so on; and r is the distance be¬ 
tween the proton and the electron. In the general case, the eigen¬ 
functions are much more complicated, and, for even such a simple 
molecule as ff*, several pages would be required to write out in detail 
the best available approximation to the fimction. The dgenfunctions 
are obtainable, in principle, by solving a certain partial differential 
equation known as the Schrddinger equation, or the wave equation, 
but this can be done, in practice, in only a few especially simple cases. 
Usually, the best that one can do is to obtain an approximate eigen¬ 
function by the use of approximate methods of solution. Before dis- 
custing these approximate methods, I want to say something about 

7 For the applicatioii of this method to the question of dissociation into free radicals, see 
Hnckel, E. Zeits. f. Physik. 83; 632. 1983. 
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the significance of the eigenfunction, that is, about the way in which 
it is related to the state of the atom or molecule that it describes. 
Without going into all the details, I shall mention only the fact that, 
if one knows the eigenfunction for any system, he can then calculate 
by straightforward, although often very complicated mathematical 
methods, the niimeiical value (or, at any rate, the average niunerical 
value) of any property of the system that can be measured experi¬ 
mentally. In particular, from a knowledge of the eigenfunction of a 
molecule, one can calculate its energy. Of more interest to us is the 
fact that from a knowledge of an approximate eigenfunction, one can 
calculate an approximate value of its energy. The closer the approxi¬ 
mate eigenfunction is to the correct one, the closer, of course, the 
approximate enei^ is to the correct one. 

Now let us consider the method for setting up an approximate 
eigenfunction for a molecule like benzene. There is a definite pro¬ 
cedure, due originally to Slater,® by which we can set up an approx¬ 
imate eigenfunction for either one of the two Kekul4 structures, or, in 
general, for any valence-bond structure of any molecule. Such a 
function is not perfect, of course, but there is reason to believe that it 
is fairly good, or that, at any rate, it is good enough for our present 
purposes. I do not wish to go into the exact mathematical form of 
Slater’s functions, because they are quite complex and are of no im¬ 
mediate interest to us here. However, I shall designate the approxi¬ 
mate eigenfunctions of the Kekul4 structures A and B by the ssrmbols 
ifii and i|iB, respectively. Neither nor tpa is an accurate representa¬ 
tion of benzene, and so it seems natural to try a more general fimction 
of the form $ = + hipa. where o and b are numerical constants. 

We can now choose the values of a and b in such a way that $ becomes 
the best possible eigenfunction for benzene that can be expressed in 
the form under consideration. Whenever an approximate eigen¬ 
function is obtained in this way by making a linear combination of 
approximate eigenfimctions characteristic of two or more valence- 
bond structures, the molecule is then said to resonate among the 
structures involved. This is accordingly, the quantiun mechanical 
bads of the theory of resonance, which I discussed a short time ago 
from a purely qualitative point of view. 

The question still remains as to how the best posdble values of the 
numerical coefficients are to be determined. It turns out to be eader 
to calculate directly the energy which corresponds to these best 

• Slater, J. C. Pliya. Bey. 88:1100. 1031. 

See also, Kimball, G. E., 6 Eyxixig, H. Jofir. Am. Chem. Soc. 64:3876. 1932. 
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values, once that is tiie quantity that is of interest to us. The method 
for doing this is to solve an algebraic equation, known as the secular 
equation. With the introduction of certmn further amplifications 
and approtimations which I do not wish to discuss here, this secular 
equation for the case of resonance between the two Kekuld structures 
of benzene is found to be of the form 

W ie+l.-lT 

= 0 . 

\w Q + l«-W 

Q and a are two definite integrals, defined in terms of the functions 
<I|ji and and W is the approximate energy of the molecule. On 
solving this for W, we find 17 = ^ + 2.4a or W = Q. It may seem 
strange that there are two roots, giving two different values of the 
energy. The explanation is that one root gives the energy of the 
molecule in its ground state, and the other gives the energy in an 
excited state of only spectroscopic interest. In order to interpret 
this result, we need to know the values of the integrals Q and a. We 
could evaluate them numerically by actually carrying out the inte¬ 
grations, but that would involve a great deal of work. Moreover, 
there is some reason to doubt that the integration would provide very 
useful values, because there is considerable uncertainty in regard to 
the precise form of the functions that appear in the integrands. We 
shall, accordingly, use a more empirical procedure. If the molecule 
were considered not to resonate between the structures A and B but 
to have structure A alone, the secular determinant would contist of 
only the upper left-hand comer of the one above. Tins would give 
I Q 3/2a — W|=0orW = Q-l- 3/2a. Similarly, if the molecule 
had structure B alone, the secular determinant would consist of only 
the lower right-hand comer and would become | Q -H 3/2a — W] = 0. 
Thus again, TF = Q + 3/2a, in accordance with the fact that the two 
Kekuld stractures, being equivalent, must have the same energy. 
Thus we see that, while the energy of a Kekuld structure is Q H- 1.6a, 
resonance between the two stmctures changes the energy to either 
Q + 2.4a or Q. The difference, either — 0.9a or 1.5a, is then equal to 
the resonance energy, which we have already found to be about 36 kg. 
cal. per mole. Thus a must be either about — 40 kg. cal. per mole or 
else about 24 kg. cal. per mole. Since integrals of the type of a are 
usually found on numerical integration to be negative in tign, we shall 
assume that the value of — 40 kg. cal. per mole is the correct one. 
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The difference between the normal and the excited states of benzene is 
thus — 2.4a or 96 kg. cal. per mole. This corresponds to a wave¬ 
length of a little less than 3000 1., which is indeed in the re^on of the 
ultraviolet absorption spectrum of benzene. (I might add that a more 
detailed calculation of the present type, which considers resonance 
with other structures than the Kekuld structures, gives a resonance 
energy of — 1.1a instead of — 0.9a. This gives a = — 33 kg. cal. 
per mole. To the same approximation, the first excitation energy is 

— 2.6a or 86 kg. cal. per mole, so that the calculated position of 
absorption is about the same as before.) 

The single result for benzene alone is of little interest unless some 
independent check is obtained for the value derived for the integral a. 
The value of — 33 or — 40 kg. cal. per mole is quite a reasonable 
one and is entirely in line with the values obtiuned by actual integra¬ 
tion for similar integrals that occur in the treatment of other molecules. 
The fact that the calculation is in fair agreement with the spectro¬ 
scopic data is also a gratif 3 dng confirmation of the value obtained for 
a. The most conclusive evidence that the calculation is significant 
and reliable, however, is provided by similar calculations that have 
been made for a number of further aromatic molecules. I need not 
go into the details of these additional calculations, since the general 
principles involved are the same in all cases. For naphthalene, for 
example, the calculated resonance energy* is — 2.0a. Comparison 
with the observed value of 75 kg. cal, i)er mole gives a = — 37.5 kg. 
cal. per mole, in satisfactory agreement with the value found to apply 
in the case of benzene. The extreme range in the values of a obtained 
from all the aromatic hydrocarbons treated so far is only from about 

— 33 to about — 40 kg. cal. per mole.^® This is a remarkably close 
agreement in view of the extreme crudity of the calculations. 

The application of this method of calculation to the problem of the 
stability of the free radicals should now be apparent. We have to 
calculate the resonance energy of the imdissodated ethane and also 
that of the two free radicals formed from it. The difference between 
these quantities is then a measure of the extent to which the dissocia¬ 
tion is promoted by the resonance. In dibenzyl, for example, we find 
a total resonance energy of — 1.8a. which is, of course, just twice that 
of benzene. (It is to be noticed that we have returned to the cruder 
approximation of considering resonance only among the various 
Kekul6 structures, so that the resonance energy of benzene is only 


•S]ieimaa.J. Jonr. Ohem. Phy*. 2:488. 1984. 

»'WlMland, G. W. Jotir. Ohem. Phys. 2: 474. 1034. 
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— 0.9a and not — 1.1a.) To the same approximalion, we find the 
resonance energy of one benzyl radical to be — 1.4a, so that that of the 
two together is — 2.8a. Thus the resonance favors the dissociation 
into radicals to the extent of — 1.0a, or about 35-40 kg. cal. per mole. 
Since there is no reason to expect the steiic factor to be anything like 
as important here as with hexaphenylethane, this effect is much too 
small to permit an easy rupture of the central carbon-carbon bond in 
dibenzyl. 

In hexaphenylethane, the treatment is similar. The resonance 
energy of the undissociated molecule is here just six times that of 
benzene, or — 5.4a, while the total resonance energy of two triphenyl- 
methyl radicals is — 7.6a. The resonance thus promotes the dis¬ 
sociation by — 2.2a, or some 77-88 kg. cal. per mole. This is rather 
larger than the 30-60 kg. cal. per mole that are required in order to 
account for the experimental data. The crudity of the calculation is 
doubtless partially responsible for the discrepancy, but a more signifi¬ 
cant factor is probably to be found in the fact that the resonance is 
partially inhibited by a steric effect that has been recognized by 
Michaelis with other kinds of free radicals.^^ The quinoid structures 
(of type I above) in which the free valence is located on an ortho or 
para potition in one of the tings, require that the radical be entirely 
coplanar. Such a geometrical arrangement, however, cannot be 
achieved without bringing the ortho hydrogen atoms of the benzene 
rings impossibly close together. Consequently, since the radical is 
necessarily non-coplanar, some, at any rate, of the quinoid structures 
are made considerably less stable than they would otherwise be. As a 
result of this, the resonance is partially inhibited, and the resonance 
energy is correspondingly decreased. The calculation, which makes 
no allowance for such a steric effect, must, therefore, lead to too great 
a difference between the resonance energy of the ethane and that of the 
radicals, and so to too great a dissociation of the ethane. In any case, 
whether the proposed explanation of the discrepancy is the correct one 
or not, it is gratifying that the calculated resonance effect is of the 
right order of magnitude, and neither too large nor too small by some 
very large factor, as it might well have been. 

A further gratifying feature of the calculation is that it accounts 
not only for the dissociation of hexaphenylethane but also for the 
relative effectiveness of the various aryl groups. The results can be 
presented most easily in tabular form. In the first column of the 
following table are listed the names of the radicals formed by dissocia- 

« BB elwd to, In, Schubert, BL g., ft Granlck, g. Joar. Am. Oham. Soa 61:1981. 1989. 
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tion of the ethane; in the second are the differences in resonance 
energy between the ethanes and the corresponding pairs of radicals; 


Table 1’» 


Radical 

Valence-Bond 

Molecular Orbital 


Method 

Method 

Phenylmethyl (Benzyl) 

-1.02a 

-1 44i8 

jS-Naphtliylmetliyl 

-1.26a 

-1 49/3 

p-Biphenylmethyl 

-1.29a 

-1 51i8 

a-Naphthylmethyl 

-1.50a 

-1 620 

Fiuoryl 

-1 60a 

-2 69/5 

Diphenylmethyl 

— 1 68a 

-2 60^ 

Phenylfluoryl 

-2.15a 

-3.67/5 

Triphenylmethyl 

-2 22a 

-3 590 

/S-Naph^yldiphenylmethyl 

-2 34a 


p-Biphenyldiphenylmethyl 

-2.35a 

-3.64/5 

Di-p-biphenylphenylmethyl 

-2.47a 

-3.68/5 

tf-N aphthyl^phenylmethyl 

-2.48a 

-3.71/8 

Tri-p-biphenylmethyl 

-2 58a 

-3 72/5 

in the third are the same differences, as calculated 

by the molecular 


orbital, instead of by the valence-bond method. (The quantity ^ is 
again an integral, of a type more or less analogous to a, which comes 
into the treatment in a similar way. It also is negative in sign, but 
somewhat smaller in magnitude than a.) It will be noted first that 
the two methods of calculation give identical orders of increasing 
dissociation, except for the cases involving the fiuoryl radical, which 
will he discussed later. A second point of interest is that the calcu¬ 
lated effect of resonance increases with the number of aryl substitu¬ 
ents, as does also the observed extent of dissociation of the ethane. 
And finally, the calculations reproduce the empirical order: a-naphthyl 
> p-biphenyl > ^-naphthyl > phenyl, where the symbol > may be 
read “is more effective in promoting dissociation than.” The dis¬ 
crepancy in the case of the fl.uoryl compounds is, of course, due to 
errors introduced into the calculations by their crudely approximate 
nature. It is not possible to say with much assurance which method of 
calcTilation is the more nearly correct in this case. At first s^t, the 
valence-bond method seems better, tince it ^ves numerical results in 
^reement with the observed order of dissociation, while the molecular 
orbital method apparently inverts the order whmi the fluotyl com¬ 
pounds are compared with the corresponding diphenyl compotmds. 
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However, there is evidence** to show that the steric factor alone is 
more than sufiELcient to account for the observed difference in dis¬ 
sociation between hexaphenylethane and diphenyldifluoryl, so that 
the resonance effect, which is all that is calculated here, may after all 
be greater in the latter case than in the former. That such a steric 
difference should exist is, moreover, quite reasonable since there can 
be no question that a fluoryl group occupies less space than a diphenyl- 
methyl group does. 

So far, I have talked about only hydrocarbon free radicals, but the 
present theory is not restricted to them, at any rate, as far as its 
qualitative aspects are concerned. It can indeed be extended to 
cover radicals of practically all other types. The dissociation of 
tetraphenylhydrazine, for example, is analogous to that of tetra- 
phenylethane. The reason why the dissociation proceeds to a greater 
extent in the former case than it does in the latter is to be found, at 
least partially, in the fact that less energy is required to break a 
single bond between two nitrogen atoms than is required to break one 
between two carbon atoms. The existence of compounds in which 
oxygen, sulfur, or some other element exhibits an anomolous valence 
can also be interpreted dmilariy in a great many cases with the use of 
the resonance concept. Unfortunately, however, it is impossible to 
carry the treatments of any of the non-hydrocarbonfree radicals beyond 
the qualitative stage, because, up to the present time, the approximate 
quantitative calculations have not been extended to these more 
general types of radical. 

The foregoing discussion should be sufficient to show the importance 
of the role played by resonance in coimection with the stability of 
free radicals. There are, however, some aspects of the problem that 
still remain to be solved. Alkyl groups, for example, often have a 
marked effect upon the extent of dissociation, whether present as a 
substituent in an aromatic ring** or attached directly to one of the 
ethane carbon atoms.** It is perhaps not impossible that these may 
be involved in resonance in some way that is not understood at 
present, or that their effect is of some purely electrostatic nature. 
In a number of cases, they may weaken the ethane linkage by in¬ 
creasing the mutual steric repulsion of the substituted methyl radicals. 
It is evident, then, that, while we have a good picture of the broad 
outlines of the problem, much more work is necessary before all the 
detMls will ha ve been filled in. 

xBent, H. E., & Cline, 1, E. Jour. Am. Ohem. Soe. 68:1624. 1086. 

» Boj, M. F., & IXuvel, C. 8. Jonr. Am. Ohem. Soc. W: 2622. 1087. 

u Conaot, 7. B. Jonr. Ohem. Ph^. 1:427. 1083. 



APPLICATION OF THE DROPPING MERCURY 
ELECTRODE FOR THE DETECTION OF 
INTERMEDIATE RADICALS* 

Bt Otto H, Mth^LEB 

From iihe Department cjf Svrgery of The New York Hospital and 
Cornell VnwersUy Medical CMege, New York City 

INTRODUCTION 

Two-step reductions of some metallic ions have been known for a 
long time in polarographic work with the dropping mercury electrode. 
For example, the reduction of chromic ions was found to take place in 
two unequal steps which were separated by about 600 mv. and, 
therefore, easily visible.*' * The first step required one electron for 
the reduction of trivalent chronoic to the stable, divalent chromous 
ion. The second step, which was twice as high, required two electrons 
for the reduction of the divalent chromous ion to metallic chromium. 
There is no polarographic evidence that this latter step can similarly 
be broken up into two components, and it becomes necessary to assume 
that, if it exists at all, the monovalent chromium ion must be extreme¬ 
ly imstable. The polarographic curve of the reduction of chromic 
ions thus serves as a good example of the two extremes in stability 
of the intermediates in a reduction. 

Of the many organic compounds which are reversibly reduced and 
oxidized, involving a change of two electrons, a special group may be 
selected in which the intermediate radicals, which have been called 
semiquinones, become stable enough in solutions of suitable pH to 
permit studies which may be dther colorimetric, magnetometric, 
potentiometric, or polarographic. It is this group of compounds 
which will be discussed in this paper. 

When MfiUer and Baumberger* first found that reversible organic 
oxidation-reduction systems could be studied at the dropping mercury 
electrode and that their half-wave potentials in well-buffered solutions 
were identical with the established Eo' values of these compounds, 
they concluded that it should also be possible to determine semiqui¬ 
nones polarographicaUy. The oidy compound available to them for 
such an investigation was Bosinduline GG. This showed the expected 

*■ Supported by a grant from the John and Mary B. MarUe Foundation. 

1 Bemassienx, M., & Heyxorsk;^, J. Jour. Obim. Pbya. 26:219. 1929. 

^Pxajsler, J. Collection OzechosloT. Ohem. Oommun. 3: 406. 1931. 

s MtiUer, O. H., ft Baumberger, J. Trans. Blectrochem. Soc. 71:18l. 1937. 

(91) 



92 


ANNALS NEW YORK ACADEMY OF SCIENCES 


two-step reduction,* but the demonstration was not very convincing 
because of interference by a number of other polarographic waves 
which were, no doubt, due to impurities. Fortunately, it has been 
posable to continue this work through the kindness of Dr. L. Michaelis 
of the Rockefeller Institute for Medical Research in New York City 
who supplied numerous samples of other semiquinone-forming com¬ 
pounds of highest purity which had been prepared and studied in 
detail in bis laboratory. For this and for many valuable suggestions, 
I wish to express my thanks to Dr. Michaelis. 

The polarographic curves obtained in the present investigation have 
been free from complications and verify the concluaons reached by 
Miiller and Baumberger.* It has been possible to apply to the polaro¬ 
graphic curves modifications of the equations developed by Michaelis 
and associates*'® in their potentiometric studies of semiquinones. 
Minor discrepancies exist, as will be pointed out, but, on the whole, a 
satisfactory agreement between polarographic and potentiometric 
results is found, showing the feasibility of applying the dropping 
mercury electrode to the detection of intermediate radicals. While 
the polarographic method is less accurate at present thsin the potentio¬ 
metric method, it may nevertheless be useful on account of the speed 
with which preliminary studies for orientation may be carried out. 
The polarographic method has a definite advantage over other methods 
in the fact that it is still applicable in studies where the potentials fall 
into the over-voltage range and in studies of partially reversible 
systems. 

THE POLARCXj^RAPHIC METHOD 

It is impossible to give more than a short sketch of Hesurovsk^’s 
polarographic method, which is relatively unknown despite the fact 
that it ori^ated in 1922. For additional information see the mono¬ 
graphs and reviews of Heyrovsky,®* ^ Semerano,® Hohn,® Kolthoff and 
lingane,*® and Miiller.*** “ 


*Midiaelis, L. Trans, Slectrochem, Soc. 71:107. 1987. 
s Mlehaelis, L., & Sdmbert, M. P. Oham. Bev. 22: 437. 1938. 

« Heyrovsk^, J. “Physlkalische Methoden der analytischen Chemle.'* Yol. 2. edited 
by W. Bottger. Alcad. Verl. Ges. Leipzig. 1936. 

7 Heyrovsk^, J. **Physlkalische Methoden der analytisdien Ohemle." Yol. 3. edited 
by W. Bdttger. Akad. Yerl. Ges. Leipzig. 1939. 

• Semerano, G. *'11 polarografo. sna teoria e appUcazionL** 2nd ed. Draghi, Padoya. 
1933. 

• Hohn, H. “Anleitang fOr die chemisehe LaboratoriumspraziB.’* Yol. 8. edited by 
E. Zlntl. Julios Springer, Berlin. 1987. 

KoUhoff, 1. M«, ^ Lfngaae, J. J. Chem. Bev, 24: 1 . 1989. 
n Manor, O, H. Chem. Bev. 24: 96. 1939. 

IS MOUer, O. H, C(dd Spring Harbor Symposia. Quant, Biol. 7: 59. 1989. 
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One might say that the polarographic method is something between 
a potentiometric and an electrolytic method. In the poteniiomeirie 
method, the potential of an electrode in solution is measured in a 
manner that avoids, as much as is possible, the flow of any current so 
that the composition of the solution will not be altered. Analyses are 
carried out by titrations, the progress of which is indicated by the 
electrode potentials. In the electrolytic method, usually the wanted 
component of the solution is deposited exclusively on a suitable 
electrode for further analysis by applying the proper electromotive 
force across the cell. Here a decrease in the current indicates the 
progress of the electrolysis. In the polarographic method, a potential 
is applied which causes a reaction at an electrode with a very small but 
well defined and reproducible surface. The electrolysis is never 
carried to completion and the solution remains essentially unaltered; 
the observed current is a function of the concentration of the reacting 
material and serves for quantitative anal 3 ^; the potential of the 
electrode can be calculated from the applied voltage and the IR drop 
in the circuit, and is used for qualitative analyses. 

The most satisfactory electrode meeting these requirements is the 
dropping mercury electrode. The utmost in reproducibility is ob¬ 
tained because every few seconds a new electrode, exactly like the 
previous, grows into the solution. Each presents a fresh surface but 
such a small one that only a minute fraction of the electroactive 
material can be oxidized or reduced during its lifetime. If this elec¬ 
trode is placed in series with a potentiometer and galvanometer and a 
large unpolarizable reference electrode of known potential, the current 
flowing at different applied voltages can be measured. Plotting the 
observed currents against the applied voltages, one obtains a curve 
which has been called a polarogram when it is obtained automatically 
by means of a machine, the polarograph. If an electrode reaction 
occurs, “S "-shaped waves appear on these polarograms with a measur¬ 
able height and a well definable point of inflection. Under suitable 
conditions, the former is proportional to the concentration of the 
reacting material and serves for quantitative determinations, while 
the latter is a constant, characteristic for each reacting substance, and 
corresponds to an applied potential which serves for qualitative 
determinations. 

For purposes of quantitative analyses, effects due to migration and 
absorption are eliminated, and the reacting material reaches the elec¬ 
trode surface only by simple diffumon in a gradient which is created by 
the removal of the material at the electrode. The current obtained 
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when this gradient is TnainTnn.1 has been called diffusion current and is 
the only type of current which will be considered in this paper. It is 
limited by the quantity of material which can reach the surface of the 
mercury drop during its existence. Ilkovic” has derived an equation 
for this diffusion current which has been verified experimentally: 

(1) la = 0.627 nFD^i^C 

Here n is the number of electrons involved in the reduction or oxida¬ 
tion of one molecule of the reacting substance, F is the Faraday, D is 
the diffusion constant of the reacting substance, C is the concentration 
of the reacting substance in the body of the solution, m is the weight of 
mercury flowing from the capillary per second, and t is the drop time 
(the latter two quantities must be measured at the same potential at 
which the diffusion current is determined). 

Of course, the diffusion current carmot be obtained until the applied 
voltage is sufficiently negative in the case of an electro-reduction and 
sufficiently positive in the case of an electro-oxidation. If that condi¬ 
tion is not fulfilled, dther no current or only a fraction of the total 
diffution current will flow. When the current has reached a value 
which is one-half that of the diffusion current, one-half of all the re¬ 
acting material at the electrode surface has reacted; if the end-product 
is stable it will remain at that electrode surface long enough to produce 
a condition in which oxidant and reductant are in equal concentra¬ 
tions. This condition prevails, of course, only in that very thin layer 
of solution which is in inunediate contact with the mercury surface 
and which will henceforth be called the interface. The current- 
voltage curve has a point of inflection at this point of half-diffudon 
current and the corresponding potential has been called “half-wave 
potential.”** It is necessary to emphasize, however, that the polaro- 
graphic curves are not current-potential curves, but that they are 
cxaient-voUage curves. However, the applied voltage which is plotted 
can easily be converted to applied potential if the resistance of the 
system is known, by the simple formula: 

(2) S = F - IE 

in which E is the potential of the dropping mercury dectrode, F is 
the applied electromotive force, I is the current, and R is the resistance 
of the circuit. The factor IR can be neglected only when it approaches 
the limit of error of polarographic measurements which is 3-10 mv. 

laiQcoTiS, D. Collection Czechodov. Ohenu Commim. 6: 498. 1934. 

Heyiovsk;^, & IlkoTiS) D. Colleoliion OzechoaloY. Ohem. Commim. 7:198. 1935. 
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For instance, if 22 is 1000 ohms, the polarographic curve may be con¬ 
sidered a current-potential curve only up to currents of 10"* Amp.; at 
greater currents, IR corrections for potential become necessary for 
accurate work. 


ANALYSIS OF CURVES WITHOUT SEMIQUINONE 
FORMATION 

Hesnrovsky and Ilkovie“ were the first to analyze simple polaro¬ 
graphic curves in detail and to develop equations for them. These 
analyses brought out the significance of the half-wave potential which 
was thereupon proposed as the most satisfactory constant for the 
characterization of reacting substances in polarographic work. The 
fact that the current is a function of the diffusion gradient of the 
reacting material, was expressed as follows: 

(3) I =K(C- Co) 

where I is the current and C the concentration in the body of the 
solution, while Co is the concentration at the interface. K is the 
diffusion current constant. When the diffiision current is reached, the 
concentration at the interface, Co, becomes negligibly small compared 
to C and 

(4) Ia = KC. 

The concentration of the product of the reaction at the interface, Co, 
is also proportional to the current I (if none existed in solution before 
the reaction) and Heyrovsky and Ilkovic write 

(5) Co=kI 

where h is again a complex constant. 

Now if the potentials of the dropping mercury electrode during 
revertible reactions follow the same laws that govern the potentials of 
other electrodes, the following formula must hold for all parts of the 
curve: 

(6) E^Eo- {RTlnF) hi(CJCo) 

if, for simplicity, concentrations may be used instead of activities. 
Substituting in this equation from above, we find: 

(7) E = Eo- (RTlnF) ]n(kIK/KC - I) 
or 

( 8 ) 


E = Eo- (RTlnF) la(IIIi - I) + F 
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If equation (8) holds, it is obvious that a graph of E against 
In (I/Jd — 1) should give a straight line with a slope equal to BT/nF. 
This has first been tested by Tomes*® who found slopes of 0.056,0.029, 
and 0.020 v. for mono-, di-, and tii-valent inorganic reductions at 20® 
C. in fair agreement with the theoretically expected values. 

In the case of the haJf-wave potential, Ejji, the logarithmic term in 
equation (8) drops out because I = I 4 — I, so that: 

(9) Ella = Eo + E. 

This means that the half-wave potential of the dropping mercury 
electrode is equal to the normal electrode potential of the reacting 
system plus some constant which may be positive, negative, or zero. 

These same equations can be extended to cover oxidations and 
reductions of reversible organic systems. The electrode potential of 
reversible organic reactions such as 

(10) Ox + 2ff+-|-2©:?iRed 
is given by the well-known equation: 

(11) jg = £, - ^InM + iTo* -b Kai [F+] + [ff+p] 

which is written for a two-electron change and in which Kai and Koa 
are the two dissociation constants of the reductant. [Bed] and [Ox] 
represent the total concentration of reductant and oxidant, respective¬ 
ly. If the pE of the solution is kept constant by adequate buffers, this 
formula becomes simply 

(12) E = B,' - (Br/2F) In ([Red]/[Ox]). 

E the solution contains only oxidant at the beginning of the polaro- 
graphic analysis, we can substitute from equations 3-5 and get 

(8a) E = E.' - (Br/2F) In (J/7d - I). 

A similar equation with a plus sign before the logarithmic term will be 
obtained for the case when only reductant is present in the body of 
the solution. In both cases the logarithmic term drops out at the 
half-wave potential where I — Id — I, so that 

(9a) Ella “ Ea K. 

Miiller and Baumberger® veiified this conclusion experimentally and 
found the constant K equal to zero for simple reverdble organic 


u T<UDie3, Collection CzechodoT. Chem. Oommun. 9: 12. 1937. 
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oxidation-reduction ^sterna. They made a detailed study of the 
reactions of hydroquinone, quinone, and quinhydrone at the dropping 
mercury electrode. If the solution was well buffered, the half-wave 
potentials in all three cases were identical although the dropping 
mercury electrode was anode in the first case, cathode in the second 
case, and an indicator electrode^ in the third case. They showed 
further that these half-wave potentials agreed with the potentials of 
quinhydrone obtained potentiometrically with platinum electrodes. 
Thus at the continually changing surface of the mercury drops con¬ 
ditions must exist which are similar to those existing where thermo¬ 
dynamic equilibrium prevails. Although this was verified in subse¬ 
quent studies,^’ “ it has been subjected to another test in the present 
investigation. Again an a^eement between polarographic and po- 
tentiometric results was obtained which demonstrates the existence 
of thermodynamic conditions at the electrode/solution interface, 
produced by a flow of ciuxent, and defined by the applied potential. 
While the body of the solution remains essentially unchanged, elec¬ 
trons are transferred either from or to the electrode, changing the 
composition of the interface to satisfy the conditions of the applied 
potential. One can compare this to a titration of a solution by an 
oxidant or a reductant; however, in this case only the material in the 
inteiface is titrated, and it is titrated directly with electrons from the 
electrode. This may, therefore, be called an electron-titration of the 
interface.^ 

Further equations for curves in which oxidant and reductant are 
present in various proportions at the beginning of the electrolyas, can 
also be developed. However, for amplicity, our treatment of the 
semiquinone problem will deal solely with well-buffered solutions 
containing only oxidant at the beginning of the electrolysis. 

ANALYSIS OF CURVES WITH SEMIQUINONE 
FORMATION 

On the basis of the above conclusions we can develop potential 
equations for polarographic curves of semiquinones in close analogy to 
those derived by Michaelis and Schuberti in their potentiometric 
studies. 

Let us consider the following reduction 

jB 0 ^ S~ 

(13) 

5--l-0?^5-- 

u BliUlw, O. H., & BatnnbmgAr, X F. Trans. Blactrodiein. Soo. 72: isa 1937. 
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which takes place in two separate steps of one electron each. Here B 
is the oxidant (Ox), B~ the semiquinone (Sem), and B~ ~ the reduc- 
tant (Eed). If true equilibrium exists, the potential must be given by 
the following equation in which [Ox] and [Bed] represent the total 
concentration of B and B respectively. 

(12) E (BT/2F) In ([Red]/[Ox]). 

The concentrations of Bed and Ox are modified according to the equi¬ 
librium of the dismutation process 

(14) 2 Sem ^ Ox -1- Red 

which may be expressed by the dismutation constant 

(15) X = ([Red] [Ox])/[Sem]*. 

The reciprocal of x is called the semiquinone formation constant and 
is designated by h. K x is very large (fc very small), the amount of 
semiquinone present becomes negligible and the reaction will be that 
of a S 3 rstem with no intermediate step of reduction. Our problem, 
however, is to arrive at an equation which defines the potential when 
significant amounts of semiquinones are present. 

We start with a solution containing a substance in its oxidized 
form, which can be reduced at the dropping mercury electrode. 
The highest concentration of thb reducible substance in the electrode/ 
solution interface is proportional to the maTrimal dilution current 
which can be obtained, or 

[Ox] max Mi. 

Let now a potential be applied to the electrode which will cause a 
reduction of this substance. Then at any point along the wave of the 
current-voltage curve there will be a mixture of the oxidized form 
(Ox), the semi-reduced form (Sem), and the totally reduced form 
(Red), so that 

(16) Ox + Sem + Red = Mi. 

A current of electrons flowing from electrode to solution changes the 
composition of the interface as would an added reducing agent. 
When the current I — li, all the oxidant has been totally reduced to 
reductant, but at lower values of the current, a mixture of semiqui¬ 
none and reductant has been formed. Only one electron is necessary 
per molecule for the production of the semiquinone, while two electrons 
are necessary for the production of the totally reduced product. 
This fact can be mipressed as follows 
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(17) 


or 


Sem/2 + Red = kl 
Sem + 2 Eed = 2 kl 


As Michaelis and Schubert* have shown, it is possible to solve 
such equations for Red, Ox and Sem. Let us di'vide equations (16-17) 
by Sem; and set Ox/Sem = O and Red/Sem = p, then 

(15a) Qp = X 

(16a) Q + p + 1 = fclj/Sem 


(17a) 1 + 2p = 2fcJ/Sem 


Now divide equation (17a) by equation (16a) in order to eliminate the 
remaining Sem: 


(18) 


l + 2p _27 
Q + p + 1 Id 


Substituting into this equation from equation (15a) we obtain, 
writing only the solution with a positive sign before the square root: 

(19) Q = ^ Wih - 2iy + 16 Ik (Id - I) + (Id - 21)] 

41 

(20) P = - -zA Vih - 21)* + 16 Ik {U -I)- {h - 2/)] 

4{Id - I) 

Since p/Q *= Red/Ox we can substitute in equation (12) directly from 
equations (19) tuid (20), to get 


(21) E 


BT I BT 

2f “ Id-I 2F 

V(Id - 2/)^ + 16 Jk (JT^ - (Id - 21 ) 
Vih - 21)* + 16 Ik {Id -I) + {Id - 21) 


This equation can be rewritten to give 


(22) E = Eo 


BT I BT 

W^Id-I 


V4k 7/ - (4ic - I) {Id - 27)* - {Id - 27) 
V4k// - {4k-D {Id - 21)* + {Id - 21) 


This equation for polarographic curves is the exact parallel of 
Michaelis and Schubert’s equation 
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(23) E 


■^^1, ^ _ ^In VI + (4 k — 1) (1 — 4- n 

2F 1-11 2F VI + (4k - 1) (1 - 11*) - n 


Here E is the observed potential; E„ is the potential which is obtained 

X 

when [Ox] = [Red]. i«. stands for ” ~ 1> where a is the total molar 

amount of substance originally present in the oxidized form, and x is 
the amount of reducing agent added at a given stage of the titration, 
expressed in equivalents so that at the endpoint of the titration 
X = 2a. X is the dismutation constant. 

These equations demonstrate the symmetry of the potential around 
the midpoint of the curve. They are conveniently separated into two 
logaiithMc components, the first of which holds if no intermediate 
form arises. In this case k is very small (x very large) and the second 
logarithmic term vanishes. This second logarithmic term is the 
correction due to step formation, and the dismutation constant ap¬ 
pears only in this term. 

The shape of this function varies with the value of x or k. This is 
demonstrated in fiotjbes 1 and 2. If is very small then the potential 
approaches the value 


(24) 


E 


r, 

En — In 
2F 


I 

U-I 


as it should be for a system with no intermediate step of reduction. 
When X = 1/4 or fc = 4, then 

RT I 

(26) In, , 

F Id —I 

This formula represents a curve in which all ordinates are double the 
size of those in equation (24). This is the same curve as for a univalent 
reduction system. In the diagrams of noxTBSS 1 to 6, the curves 
corresponding to these two conditions have been drawn with a heavy 
line to distinguish them from the remaining ones which represent k 
values of 1,16,100, and 1000. 

FiGTrEBS 1 to 6 have been prepared to give a clear demonstration of 
the t 3 rpe of curves which may be constructed on the baas of equation 
(22). Figubbs 1, 3 and 5 represent results obtained under ideal con¬ 
ditions in which applied potential values are plotted s^ainst three 
other functions. As has been stated before, these values are obtained 
directly from the polarogram only when the factor IR is negligible. 
All calculations are made for a temperature of 30° C. Since correc¬ 
tions for IR are tedious and it is often desirable to make an approxima- 
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tion by inspection of the polarographically obtained current-voltage 
curve, it seemed worthwhile to construct curves where the applied 
voltage is plotted as abscissa, neglecting the correction for IB. Such 
curves are presented in figuees 2, 4 and 6. They have been calcu¬ 
lated on the basis that IR was equal to 100 mv. when the ma xim al 
diffusion current was reached. This corresponds to a current of 
2 X 10”® Amp. at a resistance of 5000 ohms, or to a cuirent of 1 X 10“^ 
Amp. at a resistance of 1000 ohms. In polarographic practice, a 







102 


ANNALS NEW YORK ACADEMY OF SCIENCES 


galvanometer mth a maximum sensitivity of 2 X 10~® Amp./mm./m. 
is often employed. Polarograms identical with the graphs of figure 
2 would then be obtained if 1/100 senativity were used and a wave 
10 cm. high were plotted at a circuit-reastance of 6000 ohms. The 
same wave could, of course, also be obtained at a sensitivity of 1/500 
with a reastance of 1000 ohms. A resistance of about 1000 ohms is 
found in simple polarographic circuits where a mercury layer at the 
bottom of the vessel is used as anode.' In studies where the reference 
electrode is separated from the electrolyas vessel by agar bridges,* 
the circuit resistances vary between 3000 and 6000 ohms. 

Inspection of the graphs of figures 1 and 2 shows that as k becomes 
peater than 16, the curves begin to separate into two distinct halves, 
each of which has a point of inflection. This seems to be just as 
marked in figure 2 as in figure 1. The difference between the half¬ 
wave potential, E 112 (I = O.SIa) and Eu* (I = 0.25Jd), or jBj /4 
(I = 0.75Ji) has been called the index potential. If A = 0, the index 
potential is 0.0143 v. at 30“ C. It is twice as large when A: = 4, and it 
becomes equal to 0.03005 log k, whenever log k > 2.*^ 

If these curves are analyzed by plotting In (I/Ij —J) instead of the 
current I, the set of curves shown in figures 3 and 4 is obtained. 
This type of analysis is common in polarographic work but as may be 
seen, the uncorrected curve for k =4 (figure 4) is almost identical 
with the ideal curve (figure 3) where k = 100. Obviously, such analy¬ 
ses in order not to be misleading should be carried out only on current- 
voltage curves which had been corrected for IR. Furthermore, we find 
that when patentidla are plotted, straight lines are obtained for k values 
of 0 and 4 (equations 24 and 25) with slopes of 30 and 60 mv. On the 
basis of previous experience in polarography, we would attribute these 
to a divalent and a univalent reduction, respectively. The latter 
conclusion is obviously wrong in this case; hence it is necessary to 
keep in mind the possibility of a semiquinone formation with a k 
value of 4, when a 60 mv. slope of In (I/Id — I) against potential is 
used as evidence for a univalent process. 

Finally a set of curves has been prepared in figures 5 and 6 in 
which only that fraction of the polaropaphic curves, which represents 
the addition of one equivalent in the reduction, has been considered 
in the analysis for In (ifld — I). By plotting In (7/0.57<j — I) against 
applied potential or voltage, the two S3unmetrioal sets of curves were 
obtained which approach the same potential asymptotically. The 
curves of figure 5, furthermore, cross the zero line at the correspond- 

"XOduMlis, In Jonr. Biol. Obem. 96: 708. 1982. 
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ing index potentials. It tnay be noted that all the curves of figxtbbb 
5 and 6 mth k values of 1 or higher tend towards a 60 mv. slope, 
while the curve for h = 0 has a final slope of 30 mv. Unfortunately, 
the use of this difference for the determination of semiquinones will be 
limited because in practice the values at the beginning and at the end 
of the polarograpMc curves are much less reliable than those in the 
middle of the curves. However, similar analyses may prove of value 
in other polarographic work where different substances of unequal 
concentrations are reduced at almost the same potentials. 

With these theoretical curves as ideal models, we can compare some 
experimental polarographic curves of semiquinones, to see how closely 
thermodynamic conditions are approached at the solution/electrode 
interface. 

EXPERIMENTAL RESULTS 

A number of compounds, for which Michaelis had established the 
existence of semiquinones, were studied polarograpbicaUy with satis¬ 
factory results as long as the potentials fell within the polarographic 
range of Eh -j- 0.6 to — 1.6 v.“ For a demonstration of semiquinone 
formation a-oxyphenazine was found most suitable. Its semiquinone 
formation constant varies markedly within a convenient range of pH 
and potential.'* Two polarograms are reproduced in otgueb 7 which 
were obtained by reducing a-oxyphena^e from air-free solutions* at 
different pH. It may be seen that the single polarographic wave at 
pH 8 and pH 6 breaks up into two distinct steps in 0.01 N and 0.1 N 
nitric acid** which are the farther apart the more acid the solution. 
To find the index potential in these cases, we have to measure the 
potential difference between Ein and Ebu or between Eiis and Eiit. 
However, a more easily determined value is the double index potential 
which is the difference between Ei/t and EbIb, Here we obtain directly 
from the polarogram the uncorrected values of 252 mv. for the 0.1 
N HNOj and 158 mv. for the 0.01 N HNO» solution. The correction 
for IB is about 10 mv. so that we find 242 mv. and 148 mv. respectively 
for the double index potentials. This is in good agreement with the 
values of Michaelis'* who gives 244 mv. for pH 1 and 152 mv. for 
pH 2. 

For pH 6 and 8 we find a corrected double index potential of 35 mv. 
instead of the theoretical 29 mv. This difference is still within the 

uiaichMU8,]:b Joor. Biol. Obem. 92: 311. 1981. 

* Since dissolved oxygen is reduced directly at the dropping mercury electrode* It is 
osuaUy removed before the analysis by a stream of hydrogen or nitrogen gas. 

** Hydrochloric add cannot be used because it would limit the potential range.» 

i>Michaelis, L. Ohem. Bev. 16: 243. 1935. 



104 


ANNALS NEW YORK ACADEMY OF SCIENCES 


experimental error but other deviations from the theoretical curves 
which will be discussed presently suggest that it may have a real 
agnificance. 

If we analyze these experimental current-voltage curves as we did 
the theoretical cmves, we obtain nouBxs 8 and 9. Here are plotted 
the results obtained with a-oxyphenazine in 0.1 N HNOg and 0.01 
N HNOs (from vigubb 7), in pH 4.3 buffer (from riGtiBB 10), and in 
pH 6 buffer (from fiottre 7), together with the theoretical potential 



FiGUBz 7. Polarograms of oc-oxyphenazine in McBvaine buflers of pH 6 and 8, and in 01 
and 0.01 N HNO« solutions. For eacb curye* the i>otentlal corresponding to that of the 
caJomel half-oeU ■■ 0.244 y.) is Indicated by a circle. 

curve for fc = 0 (heavy line). Even if we apply a correction for IR 
(at most 20 mv.) we would still have a definite discrepancy between 
these experimental and the theoretical values. Especially the asym¬ 
metry of these curves with respect to the midpoint would still persist, 
since they are plotted with the midpoint as reference. Other cases of 
asymmetric polarographic curves have been explained by insufficient 
buffering^® or by the irreversibility of the system,“ but neither expla¬ 
nation is applicable here. However, some observations on very dilute 
solutions of a-oxyphenajdne point to a possible explanation. 

When the reducible substance was diluted in order to make the 
diffusion current as small as possible so that the IR correction would 

» MfUleTr O. H. Paper presented at the FaU-meeting of the Am. Ohem. Soc. Milwaukee. 
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be eliminated, it was found that the second step in the reduction was 
definitely smaller than the first. This is demonstrated in piGtniE 10 
where a-oxyphenazine solutions in concentrations varying from 10~* 
to 10"® M were reduced at pH 1.3 and pH 4.3. The two steps ob¬ 
served at pH 1.3 are definitely unequal in the lower concentrations 
and approach each other in height only at the higher concentrations. 



and pH 4.3 and 6 McQvaine buffers). 



AppUadmttaga 

Figubb 9. £ 23 >eiixnent 8 l points from zigobbs 7 and 10 (0.1 and 0.01 N HNOs solutions 
and pH 4.3 and 0 McHvaine buffers). 

The explanation for this must be sought in the nature of the electrode 
reaction, and in the diffudon processes underlying this reaction. 
Experiments to clarify this point are still in progress. This discrepancy 
between theory and practice may have some advantages; for instance, 
in the cmrve due to the lowest concentration of ot-oxyphenazine at 
pH 4.3 (viGuitB 10) a two-step reduction is indicated, while in the 
potentiometric determinations no separate steps can be observed at 
any pH > 3.3. 

While we may conclude from this that the polarographic method at 
present is not refined enough for an accurate determination of the 
dismutation constants, we diould not overlook some definite advan- 
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tages of this method over the potentiometiic method. First of all -we 
must point out the rapidity -with which determinations can be made. 
Even if the results are not very accurate, it will be of value to get 
quick information about the existence of semiquinones and the range 
of pH in which they exist by inspection of the polarographic current- 
voltage curves or by measuring the double index potentials. To ex¬ 
plore the posabilities for semiquinones over the range of pH 1 to pH 
14 in steps of 1 pH unit, fourteen curves can be prepared on two or 
three polarograms in about two hours. 



Figube 10. Polarograms sboidng the change in the waves as the concentration of oc- 
oxyphenadne is increased fiom 0.0001 to 0.001 M. 

The fact that the polarographic range extends to very negative 
potentials suggested another definite advantage of the polarographic 
over the potentiometric method for the study of semiquinones in the 
overvoltage range. Therefore, a solution of methyl viologen was 
polarographed at different pH values. Michaelis and Hill^^ could 
study this compound only in the range of pH 9-13, because at lower 
pH the titration curves were incomplete due to the overlapping with 
tiie hydrogen potential. The polarographic method, however, gave 
satisfactory curves for this compound as low as pH 2.2. It may be 
seen from ftoitbsi 11 that the first wave has a half-wave potential 
(first arrow) which is constant over the whole range of pH and equal 
to — 0.441 V. This is in good agreement with the results of 
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MchaeKs and Hill who found a potential of — 0.446 v. The conclu¬ 
sion of these authors that the potential of the first step in this reduc¬ 
tion is independent of pH has thus been verified polarographically at 
very low pH values. 

The second step in the reduction of methyl viologen could not be 
investigated by the potentiometric method because of drifts in poten¬ 
tial due to secondary irreversible reactions.®^ Since the dropping 
mercury electrode has proven to be especially suited for the study of 
such partially reversible reactions,“ it seems likely that the second 



FiointB 11. Folarograms of methyl Tiologen reduced at differeat pH. 

step in the reduction of methyl viologen is represented by one of the 
subsequent curves foimd on the polarograms. The second set of 
waves in figube 11 which has also been marked by arrows, is con¬ 
sidered to be due to this reaction; however, since there is no simple 
relation between the height of the first and second set of waves, it is 
obvious that we have to deal here with a more complex mechanism 
than simple semiquinone formation. This second step in the reduc¬ 
tion is not independent of pH and a 60 mv. shift in potential per pH 
unit may be observed as this wave gradually approaches the first one 
with decreasing pH. 

This leads to a conaderation of the reduction of organic compoimds 
which are only partially reversible. Here the final reduction product 


» Miehadis, h., is SOU, E. 8 . Jour. Gen. Phydd. IB: 859. 1933. 
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cannot be oiddized at the dropping mercury electrode at the same 
potential as that at which the oxidized compound is reduced. Most 
polarographic studies of organic substances have been of this type. 
As has been shown by Mtiller*‘ and by Miiller and Baumberger,^ the 
potentials obtained in these instances may be conradered as due to a 
reverable step in a reaction which is, on the whole, irreversible. 
Therefore, the name “polarographic apparent reduction potential” 
(P. A, E. P.) has been suggested*^ for those half-wave potentials which 
are not truly reversible, and which show dependence on pH, and 
demonstrate partial reverability. The first products of the reaction 
must be in an eqxiilibrium with the oxidant from which they are 
formed, but they are quickly removed from the solution by some 
secondary process. In this first reversible reaction, which may require 



FiQtmii 12. P<darogram of beozaldehyde reduced at diSereut pH (fimn Toknoka (23)). 

two electrons, the formation of intermediate radicals is not impossible, 
and two examples may be cited from the literature which strongly 
suggest such a phenomenon in irreversible reductions. The first one 
is the reduction of benzaldehyde which was studied by Tokuoka.®® 
A reproduction of his curves is shown in fioubs 12. Another example 
is the reduction of benzophenone, studied by Schweitzer and Laqueur.®* 
In both instances the single wave obtained in the more alkaline 
solutions separates into two equal halves upon acidification of the 
solution. 

The simple ratio in these stepwise reductions need not necessarily be 
unity in all cases. For instance, when picric acid is reduced in solu¬ 
tions which are more acid than pH 4, two waves are obtained with a 
relative height of 3 :2. As the solution becomes more alkaline, the 
first large wave breaks up into two components of a fixed ratio of 1 : 2, 

Joof-Am. Ohem. Soc. 61; 690. 1939. 

*• Toniokai M. CoUectloii OzecliosloT. Ohem. Ooxmnim. 7; S92. 1935. 

« Schweitser, H., & Laqaem, K. Eec. tirav. chim. 56; 969. 1936. 
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SO that at pH 8 the reduction goes on in three steps with a ratio of 
1:2:2.“ Similar results have been obtained with other nitrated 
phenols. 

These reductions in steps of fixed ratio suggest that the reactions 
are determined by the addition of a fixed number of electrons to each 
reducible molecule. Tbis differs from another type of stepwise reduc¬ 
tion in which the steps are not in a fixed ratio. The two types of reac¬ 
tions should not be confused because in the latter case a fraction of the 
reacting substances undergoes a change in structure before it is 
reduced, due to pH changes in the solution. For instance, Muller 
and Saumberger have shown“ that in the keto-enol tautomeiism of 
pyruvic acid and in the polsuneiization of this compound, which are 
governed by the pH of the solution, different waves are obtained for 
each component of the solution. The relative heights of these waves 
are not in a fixed ratio, but one wave gradually increases as the other 
diminishes with changes in pH. 

A word needs to be said about another type of two-step reduction 
which has been observed in potentiometric work, if the semiquinone 
radicals combine to form a quinhydrone or meriquinone.® This may 
be distinguished from that due to a simple semiquinone by changing 
the concentrations of the reactants. In reactions at the dropping 
mercury electrode, in which the semiquinone radical is produced at 
the electrode interface only during the life-time of a drop, one should 
expect no difference imless the process of dimerization is as fast as the 
electrode reaction. Also the solution would have to be more concen¬ 
trated than in the usual analyses. Nevertheless, there exists the 
possibility of a polarographic study of meriquinones when they have 
been prepared by the addition of a reducing agent to a fairly con¬ 
centrated solution. 

In conclusion it may be stated that the polarographic method may 
be used satisfactorily for orientative experiments to determine the 
possibility of semiquinone formation in the reduction or oxidation of 
reversible organic oxidation-reduction systems. With certain reserva¬ 
tions, an extension of the formulas and equations developed for 
potentiometric studies of such systems is possible for polarographic 
work. The potential range which can be studied under proper condi¬ 
tions is from Eh -H 0.6 to — 1.6 v. The most outstanding advantage 
of the polarographic method is its applicability to potential measure¬ 
ments in the overvoltage range and its suitability for studies of 
systems, which are only partially reverable. Even in these cases the 
formation of intermediate radicals can be demonstrated polaro- 
graphically. 




THE ANALOGY BETWEEN TWO-STEP OXIDATION 
AND TWO-STEP IONIZATION 


By MaxweIiL Schubebt 

Prom the Laboratoriee qf The Rockefeller Ineiit/ute for Mediad Reeearch, New York 

Protons and electrons are the naost mobile and active participants 
of chemical changes. The proton takes part in acid-base equilibria. 
It is the product of the dissociation of an acid: 

HA^H+ + A- (1) 

The electron takes part in oxidation-reduction equilibria. It is the 
product of the dissociation of a reductant: 

A~ ^ s -f A (2) 


Acid-base equilibria are usually treated by the mass law equation: 


Kac — 


[g+] [A-] 
[FA] 


(3) 


Then for oxidation-reduction equilibria we might have expected a 
parallel equation: 




imiA] 

[A-] 


(A) 


But while the fiction of free protons in solution implied in equation (3) 
was readily accepted, the fiction of free electrons in solution has never 
been much used. That is to say, acetic acid was believed to dissociate 
in solution into protons and acetate ions and “hydrogen ion concen¬ 
tration’' is an accepted phrase. But ferrous ion has never seriously 
been considered to dissociate into ferric ions and free electrons to an 
extent to render “electron concentration” an acceptable phrase. 
Actually, of course, neither electrons nor protons occur in solution 
except in the most nainute amounts. The reason acids appear to dis¬ 
sociate according to (1) depends on the accidental fact that our 
conamon solvents as water and alcohols are proton acceptors. These 
same solvents do not at all readily accept electrons so the dissociation 
(2) does not occur in water and has never been considered as a real 
equilibrium. If it happened for example that we used stannic chloride 
as a solvent we naight speak of a progressive dissociation of ferrous ion 
into ferric ion and an electron as we diluted with the electron accepting 
solvent. And if we measured the separate ionic spedes we might find 

( 111 ) 
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an equation as (4) to be realized. In this case “electron concentration” 
as meaning free electrons would be just as much of a fiction as “proton 
concentration” is in aqueous solutions. 

In studies of oxidation-reduction equilibria this difficulty has been 
avoided by describing the process with the equation: 

RT [A] 

E^Eo, + — ln-^ (6) 

F [A ] 


where Eox is a constant for a given system, the normal oxidation 
potential. A simil ar treatment of acid-base equilibria has been 
advocated by Schwarzenbach‘ who has recommended the use of a 
normal acidity potential, Ej.c, defined by the equation: 


„ „ JZT, [FA] 

£ = E^ + —to¬ 


co) 


in place of the acid dissociation constant. Then equations (5) and (6) 
in which electron and proton concentrations are avoided can be used 
in place of (3) and (4). In this way the fundamental similarity of one- 
step acid ionization and one-step oxidation is made apparent. 

If we make a formal comparison between reversible two-step oxida¬ 
tion reactions and reverable two-step proton ionizations we have 
simply the pairs of equations: 



HiA^H+ + HA- 

(7) 


HA-:^H+ + A- 

(8) 

and: 

A“?±e-|-A- 

(9) 


A-:^e -1-A 

(10) 


Each of these sets of reactions has been extensively studied but again, 
as for the one-step cases, the underlying theory has been developed 
quite differently. Yet if we look at these changes and realize that in 
each case simple mass law relations are assumed to hold, there is no 
reason apparent why there should not be complete identity in the 
equations developed to describe the two sets of changes. Actually 
this identity in the equations can easily be shown. 

The theory of acid titrations has been developed in terms of the two 
ionization constants characterizing the reactions (7) and (8). 

[g+1 [HA-] 

' [F*A] 

1 Sdivanenbach, G. Helv. cbim. Act, 13: 874. 1980. 


( 11 ) 
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Ki 


m [A-] 

[HA-] 


( 12 ) 


On the other hand the theory of reversible ondations has been de¬ 
veloped by Michaelis in terms of the semiquinone formation constant 
of the reaction (13) which is implied in the reactions (9) and (10). 


A +A'‘:^2A- 
[A][A-] 


(13) 

(14) 


We can set up equations analogous to (13) and (14) for the case of 
add ionization as follows: 


-1- A - ^ 2HA- 
tHA-p 

comparing (11) and (12) with (16) we have finally: 



(15) 

(16) 


(17) 


Equation (14) describing oxidation reactions and equation (16) 
describing add ionization are equivalent and equation (17) shows that 
the analogue of the semiquinone formation constant is the ratio of the 
two ionization constants of an add. 

This formal comparison would make it appear that the iordzation 
of dibasic acids wMch can lose two protons and the oxidation of 
reductants which can lose two electrons should be very similar proc¬ 
esses. Actually experience has shown the two phenomena to be so 
different that, as pointed out above, their theoretical developments 
have proceeded along different lines. The study of dibadc acids 
showed that in general Ki is much greater than Kt so that k' of 
equation (17) is generally between 10 and 100,000. In fact for a 
symmetrical dibadc add the lower limit of k' has been shown on theo¬ 
retical grounds to be 4, but in practice very few substances have been 
found which approach this limit. On the other hsmd studies on 
reverdble oxidation-reduction systems until recently showed that for 
all organic systems k was zero. In fact so certainly and tacitly was k 
regarded as being a non-existing quantity that no one appears even to 
have mentioned its non-existence. The phydcal interpretation of this 
is that after one electron has been removed from the substance A as 
in equation (9), then the resulting molecule A~ ejects a second electron 
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with much greater ease as in equation (10). So the molecule A~ was 
allowed no particular existence. The extenave work of Michaelis, 
however, has raised k from nothing to something and has given to A~ 
a recognition of its existence. 

This extension of the range of the recognized values of k in oxidation- 
reduction systems makes one wonder whether an extendon of the 
values of k' for acid systems is not also posdble. Such an extendon 
would be in the oppodte direction however, and the question posed is 
this: Can k' ever become less than the theoretically derived quantity 
4 and can it ever become less than unity, posdbly even approaching 
zero as k used to be supposed to do? 

It is the purpose of the present discusdon to examine the posd- 
bilities for such a phenomenon and the conditions which might make 
it posdble. There will also be pointed out some fundamental differ¬ 
ences between proton addition and electron addition. In the discus¬ 
don, the term acid will be used in the more general sense including not 
only substances which dissociate protons but substances which 
associate hydroxyl ions. For example, potasdum phenanthrene qui- 
none sulfonate is an acid whose pK is about 11. 

First, let us condder some of the more foolish consequences of the 
suppodtiion that k' for a dmple dibasic add could be less than one. 
Then in equation (17) we would have JTj greater than Ki. But, if Kt 
is greater than Ki then the second proton would ionize at a pH more 
add than that at which the first would ionize. Then what was called 
the second ionization would really be the first. This can not be what 
we are looking for. 

In order to find out if there is any sense to our problem, let us 
examine the case of such reverdble oddation reduction systems as 
have values of k less than one. In this case, the second electron is 
ejected more readily than the first. Then why does it not come off 
first? The answer must be found in a more detailed search into the 
electronic structure of the molecules involved. Suppose A“ of equar 
tion (9) to be a simple organic reductant with an even number of 
electrons. Then A~ must have an odd number of electrons. In the 
case of a reductant such as ethyl alcohol for example, loss of a single 
electron would give a radical at an oxidation level between ethyl 
alcohol and acetaldehyde. In such an odd electron molecule there are 
not many positions which the odd electron can assume, so stabilization 
of the molecule by formation of a resonance system is not possible. 
The radical is unstable and has a great tendency to lose a second 
dectron to ^ve the more stable electronic configuration of acetalde- 
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byde. In such a case h might easily be expected to be less than one, 
though in the case of ethyl alcohol this constant cannot be measured. 
On the other hand, if by removal of a single electron from a reductant, 
there is produced an odd electron molecule in which there is great 
stabilization due to resonance, then, this molecule may have a much 
smaller tendency to lose a second electron than the original molecule. 
Then h will be greater than one and we have the case where a stable 
semiquinone is formed. In any case, the molecules A ” and A~ have a 
similar distribution of atomic nuclei but an altogether different 
electronic structure. They are really quite different molecules and 
their reduction potentials may be either very different or very similar 
and fc may vary from values close to zero to very lai^e values. 

Now let us examine the types of dibasic organic acids whose titration 
curves have been studied. These are largely carboxylic, phenolic or 
ammonium types. In such cases removal of a single proton leaves 
both the nuclear and the electronic arrangement of the molecule 
essentially intact. Then the removal of a second proton is from 
essentially the same molecule and is affected only insofar as the statis¬ 
tical and electrostatic conditions in the molecule are different. So, 
while the molecules A " and A~ of oxidation titrations have generally 
very different electronic structures the molecules HiA and HA~ of 
acid titrations have generally quite similar structures. 

By analogy then, if we are to find a substance, for which even a 
possibility exists that ¥ might be less than one, we should look for a 
substance such that the first ionization step whether addition or loss of 
a proton or a hydroxyl ion brings about a fundamental rearrangement 
of the electronic structure of the molecule of such a nature that the 
new molecule formed undergoes a second such change more readily. 

To search for such a substance we have no guiding principle but 
fortunately a case has already been described which furnishes an 
example. This occurs among certain thiazolium and benzothiazolium 
salts of which thiamine or vitamin Bi is one example. The nature of 
the changes which occmr on treating aqueous solutions of these sub¬ 
stances with two equivalents of alkali was worked out by Mills, 
Clark and Aeschlimann.^ A few years ago Williams and Ruehle* 
published some acid base titration curves of a few of these substance. 
Clarke and Gurin^ studied some further examples. As an example 
let us take 3 ethyl 4 methyl thiazolimn iodide. On adding alkali to an 
aqueous soluti on of this substance the following changes occur: 

> nuns, W. H., Clark, L. Bfl. & AesaUimana, J. A. Jour. Oham. Soc. 133:3353. 1923. 

< Wllliuiis, B. B., ft BneUe, A. E. Jour. Amer. Cbem. Soc. S7:1876. 1935. 

* CladM, H. T., ft OoxiB, 8. Jour. Amer. Ohem. Soc. 67:1876. 1935. 
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The fbrst step is the association of a hydroxyl ion and the formation of 
a molecule which would be called a pseudo base. This has a resem¬ 
blance to the aldehyde thiol addition compounds which at the pH now 
existing are known to be dissociated, so in the next step the dissociation 
occiirs, resulting in a compound which is seen to be the acid form of a 
formylated amine and at the pE required to bring about the first step 
of the reaction chmn it must lose a proton instantly. That is K» is 
greater than Ki but the second step of ionization could not occur 
before the first had taken place and been followed by the rearrange¬ 
ment. The titration curve bears out this interpretation fully. K we 
apply to this curve the type of analyas used in oxidative titrations we 
find an index potential of about 14 millivolts indicating the simulta¬ 
neous absorption of two hydroxyl ions the first of which attaches to 
the thiazolium ion and the second is absorbed by the ejected proton. 

Although this reaction is reversible if we consider the change from 
one end of the reaction chain to the other, it is impossible that in 
detail this should be so. Conader the negative ion finally produced 
by titration with alkali. On making its solution acid a proton would 
attach first, not to the oxygen of the formyl group, but to the mer- 
captide ion which has a pK of the order of 10. The reverse sequence 
of reactions would be: 
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This briags out an interesting point in the fact that though the overall 
reaction is reversed the intermediate steps are not the same in titrating 
vrith acid or with alkali. Oxidation reduction equilibria so far studied 
by potentiometric methods on the other hand show complete identity 
of the oxidative and reductive curves. Intimately associated with 
this contrast is another. In the acid or base titrations of the thiazolium 
systems discussed above equilibria are established slowly. This is 
made apparent in the titration by the rapidly drifting potentials 
observed after each addition of alkali or acid. A wait of at least fifteen 
minutes is required before this potential drift approaches a value 
which may roughly be considered near the equilibrium value. The 
reason for this lies in the slowness with which the rearrangement 
reaction takes place. In potentiometrically studied oxidation reduc¬ 
tion titrations equilibria are generally established quickly, almost 
instanteously. This shows that the fundamental rearrangement of 
electron distribution which must take place and which is generally 
accompanied by a color change occurs very rapidly. 

This contrasting behavior of acid base and oxidation reduction 
83 rstems has at its base the very different mobilities of electrons as 
against atomic nuclei. When a proton or a hydroxyl ion is attached 
to or detached from a molecule, this occurs at a definitely definable 
position. The rearrangement which follows this is a rearrangement of 
atomic nuclei within the molecule and this may have the slowness of 
organic reactions. When an electron is attached to or detached from a 
molecule we generally do not know in detail at what point in the 
molecule this occurs or even whether such knowledge is possible. All we 
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do know is that within the framework of the atomic nuclei the electrons 
are mobile enough so that their redistribution occurs with such rapidity 
so that as far as our measuring instruments are concerned it is in¬ 
stantaneous. 

While we are discussing these contrasts between oxidation-reduction 
reactions as opposed to acid base reactions it will be well to bring in at 
this point a practical distinction which must be made in the constants. 
Potentiometric oxidation-reduction titrations are always run in sol¬ 
vents such as water, alcohol, acetic acid, pyridine or mixtures of such 
solvents, all of which are proton donors or acceptors. The effect of 
this is, that together with the equilibria (9) and (10) which represent 
the elementary oxidation reaction there are always acid-base equi¬ 
libria in play simultaneously. The molecules A and A will in 
general exist at different ionization levels. Then the values of k 
actually measured will be dependent on the acidity of the medium in 
which the measurement is made. It is therefore called a composite 
constant to distinguish it from the simple or elementary constant 
defined in (14). In contrast to this, acid base reactions are always 
studied in solvents which are not electron donors or acceptors under 
the conditions used. That is, the molecules H 2 A, and A “ are all 
at the same oxidation level. The values of fc' are thus really character¬ 
istic of the elementary reactions (7) and (8). Values of k and fc' can¬ 
not be directly compared but k must first be converted to some 
elementary value, that is a value such as in (14) where all the oxidation 
levels are at the same ionization level. In this there will, of course, be 
some element of arbitrariness depending on what ionization level is 
taken as fundamental. 

As an example of the type sought, the thiazolium salts are excellent. 
They form a sort of reversible system in which two protons or two 
hydroxyl groups are apparently simultaneously absorbed. It is a 
double step acid base titration with no separation of the steps and 
with a value of k' of zero. It is of interest that the related compounds 
in which the 2 position is substituted or in which the 3 position is not 
substituted do not show this behavior. 

But the search for other examples of this sort has not jdelded such 
good ones. A case which we are now investigating is among pyri- 
diniiim salts and another may be among benziminazolium salts. For 
example, among pyridinium salts the 2, 4 dinitrophenyl pyridinium 
chloride has been extensively studied.® On malnng an aqueous solu¬ 
tion of this substance alkaline a series of changes occurs which can be 

S Zinfika, T. Ann. 330: 361. 1904. 
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represented by the following scheme, where R is the dinitrophenyl 
group: 



R R 


The principles involved are the same as have been described for the 
thiazolium salts but in this case the reaction in aqueous solution is 
reversible only in small part. The final product of the alkaline titra¬ 
tion, if isolated and titrated back in acetic acid with hydrochloric acid 
pves the original pyridinium salt almost quantitatively. Another 
difference in this case is that the second step at E? where a second 
hydroxyl ion would be absorbed by the ejected proton is masked by a 
further overlapping step at E? where a proton is absorbed. 

The principles outlined above show that double step acid base 
titrations with values of V approaching zero do exist. Such systems 
are too little known at present and it is hoped that more examples 
will soon be brought to notice. There are some essential differences 
between such double step acid-base systems and redox systems. 
These differences seem to depend on the slow rearrangement of atomic 
nuclei to form the intermediate. But there seems to be no reason 
why fc' may not assume all possible positive values. 

There is another principle which it may be worth discussing here 
and that may be an important factor in modifying the ratio of two 
successive acidic constants though sometimes it can operate to increase 
this ratio and to decrease it. In the analysis above of the conditions 
likely to lead to closer approximation between successive ionization 
constants a rearrangement of the molecule to form an intermediate of 
different electronic configuration was pointed out as necessary. In 
the examples cited a change in nuclear configuration occurred as well, 
carrying in its train of course a change in electronic distribution. But it 
is possible to have a rather deep-seated change in electronic structure 
as a result of an ionization step without a change in nuclear distribu- 
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tion. This occurs mth many indicators at their turning points 
where the change in electron pattern causing the color change is not 
necessarily accompanied by a change in the nuclear pattern. A 
particular case of this sort is that in which successive ionizations 
progress through symmetrical and unsjrmmetrical structures. Such 
systems have been studied by Schwarzenbach who has clearly stated 
the underlying principles for these cases.® 

S 3 rmmetiical resonance systems have a greater stability than uns 3 mi- 
metrical systems and so individual constants will tend to be shifted in 
such ways that symmetrical systems have a greater range of existence 
over the pH scale. The systems studied were largely the phthaleins 
and as examples may be taken phenol red and aniline sulfonaphthalein. 



• SehvaiMnbadi, O., Brsndenlietxer, M., Ott, O. H., & Hunter, O. Hdr. cldm. Act. 
20:490. 1937. SdiwanentMch, O., A Hacger, O. Heir. dilm. Act. 20: 1591 . 1937 . 
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Here the sjncametrical form of the aniline sulfone phthalein exists over 
a range of over ten pH units while the uusymmetiical ion of phenol red 
has an existence over only about six units. Phenol-phthalein has been 
frequently studied and the most reliable measurements indicate a 
ratio of the two constants to be just about four.' This would mean 
that the tendency to form a symmetrical resonance ^stem is so great 
that the statistical limit of the value of k' is reached although the 
distance between the ionizing groups would lead one to expect a value 
of over 7 for k\ However, the case of phenolphthalein is complicated 
by lactone formation and may be open to other interpretations. 

One final case may be mentioned here for which no adequate inter¬ 
pretation can be given.* For phloroglucinol there have recently been 
published data which appear reliable enough at least as to order of 
magnitude showing a value of k' of 2.7. Phloro^ucinol is a symmetri¬ 
cal tribasic acid so the statistical limiting ratio of the first to the second 
ionization constants is three. But the acid poups are quite close in 
phloroglucinol so a much larger ratio would be expected, perhaps of 
the order of 150 found for resorcinol. Any suggestion as to how to 
account for the unexpectedly low value will be welcomed. 

DISCUSSION BY DR. G. W. WHELAND 

Ingold, et cd. concluded from the abnonnally high ratios of the 
first and second dissociation constants of the alkyl malonic, succinic, 
and glutaric acids that the substituents had decreased the C-C-C 
valence angles in the chain and hence the distance between the 
carboxyl poups. Westheimer and Shookhoff, however, have given a 
different interpretation of the phenomenon. Following Kirkwood and 

7 Thi^ A., A B. Sitzungsber. Bef&d. gesamt. Natnrwiss. Marburg 62: 472. 

1927. 

»Abichandani, C. T., A Jator, S. B. K. Joar. Indian Inst. Sd. 21A: 417. 1988. 
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Westheimer, they consider the organic molecule in aqueous solution 
as a cavity of low dielectric constant immersed in a medium of high 
dielectric constant. The electrostatic potential at one point in this 
cavity due to a charge e at another point in the cavity can be repre¬ 
sented as F = e/Dsr, where Ds is an “effective dielectric constant” 
and r is the distance between the points. The value of Ds depends not 
only upon the dielectric constants of the medium and of the molecule 
but also upon the size and shape of the cavity. It is evident, for 
example, that in the once ionized alkyl malonic acids the potential at 
the position of the remaining ionizable hydrogen atom due to the 
negative charge on the carboxyl ion will be related to a comparatively 
small effective dielectric constant. This is because the lines of force 
must largely pass through the molecule itself, that is, through a 
region of low dielectric constant. In the unsubstituted malonic acid, 
on the other hand, Ds is larger, because more of the lines of force have 
to pass through the aqueous medium. Thus the difference in the 
ratios of the ionization constants of the substituted and imsubstituted 
acids is due to variations not in the distance r, as assumed by Ingold, 
but in Ds. Quantitative calculations based upon this interpretation 
have led to the result that the distance between the two carboxyl 
groups is very nearly independent of the presence or absence of 
substituents. 



THE FREE ENERGY OF O*- IN RELATION TO 
THE SLOWNESS OF OXYGEN REACTIONS 

Bt MANtTBL H. GobIN 

From the BicHogiecd Laboratory, Cold Spring Harbor, New York 

It is well known that molecxilar oxygen reacts extremely slowly 
with most reducing agents in aqueous solution in spite of favorable 
overall thermodynamic conditions. Furthermore, no rapidly revers¬ 
ible equilibrium in simple systems containing oxygen, hydrogen 
peroxide and water and another oxidation-reduction couple has ever 
been isolated in aqueous solution. Also, many oxygen reactions in 
aqueous solution appear to have chain characteristics. They are 
catalysed by minute amounts of active substances and the catalysis 
may be positive or negative (inhibitory). Induced' reactions involv¬ 
ing oxygen have been isolated and carefully studied. 

To explain the exceptional behavior of the oxygen molecule it has 
been postulated that the slowness with which it reacts is in some way 
connected with its high heat of dissociation into atoms. That this 
idea, alone, is insufficient to accoimt for its behavior is evident. For 
it has been established that peroxides may be formed as intermediates 
in the reduction of molecular oxygen. Therefore, since in the forma¬ 
tion of hydrogen peroxide the 0-0 bond is not broken and also since 
the potential* of the half reaction 

= Oj -h 2E+-\- 2E- (F. = - 0.68 Volts) 

is favorable, no direct connection appears to exist between the high 
heat of dissociation and the unreactivity of the oxygen molecule. 

The recent work of Michaelis* on the two step oxidation (one 
electron exchanges) of the quinones to hydroquinones and the exist¬ 
ence of intermediate free radicals, the semi-quinones, has led him to 
postulate that in the main oxidation-reduction reactions take place by 
exchanging only one electron at a time. This theory is difficult to 
refute, for it is impossible to demonstrate by known methods that a 
^ven reaction proceeds by the transfer of two electrons timultaneously, 
even though no signs of step-wise reactions are detectable. On the 

‘Bzay, W., Jour. Am. Cbem. Soc. 66:2279. 1933. 

< Latimer, W. “The Oxidation States of the Blements,” Prentice Hall, Inc., New York. 
1938. 

» Mieltaelig, L. Chem. Bevlews 16: 244. 1935. 

Mich a eli a, L., & Peteher, E. 8. Jonr. Am. Chem. Soc. 66:2460. 1937. 

MleliaeliB, L., Bodeer, 0.7., & Beber, B. K. Jour. Am. Ohem. Soc. 60: 202,214. 1038. 
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other hand, it is sufficiently established to be used as a working 
hypothesis and, as will be shown, suggests an explanation of the 
behavior of molecular oxygen. 

Using the one-electron hypothesis of Michaelis^ the first step in the 
reduction of oxygen might be 

Os + E~ ~ 0s~ (1) 

To estimate the potential of the above half-reaction it is necessary to 
obtain the change in free energy of the reaction 

1/2 Hs "f" Os — HOs 

While several indirect estimates* have been made no direct thermo¬ 
dynamic evaluation by spectroscopic or other means of the standard 
free energy of HOs are available. However, the ideas of Pauling® on 
the approximate additivity and constancy of bond energies can be 
used to estimate AH for the formation of HOs. Since AH and AF 
will not be expected to be widely different and the free energy of 
hydration is small a fairly good approximation for AF might be ob¬ 
tained by applying these ideas. 

Pauling® gives for the structure of oxygen the following: 

:0i—.0i 

with a single bond and two three-electron bonds. Furthermore, 
added stability estimated by Wheland* to amount to about 20.0 kcal. 
apparently results from the coupling of the two three-electron bonds. 
It might be fairly accurate, then, to divide the heat of dissociation of 
the oxygen molecule, 118 kcal. per mol., thus: single 0-0 bond 35 
kcal., coupling between two three-electron bonds 20 kcal. and, there¬ 
fore, 63 kcal. remain for the two three-electron bonds. The structure 
of HOs is probably 

: 0 — 0 : 

A 

with one single 0-0 bond (35 kcal.) one three-electron bond (63/2=31.5 
kcal.) and one 0-H bond (110 kcal.). It follows that for 

1/2 Hs + 0* = HOs 

* Bray, W. Jour. Am. Chem. Soc. 60: 82. 1938. 

Weiss, J. Trans. Faraday Soo 81: 668. 1935. 

s Pattlinir} !■- *'TlLe Nature of the Oheznical Bond.'* Cornell XTniv. Press, Ithaca. 1989. 
s See Reference 5 page 253. 
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AH, = - (110 + 36 + 31.5) + 51.5 + (35 + 63 + 20) = - 7 kcal. 
Similarly, for 

HOt + 1/2 Hi = HiOi 

AH, = - (220 + 35) + 51.5 + (36 + 110 + 31.5) = - 27 kcal. 

For 

Hi + Oi^ HiOt AH, = - 34 

and — — 36.5 

or AF (flf) — AH, + 2.5 

Similarly, for, 

Hi + 1/2 Oi = HiO AH, = - 58 

and AF‘‘ — — 56.5 

or AFo = AH, + 1.5 

By analogy, assuming that the quantity AFo® — AH, will be about 
the same amount greater for HOi compared with HtOi as it is for 
HiOi compared with HiO, it comes out to be about 3.5 kcal. Therefore, 
AF” for HOi = — 7.0 + 3.5 = — 3.5 kcal. per mol. 

For the reaction 

HiO = H+ + OH- (1) 

AFo = - 37 + 56 = 19 
"While for 

HiOi = H+ + HOi- ( 2 ) 

AF" = 31.6 - 16.5 = 16.0 
If the trend were to continue AF* for 

HOi = H+ + Oi- 

would be about 3 kcal. less than for reaction 2, or 13 kcal. The 
value, 13.0 kcal. roughly agrees with that su^ested by Bra 3 r* from the 
similarity between HOO and HOCl, hypochlorous acid. 

To summarize, for the reaction 

l/2Hi + Oi = Oi- + H+ 

taking F*fl+ = 0, AF® = — (— 3.6 + 13) = — 9.6 kcal. per mol. 
Or, finally, for the half reaction 

Oi~ — Oi "f* jS?~ E, — 0.4 Volts 
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The next step in the reduction probably is (O 2 would be expected to 
capture proton instantaneously) 

HOr = HO 2 + E- (3) 

Eo for reaction 3 may be obtained as follows; for 

HO 2 + 1/2 H 2 = HOi- + H+ 

SB — F**sOi ” 15.5 + 3,6 = — 12 kcal. 

Therefore 

Eo^ - 0.50 Volts 

Since oxygen is such a weak oxidizing agent for the first step in which, 
in addition, considerable activation energy might be required, the 
behavior of oxygen outlined in the first paragraph might be expected. 
Reducing agents powerful enough to initiate rapidly the reduction of 
oxygen would be so completely oxidized at equilibrium that no 
detectable amounts would remain. Furthermore, since the inter¬ 
mediate HO 2 is a much more powerful oxidizing agent than oxygen 
and, in addition, probably requires less activation energy for the 
capture of an electron it might be expected to have the property of 
an active intermediate, which under certain circumstances, could 
take part in the formation of reaction chains. Similarly, induced 
reactions might be expected, but the argument in this case is more 
involved. 

Certain conditions might serve to decrease both the free energy and 
the energy of activation required to initiate the reduction of the oxygen 
molecule. For instance, if a proton is captured as well as an electron 
AF® decreases to — 3.5 kcal. However, by analogy to the case of two 
electrons, the probability of electron and proton capture taking place 
simultaneously should be very small. 

Another possibility that must be considered in certain cases is that 
the reduction of the oxygen molecule might take place adiabatically 
(simultaneous breaking of old and forming of new chemical bonds) 
rather than by electron capture. Here of course an entirely different 
approach must be made. Certainly, such processes are of importance 
in the gas phase. In the main, however, the reactions of gaseous 
oxygen are also slow and subject to formation of reaction chains. 

There is one possibility which appears to be the most important in 
providing mechanisms for noiany oxygen reactions. If the O 2 molecule 
enters into complex formation with another substance prior to its 
reduction the free energy relationships in the various steps of the 
reduction as well as the energy of activation required may be quite 
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different. In this direction may lie the explanation of the importance 
of copper as a catalyst for a great many oxygen reactions. Since 
cuprous ion forms complexes with carbon monoxide, it is not alto¬ 
gether unlikely that it does so with oxygen. 

For more specific oxidation-reductions, the importance of the por- 
phyrines as enzymes might also be closely associated with the forma¬ 
tion of complexes with molecular oxygen. 
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The semiquinone radicals of the different oxidation-reduction 
systems are in general dissolved in water and thus, in order to measure 
their concentration by the para-hydrogen conversion, it is essential to 
measure the conversion of the dissolved hydrogen-in such a solution. 
Experimentally this is done by shaking para-hydrogen with the solu¬ 
tion of the paramagnetic substance in a closed vessel and by taking 
into account that only a certam part of the hydrogen—^namely, that 
which is dissolved—is undergoing conversion. 

If we denote the observed rate of conversion with Co,, then the true 
rate of the conversion (C*), due to the paramagnetic radical, will be 
pven by the equation 

Vg -f VeX 

C. = [Z] a = Coi. • - - (2) 

V, 

where and are the volumes of the free gas space and liquid 
respectively, and a is the solubility coefficient of hydrogen in the 
solution in question. 

The rate constant Cda may be derived from the half life duration 
time of the converaon 

ln2 



and is experimentally determined by following the change of the p-H* 
concentration with time during the conversion. The p-Hj concentra¬ 
tion is measured by the heat conductivity at low temperatures, the heat 
conductivities of p-Hj and o-H* differing from each other by several 
per cent at 160® abs. In order to estimate accurately the concentra¬ 
tion of the paramagnetic radical from the rate of conversion some 
corrections have to be made in equation (2). 

First of all, the conversion due to the pure solvent (in most cases 
of oxidation-reduction systems, water) must be deducted from the 
observed conversion. It was found that diamagnetic liquids also 
catalyze (very slowly) the para-ortho conversion, the rate constant 
being 3 • 10~’' to 3 • 10~* mole • liter”* • sec.”*. In these cases the con- 
veraon is due either to the nuclear paramagnetism of the molecule 
(e. g. in case of water) or to some weak magnetic moments generated 
by the rotation of the molecule (e. g., with CS 2 ). 

In aqueous solution the contribution of the solvent to the observed 
conversion amounts to 

Cafi = 1.13 • 10”* • 55.4 = 6.26 • 10”» mole • liter”* • sec.”* 
and instead of equation (2) we obtain 



FABKAS: THE ESTIMATION OF SEMIQUINONE RADICALS 131 


»-a + 

Cs = Co [Z] + Cna = Co, ■ * (2a) 

a v« 

The conversioii caused by the water becomes important, when the 
concentration of the paramagnetic radical is smaller than 6 - 10~^ 
mole/liter (correction ~ 10 per cent). 

The second correction to equation (2) relates to the change of the 
solubility of hydrogen in the presence of the oxidation-reduction 
system. In general, by increasing the amount of dissolved material the 
solubility will be diminished and the rise of a, as valid for pure water, 
would lead to an apparently too low value for Cs and thus for [Z]. 
Therefore, especially in concentrated solutions, this effect must be 
taken into account. 

In order to estimate the concentration of a semiquinone radical in 
an oxidation-reduction system it is best to investigate the system at 
the midpoint of the titration curve. The concentration of the semi¬ 
quinone radical has a maximum at the midpoint and if we denote with 
fc, the semiquinone formation constant 


k. 


[r] [t] 


(3) 


the concentration of the radical at the midpoint will be given by 


[si 


Vk. 


2 -b ■'i/k. 


w 


(4) 


if [a] is the concentration of the dye in all its forms. 

Calculated values of the concentration of the semiquinone radical 
(for [a] = 0.1 molar), corresponding to different h, values, are given 
in the following table. It is assumed that the dimerization is negligible. 


h 

Vk. 

[a] = 0.1 mole/liter 

Is] 

mole/liter 

Expected conversion 
in mole liter“i sec.-i 


2 + VFn 

10 

0.61 

0.06 

6 • 10-» 

1 

0.33 

0.033 

3,3 • 10-» 

10-1 

0.14 

0.014 

1.4 • 10-^ 

10-* 

0.048 

0.0048 

4.8 • 10-< 

io-» 

0.016 

0.0016 

1.6 • 10-^ 

10-* 

0.005 

0.0005 

5 • 10-« 

10-® 

0.0016 

0.00016 

1.6 - 10-» 
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K we assume that the accuracy of determination at very slow rates 
is ± 10 per cent (in fact it is greater) the lower limit for the detection 
of the semiquinone radicals is about 10*^ mole/liter. 

It will be seen that even with very small k, the concentration of the 
semiquinone radicals is high enoi^h to induce a well measurable 
converaon of para-hydrogen. Especially for h, values lower than 0.01 
is this of interest, dnce in this range the methods hitherto used cannot 
weU distinguish between fc, * 0 and h < 0.01. 

Some restriction to the applicability of the method must, however, 
be made. It is essential that the oxidation-reduction system should 
not undei^o irreverable changes during the measurement of the 
conversion, which will take 1 to 24 hours. Furthermore it is obvious 
that only diamagnetic reducing (oxiditing) agents can be used for the 
otidation (reduction) of the dye. 




Annals N. Y. Acad. Sci. 


VoL. XL, Art 3, Plate 1 



Restoration of the head of Pfotoccratops andrevLsu An old “male”. One-eighth natural 
size. Georgia Mary Wliitman, sculptress. 
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FxGUBE 1 Route of tbe Third Asiatic Expedition in Mongolia, 1922. firing the Dja- 
dochta locality where Protoceratops was discovered and all sabseqaent matenal was collected. 
After Osborn. 

Class Reptilia 

Order Ormthischia 

Prctoceraiopa andremt Granger & Gr^ory 
PtTiacosaterus grangen Gilmore 
Order Saunschia 

VeHocvraptor mofngohems^ Osborn 
Owraptor j)hiloceratop8 Osborn 
Savrormihcndes mongohensis Osborn 
Order Crocodilia 

Shamosuchua dgadochtaensia Mook 
Order Chdoma 

Deimatemylid gen. mdet 

Class Mammalia 

Order Multitaberculata 

I^adochUsthenum maWiewt Simpson 
Order Insectivora 

Ddiaihmdxum jv^rUtiberculaTe Gregory & Simpson 
Deliathertndes creUmcus Gregory & Sunpson 
Hyothendtwn dobsoni Gregory & Simpson 
Zaktmbdcilestes 2ecAet Gregory & Rimp gnn 
Zalamhdalestes grangeri Simpson 

The Djadochta beds are approximately 500 feet in thickness and 
are composed mostly of red sandstone. Concerning the lithology and 
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probable origin of this formation, Berkey and Morris make the 
following statement (1927:157-158): 

"The rodk is a red sandstone of vety uniform grain and comparatively mmide 
structure The grains are exquisitely graded, so that when the stone is weathered, 
it yields a sand that will run like the sand in an hour glass. There is virtually no 
admixed day, and separate beds of clay are few, occurring chiefly as channel fillings. 
Many of the sandstone beds contain myriads of small hmy concretions, some of 
them being traceable for as much as a mile. In places the sandstones appear mas- 
rive and structureless, forming she» vertical walls as much as forty feet high, in 
which neither beddmg nor colon-banding is seen; yet there massive layers pass 
laterally into well-bedded deposits. Cross-bedding, apparently of aedian type, is 
developed on a large scale at certain horizons. We believe that the formation is in 
hu^ part wind-blown, and that this histoiy is the major factor in accomplishing the 
perfect preservation of the delicate fossils which the Expedition recover^ finm it.” 

The exact age of the Djadochta formation is questionable. A 
survey of the list of the species given above, however, favors unmis¬ 
takably an assignment to the Upper Cretaceous. Among the twelve 
species recorded, only Protoceratops andrewsi gives any hint at all of 
possibly more definite correlation. As will be shown later, Lepto- 
ceratops from the Edmonton of Alberta, is indeed a very close relative 
of this Mongolian species. This affinity, therefore, suggests that the 
Djadochta beds are of Edmonton age. If, on the other hand, Mon¬ 
golia is regarded as the center of dispersal of the homed dinosaurs— 
which is quite probable—^then it is to be expected that the beds 
containing the archaic Protoceratops would be somewhat older than 
those in which the North American slightly more progresave Lepto- 
eeratops is found. Providing, of course, that Protoceratops is not a 
primitive survivor from an earlier period when such dispersal might 
have taken place. Offsetting this suggestion, however, is the possibility 
that Leptoceratops itself was a living fossil in the Edmonton from an 
earlier period of emigration to North America. In this case, the 
Djadochta formation would be considerably older than the Edmonton. 

The large and splendidly preserved Protoceratops collection is indeed 
unique. Every important growth stage from the egg to the old 
individual is represented by numerous specimens. No other collection 
of a fossil reptile is so complete. Moreover, this collection is even more 
remarkable because all of the material was secured in one locality. 
The specimens were scattered along an escarpment no greater than 
five miles in extent, and occurred within a maximum vertical range of 
only 150 feet in a rock of decidedly uniform lithology. These facts 
corroborate our conclusion, from a study of the material, that no 
more than one species is represented. 
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Previous Publications on Protoceratops 

Numerous references have been made to Protoceratops in both 
scientific and popular writings. Only three brief papers have appeared, 
however, which are especially devoted to a study of this primitive 
ceratoptian. The first of these is a preliminary description of the type 
by Gregory and Granger (1923) eontmning a short account of the 
structural relations of the Djadochta beds by Berkey. The second 
brief paper, by Gregory and Mook (1923), is devoted to the designation 
of the family Frotoceratopddae, to a s 3 mopsis of outstanding charac¬ 
teristics of the genus, and to a summary of general ceratoptian rela¬ 
tionships. The third paper consists of a four-page description of the 
microstructure of the egg-shells by Van Straelen (1925). In addi¬ 
tion to these, Gregory gave contiderable space to the morphology and 
evolutionary position of Protoceratops in his paper on “The Mongolian 
life Record” (1927). Lull, of course, in his monograph on the 
Ceratopsia (1983) devoted a short section to Protoceratops. This con¬ 
sists mainly of a slight revision of the generic characters, and quota¬ 
tions from Gregory and Mook with a few additional observations. 
Two papers by Brown and Schlaikjer have certain sections in which 
Protoceratops is spedfically treated, mid should be mentioned here. 
They stre, “The Orig^ of Ceratopsian Horn Corea” (1940a), and 
“A New Element in the Ceratopsian Jaw vrith Additioi^ Notes on 
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the Mandible (1940b). A semi-popular article by Granger (1936) 
is devoted to “The Story of the Dinosaur Egg'\ 

Material Studied 

Our detailed study of Protoceratopa has been supplemented by a 
thorough re-examination of all the ceratopsian material in the Ameri¬ 
can Museum, and by reference to the more important specimens in 
the National Museum, Peabody Museum of Natural History, Yale 
University, Royal Ontario Museum of Paleontology, and Museum 
of Comparative Zoology, Harvard University. 

A complete list of all the Protoceratopa specimens is given in the 
appendix. 

COMPARATIVE STUDY OF THE SKULL ELEMENTS 

While later in the paper summaiies of skull characters are given, it 
is well to point out here that in the following pages the procedure has 
been to describe each element of the skull from the young to the adult 
stage, emphasizing especially the salient growth changes. The primi¬ 
tive and variable characters are cited, and in each case an attempt has 
been made to point out the ontogenetic characters wherein Protoceror 
tops foreshadows the evolution of the later ceratopsians. Stress is 
also given to the importance of certain elements in the architecture 
of the skull, and in each of its many characteristics, Protoceratops is 
compared with the later ceratopsians. 

Sutures are clearly discernible in nearly all of the skulls. It is of 
interest to note, however, that in an occasional yoimg skull certain 
sutures are closed, while in some adult skulls these sutures remain 
open. Whether sutures are closed or open, is not, therefore, a safe 
criterion to age determination. 

The determination of skulls as male or female is purely a matter of 
conjecture, and our reasons for so doing are indeed tenuous. We 
regard those skulls as males which at any growth stage—as judged 
purely on a basis of size—are most robust and which give greatest 
emplmsis of the salient growth changes such as, widening of the frill, 
development of a parieto-frontal depresdon, increase of facial depth, 
development of incipient nasal horn-cores, etc. This conclusion is in 
keeping with the tendency among some reptiles, that the males are 
larger and more robust than females. It should be remembered, how¬ 
ever, that in certain living forms the males are smaller and more 
delicate. This might also be true for Protoceratops. Another inters 
pretation is that this supposed sexual distinction is nothing more than 
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individual variation. This, however, seems less likely since each of the 
t 3 T)e 8 presents some rather marked variations.* 

The unique and bizarre ceratoprian skull has presented paleon¬ 
tologists with many morphological enigmas. The large assemblage 
of splendidly preserved Protoceratops skulls has indeed afiorded much 
information relevant to these riddles. In the present paper, particular 
emphasis has been pven the following three more important problems, 
origin of hom-cores, composition of the frill, and origin of the secondary 
skull roof. These are treated in the discussion of the particular ele¬ 
ment or elements involved. The problem of the origin of hom-cores 
has been more fully conridered in another paper (Brown & Schlaikjer 
1940a). 

From this study it has become evident that the skull of Protoceror 
tops, as suggested by Professor W. K. Gregory (1927:177-180), in all 
of its forty-six elements is a remarkably ideal prototype for the 
Ceratopsia. 


Abbreviations of the Skull and Lower Jaw Elements 


Rostral.. 

. r 

Laterosphenoid. 

.... Is 

PmTOfljrillftjy.. 


Probtic. 

... pc 

Manllaiy. 


Bariocdpital. 

_ ho 

Lachrymal. 


Baaisphenoid. 

.... hs 

Nasal. 


Pterygoid. 

.... 

Prefrontal. 

. PKf 

Ectopterygoid...... 

.... ec 

Palpebral. 

. pap 

Palatine. 

.... pi 

Postorbital. 

. PO 

Prevomer. 

.... pvo 

Frontal. 

. / 

Predentary. 

.... pd 

Parietal. 

. pa 

Dentaay. 

.... d 

Squamosal. 

. «« 

Angular. 

.... ang 

Jugal. 

. j 

Surangular. 

.... 9<mg 

Epijugal. 

. ^ 

Articular. 

.... art 

Quadratojugal. 

. d 

Prearticular. 

.... part 

Quadrate. 

. « 

Splenial. 

.... sp 

Exoccipital. 


Coronoid. 

.... cor 

Supraocdpital. 


Intercoronoid. 

.... tear 


Rostral 

The rostral is considerably rounded in front so that the inferior tip 
of the beak lies ^most below the thin dorsal point. This dorsal point 
covers over, and beneath is wedged between, the anterior dorsal pro¬ 
jections of the nasals. The dorsal tip extends upward to a point 
slightly below the middle of the anterior mai^ of the naiial openii^. 

* The fiact that the two types of skolls are approxlmatdy eQoally reiseseiited in numbers 
also sngsefirtB the sex ratio 1 :1. 
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It approaches close to, but is never in contact with, the anterior tips 
of the nasals. The postero-inferior projections diverge outwardly at 
a rather sharp angle and extend back to the first of the two alveoli in 
each of the premaxillaiies, which brinp them into close proximity 
with the antero-inferior ends of the maxillaiies. The lateral wall 
covers a considerable part of the anterior end of the premaxillary 
which is received onto a low shelf-like ridge inside. There is a short 
blunt median inferior projection which wedges between the premaxil- 
laries. The posterior margin is gently curved anteriorly. The external 
surface is quite rugose. 

In the later ceratopsians there is a tendency for the rostral to occupy 
a more inferior position on the skull. This is a feature that is in keeping 
with the enlargement and expansion of the anterior portion of the 
premaxillaries and an enlargement of the nasal openings. likewise, 
as a result of these changes, the rostral in the later forms becomes 
greatly separated from the nasals above, and from the maxillaries 
below. Also, in the later forms the rostral becomes more rugose, the 
anterior end relatively more robust, and the posterior margin more 
sharply curved anteriorly. 


Premaxillary 

In Protoceratops the premaxillary occupies a greater proportion of 
the face than that bone does in any other ceratopsian. The posterior 
branch of the facial portion is broader than the anterior branch, and it 
extends upward and backward to a line even with or above the dorsal 
margin of the lachrymal, a feature, insofar as is known, that is dis¬ 
tinctive of this genus. Although in some cases, especially in the 
skulls of the younger individuals, it is closely approximated to, it is 
never actually in contact with the lachrymal. The only recorded 
instance of such a contact is in Monodonius (CeniTosaurus), and, as 
shown by Lull (1933:32), it is a variable feature of that genus. 

The anterior branch extends upward and abruptly backward to a 
position a short distance in front of the posterior mar^ of the narial 
opening in the small skulls and grows beyond the posterior mar^ of 
the narial opening in the older individuals. It is tightly and extensive¬ 
ly wedged in between the anterior ends of the nasal bones. The width 
of this branch increases from the young to the adult stage. This 
results primarily from a change in position of the oval-shaped narial 
opening, for the long axis of this opening becomes more erect with age. 
As this takes place, the anterior branch of the premaxillary increases 
in width, and there is a corresponding decrease in width of the pos- 
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tenor branch. In what we regard as the male skulls, the long axis of 
the narial opening is proportionately more erect than in the female 
skulls. The probable explanation of this is that the face of the male 
skull is proportionately shorter and deeper. 

Immediately below and in front of the antero-inferior margin of 
the narial opening there is a shallowly depressed area. This seems to 
be the homologue of the fossa in front of the narial opening which is 
so extensively developed in the later ceratopsians. In these, from a 
primitive form such as Brachyceratops to the advanced Triceralops, the 
narial opening migrates downward and backward as the face deepens, 
and as the nasals enlarge in the formation and support of the nasal 
horn. By this change, the premaxillary becomes profoundly modified. 
The posterior wing is crowded downward, and the fossa becomes 
deepened, greatly enlarged, and confluent with the narial opening. 
The anterior parts of the premaxillaries thus become greatly enlarged, 
and medially in the fossa they become thinly compressed posteriorly 
to form a septrim. In Protoceratops there is no septum, although there 
is a beginning of one, in the form of a welt, inside the narial opening, 
at the antero-inferior end where the premaxillaries meet. As the 
fossa deepens in the later forms and becomes merged with the narial 
opening, the premaxillary forms a thin septum which at first, in forms 
such as Brachyceratops and MmoclonitiSf is confined to a position in 
front of the narial opening, but later grows back to form a postero- 
inferior wing in the narial opening. This structure is primitively 
shown in Chasmosaurus and Pentaceratops, is more advanced in 
ArrhinoceratopSf and is excessively developed in Triceratops, In some 
of the earlier divergent genera and in the progressive genus Triceratops, 
the septum in the fossa is perforated by an interpremaxillary fonta- 
nelle. Concerning this, Lull (1933:32) says, ‘^This fenestration is not 
present in all Tricerc^ps skulls, which leads to the supposition that 
it may not have been normally present in the living animal, but is 
merely an accidental post-mortem perforation through the thin 
septum.” As admitted in part of this statement, and as is unquestion¬ 
ably shown in some of the specimens, this perforation is a true fenestra 
in some skulls. Its absence in others simply signifies that it is a varia¬ 
ble feature and is, in some individuals, merely a further expression of 
marked fenestration in the whole front part of the film]] —a requisite 
for strengthening in that r^on which was in keeping with increase in 
size of brow horns, and increase in masticatory function of the jaws. 

The inferior margin of the premaxillary is short in Protoceraiops, 
In the older individuals it is straight, but in the younger ones it is 
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occaaonally convex downward, although it is normally concave up¬ 
ward. The latter is principally the result of the development of a 
rather sharp projection at the posterior mar^n at the union with the 
maxillary. A feature of the ventral margin of the premaxillary in 
Protoceratops that is unique among the ceratopsians is the presence of 
two subequal, rather long, conical teeth that are set close together 
midway between the posterior end of the rostral and the front of the 
maxillary.* 

On their ventral surfaces, the premaxillaries unite to form the 
narrow and deep front portion of the skull. This narrowness and 
deepness is more emphasized in the skulls of younger individuals. 
Postero-medially they are separated by a projection of the maxillaries 
that extends forward to opposite the anterior of the front premaxillary 
tooth. This is a primitive feature, for in later forms the projections 
of the maxillaries become much shortened and more blunt. Also, the 
rounded, and backwardly curved posterior mar^n of the premaxillary 
becomes fairly straight in Monochnius, and in Triceratops it actually 
curves forward. On the palatal surface of the premaxillary there is 
a single large foramen opposite and a little in front of the posterior 
projection of the rostral. In Triceratops there are two and sometimes 
three such foramina. 

Maxillary 

The maxillary is proportionately deeper than in any other known 
ceratopsian. It extends foiu-fifths up the side of the face, at least to 
opposite the middle of the front mar^ of the orbit where it has a 
slight contact with the nasal—a contact that seems to be of no particu¬ 
lar taxonomic importance in the Ceratopsidae. In some of the later 
forms this contact is prevented by premaxiUary-lachrymal union, 
and in others it is not. 

Steepness is characteristic of the front of the maxillary. In later 
genera, along with the enlargement of the narial opening and down¬ 
ward crowding of the posterior wing of the premaxillary, the front 
margin obtains a very gentle slope. This character is most empha¬ 
sized in Triceratops and especially in the species T. serratus. Steep¬ 
ness is likewise a feature of the posterior margin but, again, this is 
primitive, for in contrast to later forms, the posterior alveolar portion 
is not as extended, and the jugal is not erect and not as coi]ustricted at 
the point of contact with the maxillary. 

* Fragmentary material in The American Mnseoni collection and In the National Mnaenm 
^owB that premaxillary teeth were also present in Leptoceratops, 
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From the ventral margin of the jugal a heavy ridge extends forward 
onto the maxillary. It becomes less pronounced anteriorly, and under 
the front of the antorbital fossa it bends downward and reaches the 
inferior edge of the maxillary just in front of the teeth. The develop¬ 
ment of this ridge on either side of the face gives the whole front part 
of the skull a wedge-shaped appearance. In his restoration of Diceror 
tops haieheri, Lull (1905:422) intimated that these and corresponding 
ridges on the dentaries showed the presence of “muscular cheeks” 
in the Ceiatopsia. In his study of cranial musculature in the cera- 
topaans (1908; 389) he states, “Cheek muscles must have existed, 
originating on the outer ade of the maxillary and the posterior por¬ 
tion of the premaxillary as indicated by a sudden inward compression 
of the lower portion of these bones along a line running obliquely 
downward and forward from the jugal to the lower margin of the pre¬ 
maxillary bone. The insertion of this muscle lies along the forward 
margin of the coronoid and sweeps forward along the outer surface of 
the jaw, finally rising again to the end at the upper termination of the 
dentary-predentary suture. This broad sheet of muscle, probably 
equivalent to the buccinator, was subsidiary to mastication, as its 
chief ftmction was to retain the food in the mouth. The extent of this 
muscle limits the backward extent of the gape of the mouth, as the 
writer (Lull 1905) has shown in previous papers.” On plate one in 
this paper, the supposed muscle is definitely labeled “buccinator.” 
Though with no occasion to refer to this muscle by name. Lull, in bis 
“Reviaon of the Ceratopsia or Homed Dinosaurs” (1933: 21), re¬ 
tains his belief in “muscular cheeks,” which are “formed largely of 
the masseter muscles.” 

The most recent contribution to the subject of musculature in the 
ceratopsians is by Russell (1935) who describes (p. 40) “A sheet-like 
muscle, which extends vertically from maxilla to dentary, with a 
possible attachment to the angle of the mouth.” This he definitely 
calls, and illustrates as (figure 9), the buccinator muscle. 

As is well known, the buccinator muscle is not present in reptiles. 
It is a facial muscle, innervated by a branch of the seventh nerve, that 
is characteristic of the Mammalia. It is a member of the group of 
facial muscles derived from a muscle sheet, known as the sphincter 
colli, situated on the side of the neck in reptiles.* 

If a muscle were present on the side of the face of ceratoprians, it 

* Among thB msjsy contaributions 'written on the evolution of head and neck mnacnlatare. 
two outstanding and thorough works are: ** A Memoir on the Phylogeny of the Jaw Muscles 
in Becmit and Fossa Vibrates/* Adams (1019), and ^'Evolution of Facial Moscalature 
and Cutaneous Field of Trigeminus,'* Huber (1930). 
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would have to be a branch of the superficial layer of the capiti-roan- 
dibularis. This is possible, but highly improbable. The presence of 
such a muscle as a separate vertical sheet, as restored by Lull and 
Bussell, is certainly improbable. Since the width across the maxillary 
ridges is greater than that across the ridges leading forward from the 
ascending portions of the dentaries, muscles from the maxillary ridges 
to the ridges on the dentaries would have had a tendency to pull the 
jaws outward and upward. We know the capiti-mandibulaiis to have 
been very well developed. It exerted an upward and backward pull 
on the jaw while the large pterygoideus anterior extended obliquely 
across this and exerted an upward and forward pull. They thus 
cooperated in doting the jaw. A maxillaiy-dentary muscle would 
have usurped much of the upward pull of these two larger muscles, 
and would have pulled outwardly against them both—a most un¬ 
natural function. Furthermore, there is no indication of a muscle 
attachment on the maxillary. Just above the alveoli, extending back 
about halfway along the tooth-row, there are a number of foramina 
for the emission of small branches from the maxillaris branch of the 
trigeminus nerve—showing that the labial skin was highly inner¬ 
vated. Similar foramina (for emistion of branches from the mandibu- 
laiis branch of the trigeminus) are present on the dentary back to 
about the middle of the tooth-row. Behind this area the coronoid 
ridge ascends rapidly, and along the intide of it and in the coronoid 
area is a well-marked zone of insertion. We believe that this marks 
the insertion of the capiti-n3andibulaiis which extended upward and 
backward and occupied the large tror^ that leads under the ji^al, 
covering the posterior part of the alveolar portion of the maxillary, 
and on up to the parietal crest. We are also of the opinion, for reasons 
cited above, that there is no evidence that a muscle from the maxillary 
ridge to the ridge in front of the ascending portion of the dentary was 
present in any of the ceratoptians. The maxillary ridges seem to be 
nothing more than braces in front of the heavy inferior margin of the 
jugals—^normal structures in the architecture of such a skull. 

The inferior mas^ of the maxillary curves outward and forward in 
front of the first alveolus for a distance of approximately two-sevenths 
of the greatest length of the maxillary. In later ceratoptians this pre- 
alveolar space is much reduced, tince the first tooth is tituated almost 
at the premaxillary-maxiUary suture. 

On the ventral surface the maxillaries unite medially to form an 
anterior extention wedged between the prematiUaiies. The form and 
extent of this projection is somewhat variable. It is Y-shaped and 
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fairly blunt. Normally, it extends forward to opposite the first pre- 
maxillaiy tooth (a primitiTe feature). The palatal contact of the 
maxillaries is restricted to only the median projection. Behind this 
the paired prevomers are wedged tightly between the two bones 
back to the opening of the internal nares which begin about opposite 
the first maxiUary tooth. In Chasmosaurua beUi (Lull 1933, fig. 30) 
the maxillaries have only a tip of the prevomers wedged between them, 
and in Triceraiopa aerratua (Am. Mus. No. 970) none on the palatal 
surface. 

In Prcioceratopa the maxillaries flare outward posteriorly giving the 
palate an open V-shaped form. With ^ the palate becomes propor¬ 
tionately even wider posteriorly—a change that is correlated with the 
proportionate increase in width of the whole skull in the adult speci¬ 
mens. In the later ceratopsians the position of the maxillaries is more 
antero-posterior, and the posterior part of the palate is relatively 
much narrower. This is the result mainly of the development of a 
narrower skull and the posterior growth of the maxillaries. 

On the palatal surface just above the alveolar border there is a 
series of “foramina”—one for each alveolus. These are irregular and 
small, although in most specimens they appear to be large because the 
very thin margins have been broken away. These are undoubtedly 
for the emission of branches of the maxillary branch of the trigeminus. 
Their serial arrai^ement, thdr larger size under larger teeth, and thdr 
change from a rounded form in the young to an oval form in the adult 
surest that they originated from the dissolving of the bone at the 
base of each vertical series of teeth when the animal’s growth rate was 
most rapid. (See Brown and Schlaikjer 1940b for a full discussion of 
analogous foramina in the lower jaw.) 

Ventrally the posterior surface of the maxillary is mostly in contact 
with the palatine. Below this, in the immature specimens, it is braced 
against the ectopteiygoid. With age there is an increase in number 
of teeth and a proportionate increase in the alveolar dimension of the 
maxillary. It grows posteriorly and on the extended alveolar margin 
becomes braced against the anterior latero-ventral projection of the 
pterygoid, thus restricting the palatal extent of the ectopterygoid. 
This is precisely what happens in the more advanced ceratopsians, 
only to a greater degree. In Siyracoaawrua (Lambe 1913:112) and in 
Triceratopa (Hatcher, Marsh & Lull 1907: 26), the ectopterygoid is 
eliminated entirely from the palatal surface and the maxillary is more 
extensively in contact with the pterygoid. 

The greater portion of tiie large preorHtal fossa is developed on the 
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maxillary. It also includes a considerable portion of the lachrymal, 
and the most anterior external point of the jugal. Inferiorly it is 
deep and pocket-like and is bounded by a strong shelf-like border just 
above the maxillary ridge. A similar border overhangs the superior 
margin, thus forming a rather deep pocket. In the older individuals 
there is a tendency for this pocket to become eliminated and for the 
mar gin to become less distinctive. This seems to foreshadovr what 
takes place in the later ceratopsians, in which the fossa is almost 
entirely eliminated, with only the preorbital foramen remaining. The 
foramen is situated posteriorly in the fossa where the lachrymal, 
maxillaiy, and jugal sutures meet. It varies slightly in size and posi¬ 
tion, and leads directly into the narial chamber. In the younger forms 
the foramen is relatively larger and the fossa is deeper and better 
defined. These facts seem to substantiate the suggestion of Gregory 
(1920:127) that the fossa is a vestige of an antorbital opening. 

Lachrymal 

The relatively large lachrymal is another primitive feature of 
Protoceratops. It occupies most of the front margin of the orbit and a 
considerable part of the face. It is somewhat proportionately smaller 
in the older individuals—a tendency that is prevalent among the 
later ceratopsians. Also, in these later forms the orbital extent of the 
lachrymal becomes limited, the ventral noargin straightened, and the 
dorsal mar^, which is quite straight and meets the anterior mar^ 
about at a right angle in Protoceratops, becomes steeply sloping and 
unites with the anterior maj^in to form a wide open angle. These 
changes take place as the anterior portion of the jugal swings forward, 
as the preorbital fossa is eliminated, and as the nasal enlarges and 
grows downward onto the tide of the face, (See wgtfkb 3.) 

In the ceratoptians tire lachrymal acts as a sort of keystone in the 
architecture of the orbit, and rmdergoes a considerable modification 
throughout the evolution of the group. In Protoceratopa it is quad¬ 
rangular in outline, and in the very young individuals the front border 
faces obliquely downward. With age, the front border becomes more 
erect until in the very old forms it is nearly vertical. This change of 
the lachrymal to a more erect position seems correlated with deepening 
of the face, and the enlargement, especially the upgrowth, of the 
nasals. In skull Am. Mus. No. 6429, thoiigh a fairly mature in^vidual, 
the face is not as deepened as in other specimens of the same size and 
the front of the lachrymal faces much more obliquely downward as in 
the young forms. In all members of the group the lachrymal receives 



48 


ANNAIS NEW YORK ACADEMY OF SCIENCES 



Figubs 3. SeriiQS of ceratopslaii bTchIIb showing the r8ditct£o& and change of position of 
the lachrymal bcooe. A, ProtoceroiopE andfitoEi. B, MonocUmius flexus, modified from 
Lun. C, Triceratops jtiOelUaus, modified from Hatchs, ’M’n.wth, and Lull. 
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stresses from the jaw articulation through the large jugal, from the 
maxillary below, and from the temporal area via the supraorbital 
arch. The development of horns and their related skull mo^ficatioDS 
add to the functions of the lacluymal, and reflect in it corresponding 
changes. In the older individuals of Protoceraiops there was at least 
an incipient hom-protuberance covering the highly arched nasals. 
From this area stresses were transmitted, partially via the prefrontal, 
through the lacluymal backward to the jugal, and downward to the 
maxillary. In a more advanced form, such as Monochniua, the front 
of the lachrymal begins to face obliquely upward, and the entire bone 
begms to lose its quadrangular shape. The anterior and superior 
mar gins meet to form an obtuse angle wedged between the latero< 
posterior margin of the enlarged nasal and the latero-anterior mar^ 
of the frontal—a strategic position for transmitting stresses from the 
large nasal horn postero-ventrally to the jugal. Stresses from the 
rudimentary brow horn above can also be relayed to the lower bones 
of the face. In the advanced Triceratops, of the uppermost Cretaceous, 
in which the nasal horn is still pr^ent, and the brow horns are enor¬ 
mously developed, the lachrymal is quite lozenge-shaped. With the 
forward rotation of the jugal and the downward progression of the 
premaxillary and nasal, it is admirably located for sending to the 
maxillary and jugal stresses recdived from the brow horns, and for 
disseminating around the orbit those received from the nasal horn. 

Nasal 

As in Leptoceratops the nasal is smaller than in any of the other 
known ceratopsians. In lateral view, it is quite short and fairly deep 
in the very yoimg individual. In the medium-sized skulls it lengthens 
and is relatively less deep. In the older skulls it begins to arch up 
about midway back forming an incipient horn-core, and assumes 
deeper proportions. As this takes place, the anterior extension 
becomes somewhat abbreviated and an antero-inferior process grows 
down below the posterior part of the naiial opening, cauang the lateral 
form of the nasal to become forked in front. Likewise, there are 
marked changes in proportions in the dorsal form of the nasals from 
the young to the adult stage. In the young specimens, the nasals are 
broad, flat, and bluntly wedge-shaped. With age they become pro¬ 
portionately narrower and longer, although this change is not espe¬ 
cially constant with age. Occasionally a fair^zed skull, such as Am. 
Mus. No. 6429, has the short and wide nasals more as in the juvenile 
forms. This shows that there is some variation in the nasal, which 
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amply means that the tendency for that bone to become narrower 
and longer is somewhat retarded in an occasional skull. 

Anteriorly the nasals embrace the posterior extensions of the pre- 
maxhlaries, and the extent of this embracement increases with age so 
that in the skull of an old individual it is conaderably behind the 
posterior mar^ of the narial opening. Posteriorly the frontals are 
bluntly wedged in between the nasals to a point just anterior to 
opposite the front of the orbit in the very immature skulls. As the 
nasals elongate, this point shifts posteriorly to oppodte or behind the 
front border of the orbit. There is a backward noigraiion of the pos¬ 
terior projection of the nasal which also becomes more pointed with 

There is a longitudinal median groove on the dorsal surface of the 
nasals that extends throughout their sutural length. In the young 
and early adult skulls, this groove continues back onto the anterior 
projection of the frontals. In the older individuals, it is confined to 
the nasals. In the smallest skulls, this groove is broad and very shal¬ 
low. With age it becomes deeper and narrower, although there is 
some variability in deepness and narrowness in both, what we con- 
nder as male and female skulls. In skulls of the same size, however, 
it does seem to be deeper and narrower in the male. The development 
of this groove, together with the proportionate deepening and nar¬ 
rowing of the nasals and the marked upward arching of them into an 
incipient horn-core, is of considerable morphological significance 
insofar as the evolution of the nasal horn in the ceratopaans is con¬ 
cerned. As the nasal bones arch upward, the median groove becomes 
very constricted between the apices of the convexities. This arching 
of the nasals and the fact that the grain of the bone tends towards the 
apices suggests that the nasals probably bore one, or possibly two 
bom-like protuberances. Although there is no evidence that osacles 
were present. 

In the light of this evidence, it seems reasonable to conclude there¬ 
fore, that the arching of the nasals in Protoceratops represents the 
begmning of a nasal horn-core in the ceratopsians. The only change 
necessary for giving rise to the next advanced stage, as seen in Brachy- 
ceratops, would be for the nasals to continue to grow upward into a 
pronounced laterally flattened nasal hom-core. (See FiotTBB 6.) 

The problem of the ori^ and evolution of the ceratoptian nasal 
hom-core has been more fully treated in a previous paper (Brown and 
Schlaikjer 1940a). 



FiatTBB 5. Stroctnral series at oeratopsiaii dmlls showins the defvelopmaat of hom-oores. 
A. Protoeereaops andrewsl, Slcnll of aa adult **male.** B. Prctoeeratops tmdrewsL SkoU 
iHt an old **male.** O, Brachyceratops mtmUmensts. Modified from. Gfimore. D, Afono> 
cUmtus flexus. Mochfli^ from LqU. B, Tnceraiops prorsus. Modified from Hatcher. 
Marsh, and lioll. From Brora and Sdslafioer 1940a. 
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Prefrontal and Palpebral 

The prefrontal shows marked changes of proportions with age. In 
the skull of a young individual it is relatively short, proportionately 
broad in front, extends down on the side of the face somewhat, and on 
the orbital border it is restricted more to the antero-superior comer. 
With age, it elongates posteriorly, thus approaching the postorbital 
more closely; it becomes narrower in front; and, in a fully adult 
skull, it forms more than one>half of the superior border of the orbit. 
This change in form and podtion is controlled by a proportionate 
reduction in the dze of the orbit, the elongation of the nasal posteriorly, 
and the backward shifting of the frontal. 

The prefrontals do not meet in the midline to exclude the nasals 
from contact with the frontals, although they more closely approxi¬ 
mate the midline mth age. This character is unique in Protoceratops.* 
In all known later forms the prefrontals unite along the midline on the 
skull surface between the nasals and frontals. In Brachyceraiops the 
union is just beginning, but in the more advanced forms it is extendve. 
In such a later stage the prefrontals act as braces across the top of the 
skull just in front of the much enlarged brow hom-cores thus meeting 
the demand for greater strengthening in this area. This change 
proceeds with the modifications, to be described below, which the 
postorbitals and frontals undergo during the evolution of the Cera- 
topsia. 

The fact that the prefrontal forms such an extendve part of the 
orbital margin in Protoceratops is also unique. In the known later 
genera, according to von Huene, Gilmore, Granger and Gregory, and 
Sternberg, the antero-superior mar^ of the orbit is formed by a 
separate dement, called the “supraorbital,” which separates com¬ 
pletely the prefrontal from the margin of the orbit. Von Huene (1911) 
figures (figure 3) a supraorlntal in the skull of Triceratops proneus 
(Y.P.M. 1820), and says (p. 159) that one is present in the skull of T. 
horridus (Y.P.M. 1820), and in a fragmentary specimen of Triceratops 
sp. (U.S.N.M. 4286). In describing the prefrontal of Brachyceraiops, 
Gihnore (1917: 9-10) says, “Near the posterior termination on &e 
external dde a narrow vertical sutural surface was for the articulation 
of the small supraorbital bone, which is miRging. ■phis element would 
have completed the thickened orbital border which projects immedi¬ 
ately in front of the eye and which forms so conspicuous a feature of 


* The prefrontals of Leptociratops are miknown. The satnral sorfaoes for contact with 
them tiiat are preserved on the nasaJs seem to Indicate that they were about as in Proto- 
etratops. 
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the ceratopaan skull.” In comparing Protoceratops ■with “the tree 
Ceratopsia,” Granger and Gregory (1923) say that in all the later 
forms there are supraorbital bones. Sternberg (1927, pi. 1) suggests 
a supraorbital in Styracosaurus, and figures (pi. 3) a fragmentary 
specimen of a young IChasmosaurus sho'wing an element in front of, 
and suturally distinct from, the postorbital. This he calls the supra¬ 
orbital. That the so-called supraorbital is present in the later Cera- 
topria is not entirely ^rithout question. Hatcher, Marsh, and Lull, 
having studied the same specimens as did von Huene, make no men¬ 
tion of, nor do they figure the supraorbital in any of the specimens 
dealt with in thdr Monograph on the Ceratopsia. In Brachyceratops, 
the supraorbital is only supposed to have been present, and Sternberg 
has not recorded the possibility that the supraorbital in his immature 
^Chasmosaurus might be the prefrontal, and what he supposes to be 
the fragment of the prefrontal might be a portion of the nasal. His 
interpretation seems most logical, however, since in Chasmosaurus 
the prefrontals unite in the median line to separate the nasals from 
contact ■with the frontals. It cannot be regarded, however, as the 
homologue of the true supraorbital. This element occurs only in some 
of the fishes and is unkno'wn in any of the higher vertebrates. 

In Proceraiops there is a small bone over the front of the orbit which 
freely articulates with the prefrontal. To this Gregory and Mook 
(1925:1) gave the name “palpebral bone” because they regarded it, 
and rightfully so, as the homologue of the “ eye lid ” bone of the Croco- 
dilia, or of a form such as Varamis. They also intimated that these 
palpebral bones were homologous to the supposed “supraorbitals,” 
for in designating the characters of the family Protoceratopsidae (p. 4), 
they state: “Freely articulating palpebral bones (supraorbitals) at¬ 
tached to the antero-superior comer of the orbits.” They were 
followed in this by StemWg (1927:138) who says that in Prototxra- 
tops . . the supraorbital bones are freely articulating, pal¬ 
pebral bones . . .” Also, in describing the bones on the skull 
roof, Lull says (1933: 76): “I should interpret the pair of bones lying 
between the orbits on the dorsal surface of this skull as frontals, 
flanked in front and behind the orbit by the prefrontals and post- 
frontals respectively, the ‘freely articulating palpebral bones’ of 
Gregory and Mook representing the supraorbitals.” 

It seems probable that the “supraorbitals” in the later ceratoprian 
are the palpebral bones which lufye been incorporated in the structure 
of the superior orbital margin. This could be accomplished amply by 
the forward growth of the postorbitals and the mesial growth of the 
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prefrontals, •which, of course, has happened. The postorhitaJs would 
then come in contact with the palpebrals and become suturaUy 
united ■with them. How such a transformation took place can he seen 
in homologizing the skull elements in Protoceratops and BrachycercUops. 
The unusual thecodont archaeosaur, Sebecus icaeorhinus Simpson 
(1937) from the Eocene of South America also suggests in a striking 
way, by the constriction across the frontals and the enlargement of 
the palpebrals, how this change could have been accomplished in the 
ceratopsians. (See plate 4.) 


Postorbital 

The postorbital is primiti've in position and in form. Its position is 
for most part posterior to the orbit, where it forms the front of the 
narrow and still quite primitive postorbital-squamosal bar. It 
enlarges somewhat with age, arch^ quite pronouncedly, and becomes 
very rugose, thus foreshadowing the change that takes place in the 
later forms in which brow hom-cores are developed. 

As in all ceratopaans, the ventral wing of the postorbital reaches 
the postero-inferior comer of the orbit. It is long and pointed in the 
young but -with age becomes deeper and more bluntly united •with the 
ji^al below. The posterior •wing in the be^nning is short and fits into 
a rather deep notch in the squamosal. With age it extends backward 
and in the fully adiilt indi'viduals it is conmderably underlain by the 
ventral fork of the squamosal while the dorsal fork is abbre'viated, 
although this feature is quite variable in some skulls. In skull Am. 
Mus. No. 6408, an immature female, the fork of the squamosal is 
almost lacking. The dorsal wing is short and well defined in the 
youngest specimens. In the older forms it is less defined and migrates 
forward over the posterior border of the orbit, and the postero-intemal 
border of the whole bone becomes straightened. 

There can be no question about the homology of the postorbital in 
Protoceratops, for, as in all of the ceratopmans, it receives on its under 
surface the vertical projection of the laterosphenoid. 

This dement is of unusual interest, because, in its primitiveness and 
in the change it undergoes from youth to old age, it sho'ws the first 
stage of what is perhaps the greatest transformation of any sin^e 
element in the ceratopsian skull during the evolution of the group. 
From this primitive stage, the postorbital grows forward, unites with 
the enlaced palpebral, and thus eliminates the frontal and prefrontal 
from the margin of t^ orlnt. At this stage, as shown by Brachy- 
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Scbecus icacorhtmu Simpson, a South Ameiican Eocene archaeosaur. Doisal view of the 
skull, illufatiating the development o£ the palpebials and how they have invaded the skull 
loof. 
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Protcceraiops andrewsi, Endocranial cast of a fully adult “male”. Am. Mus. No. 6466, 
Rowing main areas of the brain, the semicircular canals, and the cranial nerves. 
A, ventral view. B, right lateral view. C, dorsal view. Cast by Otto Falkenbach. 
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Anchtc^atops oi^atus. Endocranial cast of the paratype. Am. Mus. No. 5259 A ventral 
view. B. right lateral view. C, dorsal view, dst b™Otto Falk^baX 
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ceratops, the dorsal surface protrudes to form an incipient brow horn- 
core. Apparently, the development of the brow horn-core is held in 
check, at least in the Monochnim-Triceratops line, while the nasal 
horn-core proceeds to enlarge. This emphasis of the nasal horn-core 
development before that of the brow hom-cores is already established 
in Protoceratops, When a reduction of the nasal hom-core begins, the 
brow hom-cores then enlarge, and reach their maximum development 



Fiottbs 6 . Fostorbital bone of a Tory young Triceratops sp . from the Oreek beds 
of Montana showing the brow hom-core as an outgrowth of that bone. After Brown and 
Schlailder 1940a. 


in Triceraiops by the close of the Cretaceous. In Triceratops euryc&- 
phaLus, the last of the known species, the brow hom-cores have 
reached extraordinary proportions and the nasal hom-core is reduced 
to a low base on which rests a small sutorally distinct hom-core. 
(See notnEtEs 5 and 6.) 

The problem of ori^ and evolution of ceratopsian brow hom-cores 
has been fully treated in a previous paper by us (1940a). 
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Frontal 

In the very young skull of Protoceratopa, the frontals are primitive 
in form and in dimensions. They compose most of the skull roof 
between the orbits. Anteriorly they are elongated and form a wedge- 
shaped projection between the prefrontals and nasals that extends in 
front of the anterior margins of the proportionately much enlarged 
orbits. Posteriorly they deflect laterally to meet the lateral wings of 
the postorbitals, and the posterior contact with the parietals is broadly 
exposed on the skull roof. The dorsal surface is quite flat and is but 
slightly rugose. 

With age, the following changes in the frontals take place. (1) The 
anterior projection becomes abbreviated and blimt, a change that 
results from the posterior extension of the nasals and prefrontals. 
(2) The exposure of the frontals on the superior borders of the orbits 
becomes restricted by the posterior growth of the prefrontals and the 
anterior growth of the postorbitals. (3) The posterior lateral pro¬ 
jections are reduced, especially anteriorly, because of the anterior and 
mesial growth of the postorbitals. (4) The dorsal contact with the 
parietals becomes proportionately narrower, and the suture, which is 
straight at first, swings forward in the adult skulls. (6) There is a 
proportionate reduction in size. 

In every one of these changes, the frontals foreshadow the morphol¬ 
ogy of these bones in all of the later Ceratopsia. In addition to these 
changes, there is one other whidi is of greater tignificance than any, 
and therefore deserves separate consideration. It concerns one of the 
most puzzling features of the ceratoptian skull,—^the development of a 
secondary dniU roof. Definite evidence of how and of what this 
secondary roof is formed has never been presented. In Protoceratopa 
the very beginning of this secondary roofing is admirably shown. TMs 
new evidence, together with the evidence shown in Brachyceratops, as 
figured by Gilmore (1917, figure 3), in Styracosaunts, as figured and 
described by Sternberg (1927:139-140, pi. 1), in MonocHonius, as seen 
in specimens in the American Museum (especially No. 6442), and in 
various species of Triceralops, gives the most probable answer as to 
the origin and composition of this unusual structure. 

In the youngest of Protoceraiops skulls, the frontals are nearly flat 
on the dorsal surface. Posteriorly at the median line they meet to 
form a small V-shaped projection wedged in between the front of the 
parietals. In those which we regard as probably male skulls, a slight 
depresaon soon appears in the young individusd where the parietals 
and frontals unite on the dorsal surface. This depresaon is about 
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equally developed on the parietals and frontals ajid is bounded in 
front by a low edge that extends forward and inward from the postero¬ 
lateral mar^s of the frontals. At the median suture this ^ge ex¬ 
tends posteriorly to form a short projection which is about as far 
forward from the frontal-parietal suture as the blunt anterior termina¬ 
tion of the parietal crest is behind this suture. In the oldest skulls, as 
shown in Am. Mus. No. 6438 (riQxmEs 7 and 8), this parieto-frontal 
depression becomes deeper, becomes more rounded in front, and be¬ 
comes much more extensive—^including nearly one-third of the dorsal 
surface of the frontals. In the male skulls, there is some variation. 
An occasional large skull may not have the depression as well developed 
as a smaller one. Specimen Am. Mus. No. 6425 is somewhat smaller 
than the largest (Am. Mus. No. 6438) yet the depression is scarcely 
formed. In none of the skulls, which we regard as females, is this 
depression developed, although the area is generally a bit concave and 
lacks the rugosity characteristic of the rest of the dorsal surface of the 
frontal. 

It seems probable that this parieto-frontal depression of Proto- 
ceratops is the homologue of what is most frequently spoken of as the 
“postfrontal fontanelle,” or what Sternberg (1927: 138) has more 
rightfully called the “frontal fontanelle,” of the later ceratopsians. 
It shows, we think, the very beginning of the secondary roofing of the 
skull which is accomplished to such an extent in some species of 
Triceratops that the fontanelle opening is completely obliterated. 

The transitional stages between the open parieto-frontal depression 
of Protoceratops and the nearly, or completely, closed over second¬ 
ary skull roof of Triceraiops are adnoirably shown by Brachyceraiops 
and Monoclonius. In Brachyceraiops the depression extends even 
farther forward than in Protoceratops. It has become somewhat 
deeper, and with the enlargement of the postorbitals and the appear¬ 
ance of postorbital hom-cores, it is becoming rather constricted 
laterally. The only recorded specimen of Brachyceraiops is an imma¬ 
ture individual and it is entirely possible that all of these characters 
may be even more emphasized in the adult sts^e. Such is the case 
with Protoceratops and it seems reasonable to expect the same in 
Brachyceraiops.* Also, mainly as a result of the changes in the post¬ 
orbitals, the frontals have become eliminated from the orbital borders 
and the frontal-postorbital sutures are in a more antero-posterior 
position. Anteriorly they extend along the inner flanks of the post- 

* Recently Gflxnore (1039: 12) bas described the frUl of an adult. The characters 
placed hi the portion which unites with the frontsds subs ta n t tates this suggestion. 
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orbital hom-cores and then meet medially to form the usual anterior 
projection. At this stage the prefrontals have come in contact with 
the postorbitals and have been eliminated from the orbital bordem by 
the palpebral bones, or “supraorbitals,” which have been taken over 
into the skull roof and suturally united with the prefrontals and post- 
orbitals. The blunt anterior termination of the parietal crest in 
Brachyceratops has become broadened and heavy, thus indicating the 
beginning of the concentration of the capiti-mandibularis insertion in 
this region of the crest. 

In Monodomus, as in Styraeosaurus, the parieto-frontal depression 
has become considerably deeper and so laterally compressed that its 
sides are now parallel and are somewhat overhanging. Along with this 
change, the antero-lateral margins of the parietais have migrated 
invard, and upward to a level almost the same as that of the lateral 
portions of the frontals, which have remained on the surface of the 
skull roof. As in Brachyceratops, the anterior projection of the frontals 
also remains on the surface, and the relationship of the frontals to the 
other roof bones is about the same as in that geniis. 

Chasmosaurus, in which the brow hom-cores are considerably 
developed, shows a stage in this secondary roofing of the skuU that is 
stracturally intermediate between that of Monodomus and Tncera- 
tops. Between the hom-cores, the fontanelle is quite constricted, and 
while the troughs leading from the fontanelle across the antero-lateral 
margins of the parietais to the temporal fossae are shallow, they are 
still well emphasized. In Triceratops, there is a considerable amount of 
variation in the fontanelle region. In the skull (No. 5116) of the 
mounted comporite skeleton in the American Museum, which seems 
nearest to T. elaius, the opening is fairly large and the troughs leading 
to the temporal fossae are quite well developed. In the skull of T. 
katchen (U.S.N.M. 2412) the troughs are present but do not reach the 
temporal fossae. In skull No. 907, referred to T. serraius, of the 
American Museum collection, the opening is still present, but the 
troughs are almost completely obliterated. And in the type skull of 
T. prorsus (Y.P.M. 1822) the secondary roof of the skull is complete 
with no vestige of the opening whatsoever. 

On the basis of our present knowledge of the ceratopsian skulls, it 
seems therdiore, that the secondary skull roof has resulted from the 
deepening, the dongation, and the gradual closing over of the parieto¬ 
frontal depresrion that is already well established in the adult Proto- 
ceratops. As su^ested in the development of Protoeeratops, this 
change certainly seems correlated with a need for strengthenii^ as the 
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frill "widened and became more erect and the forward stresses from 
the jaw muscles that were transmitted through the crest and along the 
squamosals became focused in the frontal area (see figubb 10), and 
■with the appearance and growth of the brow hom-cores (see figueb 5). 

During this change, the frontals, of course, have undergone re¬ 
markable modification, and a considerable portion of them has been 
eliminated from the dorsal surface of the skull. Just how much has 
been excluded from the skull roof is a question which has given rise to 
much discussion. Von Huene (1911:157) shows the frontals of Tri- 
ceratops elatus entirely excluded from the skull roof and lying under 
what he called the lachrymals (really prefrontals). The evidence at 
hand certainly militates against such a conclusion. In all of the earlier 
ceratopaans,— Protoceratops, Brachyceratops, Monochnius (Centro- 
saurus), Styracosaurus, and Chasmosaurus —^in which the boimdaries 
of the frontals are kno'wn to be suturally distinct, the frontals are on 
the surface anteriorly and along the margins of the fontanelle. In 
Triceraiops, there is some question, however, as to how much of the 
frontals, if any, forms the secondary roof. There is a possibility that, 
with the enormous enlargement of the brow horns, the posterior por¬ 
tions along the margins of the fontanelle were crowded inward and 
completely folded under. This also seems improbable for the following 
reasons. First, in the earlier forms such as Monochnius (Centrosaurus) 
the frontals are hea"vy, rugose, and well developed along the marine 
of the fontanelle. Second, m no Triceraiops skull are the frontals 
shown to be completely buried beneath the secondary roof. Third, 
along the entire median surface of the postorbital of the immature 
Triceraiops (Am. Mus. 5006), shown in figubb 6, there is a deep 
frontal suture, which proves that in Triceraiops the frontals are thick 
hea'vy elements, exposed on the surface, along their lateral margins 
where they are in contact with the postorbitals. 

This evidence seems to show that in the highly specialized Trieera- 
tops, in some species of which the fontanelle is entirely obliterated, the 
frontals occupy "virtually the same position and have essentially the 
same relationship to the other cranial elements as in Monochnius. 

In his detailed description of Brachyceraiops, Gilmore (1917:10,11) 
described the paired elements between the postorbitals on the skull 
roof as the postfrontals and, follo"wing von Huene’s conclusion that the 
frontals in Triceraiops are entirely excluded from the dorsal surface, 
considered the frontals to be buried beneath them. In the light of the 
vast amount of material that has been disco"vered ranee Gilmore’s 
description, this now seems to be entirely improbable. In the first 




FiouBs 0. Dorsal views of two ceratopsian skulls sbowizig the early stages in the devdop- 
irent of the parleto-froutal depression. A, Protoceratops andrewsi» an old “male.'* B, 
BrachycertOops moniaTiensiSt modified from Gilmore. Not to scale. 
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place, there is no evidence whatsoever that there were any elements 
under the so-called “postfrontals” of Brachyceratops. Secondly, the 
formation of a secondary skull-roof is a structure peculiar to the later 
and more highly specialized ceratoptians, and is completely established 
only among the most highly specialized species of those forms. It 
seems improbable, therefore, that a form so almost completely primi¬ 
tive as Brachyceratops should be so highly specialized in this one 
character, particularly when the closely associated characters are so 
archaic. Thirdly, the elements which Gilmore calls the “postfrontals” 
are in the same position, hold exactly the same relationship to the 
other cranial elements, and bear the identical postero-median, or 
parieto-frontal, depression as in Protoceratops; and, as discussed above 
and as is shown in figtjbe 9, they represent an ideal intermediate stage 
in the development of the secondary skull roof between that genus and 
Movadonius. 

Parietal 

Perhaps no element in the ceratopsian skull has been so variously 
designated and has received so much comment as the middle portion 
of the frill. Hatcher, Marsh, and Lull in their monograph on the 
Ceratopsia (1907: 19) interpreted it as the fused parietals. Hay 
(1909: 97) regarded it as composed of the supratemporals or possibly 
nuchal bones homologous to those found in the Crocodilia. Yon 
Huene (1911) considered the anterior portion immediately behind the 
frontal fontanelle as the fused parietals and the remainder as the fused 
dermosupraoccipitals. Gilmore, in his description of Brachyceratops 
(1917: 11), referred to this element as the dermosupraocdpital or 
interparietal—a view he continued to hold, though hesitatingly so, in 
a later paper (1930: 36). This confusion has resulted mainly from a 
misidentification of the cranial elements immediately in front of the 
frill, and a mistaken identification of cracks as sutures in adult skulls 
of Triceratops. 

The magnificent collection of Protoceratops skulls showing the 
gradual development from a very young to a very old stage displays 
most convincingly that the central element of the frill is unquestion¬ 
ably composed ci the fused parietals (see jigurb 7). Even in the 
youngest skulls they are almost completely fused, showing only a 
slight indication of a suture for a very short distance just belund 
where they are separated by a blunt projection of the frontals. This 
early fusing of the parietals is a necesaty since they function as an 
anchorage for the great capiti-mandibularis muscle masses. 

On the dorsal surface they are in extensive contact with the frontals. 
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This contact continues laterally for a short distance where the parietals 
come in contact with the laterosphenoids, the supraoccipitals, the 
exoccipitals, and finally the squamosals, with which they are in contact, 
throughout the lateral portions of the frill. Postero-inferiorly they 
unite with the supraoccipitals which become pinched out from between 
them and the exoccipitals about one-third of the distance out from 
the medial line. 

It is obvious, therefore, that the median frill element not only has 
the podtion expected of the parietals, but has the correct relationship 
to the other cranial elements. Furthermore, it forms the postero- 
superior portion of the brain case. In the young skulls the suture 
between it and the frontals is about midway over the brain and in the 
older skulls shifts posteriorly somewhat. In the later ceratopdans 
this anterior portion of the parietals, that forms part of the brain-case, 
becomes buried by the secondary roofing-over of the skull in a manner 
which has been fully described above. 

In conunenting on the question of the parietals forming the middle 
part of the frill of Protoceraiops, Gilmore (1930:36) says, . . al¬ 
though it appears to represent that bone in Protoceraiops, it certainly 
cannot be the parietal in American homed dinosaurs, as evidenced by 
the juvenile Brachyceratops and other ceratopdan skulls in the Na¬ 
tional collections.” The main difficulty with Gilmore's interpretation 
of the frill of Brachyceratops lies in his mis-identification of the frontal 
bones, which is discussed above. The fact is that in Protoceraiops the 
parietals have identically the same relationships with the other cranial 
bones as does the middle frill element of the later ceratopdans. 

The very immature skull of Protoceraiops shows an early stage in the 
development of the frill. The postero-superior portion of the skull has 
just begun to be drawn out posteriorly and acts as a scaffolding for 
the large capiti-mandibularis masses. At this stage, the frill is, 
therefore, short, and only slightly expanded posteriorly, and the 
temporal openings are proportionately large and rounded in form. 
The crest is but a low ridge, and the median surface of the frill is more 
or less on the same plane as the domal surface of the frontals. The 
fenestrae are quite large and rounded, and are bounded posteriorly 
by the thin and narrow mar^al portions of the parietals. "VWth age, 
the frill elongates and becomes greatly expanded. The temporal 
openings are more laterally constricted but are more drawn out. The 
crest of the frill becomes very heavy and high, and the frill becomes 
steeply inclined to the plane of the frontals. The parietal fenestrae are 
somewhat variable in size and form in the older skulls, but in the fully 
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adult they are definitely reduced and on their posterior margins the 
parietals are broadened and much heavier. 

As suggested earlier, the proportionate mdening of the frill results 
in the modification of the parieto-frontal area. In the young skull, 
the sides of the frill, along the outer margins of the squamosals, are 



FiotTBX 10. Zjateral and dorsal yIswb of a very immature skoll (A) and old skoU (B) of 
Protoceratops andreiLst shearing liow the paneto-frontal depresaton develops when the stresses 
from the caidtl-mandibulails mnsde masses become concentrated in that area. Heavy 
and light arrows mark amount and direction of stress. 


almost parallel, being only slightly deflected outward posteriorly. 
In this stage, the stresses from the pull of the capiti-mandibularis 
masses are transmitted forward and downward. The forward stresses 
are transmitted through the median portions of the parietals to the 
frontals, and laterally through the squamosals to the postorbitals 
where they are distributed around the orbits, although for the most 
part ventrally. As the frill widens, the squamosals are widely dis- 
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placed posteriorly and the postero-intemal borders of the postorbitals 
are straightened. The postorbital-squamosaJ bars, therefore, become 
directed inwardly towards the posterior area of the frontals. This 
results in a concentration of the lateral forward stresses in this area— 
especially since the upward and forward growth of the postorbitals 
and the upwardly inclined squamosals cause most of the lateral stresses 
to be directed up over the orbit instead of below it as in the very 
young skulls. In addition, ance the frill has become steeply inclined, 
the median forward stresses are directed more downward than forward 
and likewise become concentrated at the posterior area of the frontals. 

When this concentration of stresses took place, there seems to have 
been a need for strengthening in the parieto-frontal area of the skull 
roof. The formation of the parieto-frontal depression (see above), 
with its reinforced margins, supplied the need. In the female skulls, 
however, this depresaon is not nearly as well developed, but these 
skulls remain quite primitive in this area. The angle of the postero¬ 
internal borders of the postorbitals is not completely lost even in the 
adult skulls. Thus the lateral forward stresses are directed more 
anteriorly aloi^ the superior margins of the orbits. Also, the frill 
never becomes steeply inclined to the plane of the frontals. A flatten¬ 
ing and a somewhat down-warping of the parieto-frontal area seems to 
have supplied sufficient strengthening. (See figubes IIC and 12B.} 

The parieto-frontal depression, or fontanelle, once established, its 
further development and closing over in the later ceratopsians were 
accomplished by the enlargement of the postorbitals which proceeded 
with the appearance and development of the brow horn-cores. With 
this transformation, came the necessity for a more solid construction in 
the frill region. In the later ceratopsians, therefore, the capiti- 
mandibularis masses become concentrated anteriorly and lose their 
great lateral extent posteriorly. As this takes place, the high frill 
crest, so characteristic in the adult Protoceratops, is lost, and the whole 
frill becomes far less steeply inclined to the frontal area. 

Squamosal 

The squamosal of Protoceratops is very primitive in its position and 
in its general form. It is situated high on the side of the skull and its 
descending wing does not come into contact with the jugal and (or) 
quadratojugal—a feature characteristio of all the known later cera- 
toprians in which these elements are preserved. Together with the 
postorbital and the slight ascending wing of the jugal, it forms a nar¬ 
row and distinct postorbital-squamosal bar above the large lateral 
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Fio-dsb 11. Protoceratops andrewsi. Tenttal, Jatoti, and dorsal views of a lUily large, 
yoosg adolt "famale” dcoU, 
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temporal opening. It forms the superior postero-lateral part of the 
skull and is braced between the quadrate and the parietal, and be¬ 
tween the postorbital and the ascending wing of the jugal and the 
parietal. 

It is composed of three main branches, an antero-posterior, a ventral, 
and a lateral. In the young and in some of the fairly adult skulls, 
the antero-posterior branch is quite horizontal in position. In the old 
skulls, however, in which the postorbital is proportionately enlarged 
and arched upward, this branch rotates so that it becomes directed 
upward anteriorly. This inclination of the antero-posterior branch of 
the squamosal is further exaggerated in the later ceratopsians. In 
these, the dorsal margin of this branch, at least the anterior part of it, 
is inclined with about the same steepness as the posterior profile of 
the brow hom-core. 

The antero-posterior part of the squamosal is proportionately 
narrow and short in the beginning. It deepens with age and as the 
frill enlarges and grows posteriorly, it is dragged back and therefore 
becomes elongated. Naturally this elongation is reflected in the 
portion posterior to the ventral wing, but anterior to this wing the part 
of the squamosal included in the postorbital-squamosal bar also 
becomes proportionately elongated. These changes also affect the 
form and the position of the lateral temporal opening. In the yoimg 
skull this opening is nicely rounded in front, and the straight posterior 
margin is formed mainly by the nearly erect quadrate. With age, the 
dorsal border becomes flattened, the posterior margin becomes steeply 
inclined forward, the postero-superior comer becomes pointed, and 
the entire fossa shifts slightly backward with respect to the orbit. 
Although the lateral temporal opening is rather variable in its pro¬ 
portionate size, there is a tendency for it to be reduced with age. 

The anterior margin of the squamosal that is in contact with the 
postorbital and the jugal also becomes modified with age. At this 
contact, the squamosal presents two forwardly directed projections— 
one above and one below the posterior point of the postorbital. In 
the young skuU, the superior projection is more pronounced and ovei- 
laps the postorbital. With age, the ventral projection increases in 
aze and extends under the postorbital for a conaderable distance, 
while the dorsal projection is comparatively short and blunt. This 
probably is due mainly to the enlaigement of the postorbital, especially 
its growth posteriorly. 

There is not the slightest bit of evidence on any skull that epoccipi- 
tids were present on the margin of either the parietal or the squamosal. 
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FIOT7B3B 13. Two Pratoceratops andretesi skulls, lateral Tiews. displaying the marirad 
growth (dianges. A, tery immatoie Indi-rldual. B, old "male." Not to scale 


On the postero-extemal surface of the ventral branch of the squamo¬ 
sal there is a marginal pocket which receives the external end of the 
exoccipital. On the front of this branch another pocket is formed into 
which the superior branch of the quadrate is buried firml7. In addi¬ 
tion, a blunt spur of the squamosal extends down for a short distance 
in front of the quadrate just in from the external margin. With a^e, 
the distance between it and the quadratojugal lessens, although it 
never reaches that bone as it does in the later ceratopsians in which the 
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lateral temporal opening becomes proportionately smaller, and the 
anterior area of the squamosal rotates so that it is directed steeply 
upward. Thus in Protoceratops the quadrate has already become 
deeply buried in the ventral portion of the squamosal in a characteristic 
manner that is peculiar to all ceratopsians. By this arrangement, 
most of the vertical stresses from the quadrate-articular joint are dis¬ 
seminated around the outer margin of the frill, and counteracting 
these are the downward stresses from the pull of the jaw muscles. 

From the base of the ventral branch of the squamosal, the lateral 
branch extends inwardly on the front of the exoccipital, but never 
quite reaches the supraoccipital. Upward and backward from this 
point, the squamosal forms a wide lateral margin of the frill along 
which it overlaps considerably the outer border of the parietal. This 
relationsbip with the exoccipital and parietal is retained throughout 
the evolution of the Ceratopsia. 

The more outstanding changes that take place in the squamosal 
from the young to the adtilt Protoceratops are as follows: 

1. The antero-posterior branch rotates from quite a horizontal 
position so that it becomes directed upward anteriorly. 

2. This branch elongates and increases in depth. 

3. The ventral projection becomes more closely approximated to 
the quadratojugal. 

4. The lateral temporal opening, of which the posterior part of the 
upper border is formed by the squamosal, has a tendency to become 
proportionately smaller. 

These changes are carried out even more strikingly in the later 
ceratopsians in which the squamosal becomes a highly modified ele¬ 
ment. This is shown in the following salient features. 

1. The anterior portion becomes directed steeply upward, espedally 
in those forms with the much enlarged brow hom-cores. 

2. It becomes very deepened and plow-share-like in general form, 
and increases in length, particularly in the Chamamurus-Torosaunis 
line. 

3. The ventral projection assumes contact with the quadratojugal 
and the contact with the jugal above the lateral temporal opening 
becomes very extensive. 

4. With the enla^ement of the squamosal-jugal contact, the lateral 
temporal opening shifts downward far below the level of the inferior 
border of the orbit, and is much reduced. 

5. With the reduction of the supratemporal opening, the posterior 
portion of the lateral branch of the squamosal merges with the posterior 
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part of the antero-posterior branch, and the contact "with the parietal 
becomes extensively exposed on the lateral surface of the frill. 

6. Processes or epoccipitals are nearly always present on the lateral 
margin of the squamosal. 


Jugal 

The jugal is proportionately larger than in ary of the other known 
ceratopsians. It has essentially the same relationship with the other 
elements on the side of the skull except that on its antero-intemal 
side it is extensively in contact with the ectopterygoid (transverse 
bone). In the later forms, at least in Styracosaurus and Triceratops, 
the ectopterygoid is much reduced and not in contact with the jugal. 
Changes in proportions from the young to the adult stage are rather 
pronounced. The principal changes are as follows (see noTOEs 4, 8, 
and 13): 

1. Primarily as a result of the deepening of the face, the contact 
with the lachrymal becomes more extentive, and the contact with the 
maxillary, which in the be^nning is quite oblique, becomes more 
erect. 

2. TWth the proportionate reduction of the size of the orbit, the 
orbital border formed by the jugal is restricted and is confined more to 
the antero-inferior border of the orbit. 

3. The depth of the jugal under the orbit is much increased. 

4. "With age, the jugal rotates from a quite horizontal to a rather 
vertical position and becomes proportionately broader. 

5. The long and narrow ascending wing of the young skull becomes 
proportionately shorter and heavier. 

6. When seen from above, the jugals set in a rather vertical plane in 
the young skull, but with age, they flare out below so that in the adult 
skuU nearly all of lateral surfaces come into view. 

Nearly all of these changes in the jugal are those which are featured 
in the evolution of the skull in the later ceratopsians. 


Ei^ugal 

The epijugal is somewhat transversely compressed, although it is 
quite conical in its general form. It is proportionately large, rather 
pointed, and fits over the distal end of ^e jugal, overlapph^ a part 
of the quadratojugal suture. The surface is very rugose with the 
grooves and ridges directed towards the apex. This su^ests that in 
life this element was covered with a homy sheath. 
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Quadratojugal 

The quadratojugal is not in contact with the squamosal. This 
feature is distinctive of Protoceratops, for in all other known ceratop- 
sians, the inferior border of the lateral temporal opening is formed by 
a union of the squamosal with the quadratojugal, as in Triceratops, or 
with the jugal, as in Monodonius. Postero-ventrally the quadratojugal 
extends more around on the quadrate than in the later forms. Also, 
posteriorly the quadratojugal-jugal suture is straight in the later forms, 
whereas, in Protoceraiops it extends upward, curves inward abruptly 
and then continues upward again. The intemo-ventraJ extension is 
quite a distance above the articular surface of the quadrate. In the 
more advanced ceratopsians, as in Triceraiops, it extends down to the 
very margin of the condylar surface of the quadrate, although never 
forming part of the jaw-aiticulation. There is an antero-inferior 
projection that extend forward for quite some distance along the 
inside of the ventral margin of the jugal. This character seems unique 
for Protoceraiops since in the later types, the anterior border of the 
quadratojugal curves slightly forward and upward from the ventral 
mar^. 

Quadrate 

The lateral wing of the quadrate is well marked off from the main 
shaft and is very much extended. It extends inward to a point con¬ 
siderably meaal to the line of the tooth-row and gives the quadrate a 
width that is over two-thirds its depth. This lateral wing becomes 
abruptly pointed at its extremity and overlaps extensively on the 
front of the postero-lateral wing of the pterygoid. On its infero- 
posteiior surface the lateral wing of the pterygoid branches distally. 
The upper of these extends along near the upper border of the quadrate 
almost to where the latter is nearly in contact with the exoccipital. 
The lower branch is shorter and fits against the quadrate in what 
seems to be the beginning of a very shallow pocket. 

Dorsally, the lateral wing mei^es with the main shaft to form a 
rather pointed projection that fits deeply into a pocket in the squamo¬ 
sal. It is wedged firmly in this pocket by a ventral projection of the 
squamosal that extends downward just inside of the main shaft on the 
supero-anterior surface, and by another ventral projection that extends 
downward on the infero-posterior surface. The latter intervenes 
between the quadrate and the exoccipital so that these two bones do 
not come in contact with one another. Hus character is unique in 
Protoeeroiops. In all other known forms the exoccipital is firmly 
united with the quadrate and the intervening posterior ventral projec- 
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tion of the squamosal is incipient. In the earlier forms, as in Mono- 
clonius, the union of these elements is not as extensive as in the later 
types such as in Trieeratops.* 

The external surface of the quadrate is straight and not bowed 
outward as in Trieeratops. Although the articular surface, and the 
extent of the extemo-anterior projection on the front of the quadrato- 
jugal are about the same as in that genus. Since the quadratojugal 
does not extend down to the margin of the articular surface, there is a 
neck-like area developed just above that surface. In relation to the 
horizontal plane of the skull, the position of the quadrate is rather 
erect. 

In a number of features, the quadrate of Protoceraiops is quite 
different from that of the later ceratopsians. The more important of 
these are the following: 

1. The lateral wing is more clearly demarcated from the main shaft, 
it is much more extended metially, and on its infero-posterior surface 
there is no well formed pocket or notch for reception of the overlapping 
process of the pterygoid. 

2. The quadrate is not in contact with the exoccipital. This contact 
is prevented by the posterior ventral projection of the squamosal 
which extends downward on the infero-posterior surface of the quad¬ 
rate and intervenes between the two bones. In all other known cera¬ 
topsians the p>ostetior ventral projection of the squamosal is abbrevi¬ 
ated and the quadrate and exoccipital are extensively in contact with 
one another. 

3. The external surface is straight, and the quadratojugal does not 
extend down to the articular surface. 

4. In relation to the horizontal plane of the skull, the quadrate has 
a much more erect position than in any of the known later ceratopsians. 

In all of these characteristics, the quadrate of Protoceraiops is much 
more primitive. 

Exoccipital 

The exoccipitals are relatively long and slender laterally. In Proto¬ 
ceraiops they have not as yet ^come broadened and abbreviated by 
the enlargement of the squamosals and parietals as in the later cera¬ 
topsians in which they have become large, heavy buttresses in the 
ventral architecture of the much enlarged frill. They unite ventrally 

* In their figure of the anadiate of Trxeeraiops fidbeUatus, Hatcher, Marsh, and Loll (1907: 
23, fig. 17 A) have failed to diow the sntoial surface for contact ^th the exoccipital. which 
is located Just above the sniface overlapped by the pterygoid, and which extends across to 
the outer margin of the qnadinte. The relationship of these elements Is wdl shown on 
plate 83 at their Monograidi. 
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to form the lower margia of the large, round foramen magnum, and 
thus eliminate the basioccipitals from entering into the formation of 
the margin of that opening. This is a characteristic of all known 
members of the suborder. They are unique, however, in not uniting 
above the foramen. The supraoccipital intervenes. 

The lateral extenaon is but slightly expanded distally and is shal¬ 
lowly embedded in the squamosal only on the upper margin. The 
rest of the external margin is rounded and extends out to the lateral 
border of the skuU behind the upper portion of the quadrate from 
which bone it is separated, as was explained earlier, by the posterior 
ventral projection of the squamosal. The superior margin of the lateral 
extension is firmly in contact with the parietal for only a very short 
distance just beyond the distal end of the supraoccipital. Beyond 
this, the median extension of the squamosal intervenes between the 
two bones so that the parietal has a slight contact with the rest of the 
lateral extension on the posterior surface only. 

In the very immature skull the exoccipitals do not enter into the 
composition of the condyle, although there is a slight articular surface 
along their mar^ where they come together and jut out slightly 
above the condyle. In the adult, tins margin merges with the badoc- 
cipital and forms the superior and supero-lateral portions of the 
condyle. Together, however, the exoccipitals form only about one- 
third of the condyle, whereas in the later forms, such as Torosaurus, 
according to Hatcher (Hatcher, Marsh, & Lull 1907: 17), the badoc- 
cipital and the two exoccipitals contribute about equally to its compo- 
dtion. 

On the postero-ventral surface at the base of the lateral extendon 
there are three foramina. The upper and most posterior of these 
enters the brain cavity just indde the foramen magnum. This prob¬ 
ably was the exit for the twelfth nerve. Another foramen, about of 
the same dze, is dtuated just below and slightly external to that for 
the twelfth nerve. It passes forward through the ventral portion of 
the exoccipital and enters the fenestra ovalis. This undoubtedly is 
the foramen lacerum posterius and probably transmitted the ninth and 
tenth nerves. The third foramen is somewhat below and about on a 
line between the other two, although it is rather closer to the foramen 
lacerum posterius. So far as is known, Protoceratops is the only 
ceratopdan to have this foramen. In all other genera the exoccipital 
has but two foramina. Its entrance directly into the brain cavity in 
front of the exit for the hypoglossal nerve, and its proximity to the 
foramen lacerum posterius, suggest that it gave passage to the eleventh 
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nerve. The absence then of this foramen in the later known ceratop- 
sians simply means that it has become confluent with the foramen 
lacerum posterius. Another, and perhaps more plausible, explanation, 
however, is that it was the exit for a separate branch of the hypo¬ 
glossal nerve. In this case, in the later ceratopsians it has become 
eliminated. 

The relationship of the exoccipital to the proStic is about as in the 
other forms except that the postero-lateral wing of the proStic extends 
farther out on the antero-lateral surface of the exoccipital in Proto- 
ceratops. 

A comparative list of the more important changes in the ceratopsian 
exoccipitals from Protoceratops, a primitive form, to TriceratopSy an 
end-member of the group, are as follows (also see hguee 14): 


Protoceratopa 

1. They do not unite above the forar 
men magnum to exclude the supra- 
occipital from the border of that 
foramen. 

2. Unite below the foramen magnum 
and in the adult, form approxi¬ 
mately one-third of the occipital 
condyle. 

3. Lateral extendons relatively long 
and slender, and extend out to the 
lateral margin of the skull. 

4. Diatd ends of lateral extendons 
only slightly expanded, and shal¬ 
lowly embedded in the squamosaJs 
only on thdr upper margins. 

5. Not in contact with the quadrates. 

6. Firmly in contact with the parietals 
only for a short distance at distal 
ends oi the laterally extendve 
supraoccipital. 

7. Foramen for the deventh or second 
branch of the twdfth, nerve dis¬ 
tinct. 

8. Sutural surfaces for the proOtlcs 
ext^idve. 


Triceratopa 

1. They unite above the foramen mag¬ 
num and exclude the supraoccipital 
from the border of that foramen. 

2. Unite bdow the foramen magnum 
and form approximately two-thirds 
of the ocdptal condyle. 

3. Lateral extendons short, broad, 
heavy buttresses in the ventral 
architecture of the frill, and do not 
extend out to the lateral margins of 
the skull. 

4. Distfd ends of lateral extendons 
very much expanded, and deeply 
embedded in the squamosals 
throughout. 

5. lirmly and extendvely in contact 
with the quadrates. 

6. Ilrmly in contact with the parietals 
throu^out the superior maigins 
beyond the much abbreviated lat¬ 
eral mai^ns of the supraoccipitaL 

7. Foramenfor the eleventh, or second 
branch of the twelfth, nerve conflu¬ 
ent with the foramen lacerum 
posterius, or eliminated. 

8. Sutural surfaces for the profltics 
dbbreviated* 
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Supraocdpital 

The supraocdpital is proportionately larger, and more laterally 
extended than in any other known ceratopsian. It is also unique in 
that it forms the superior border of the foramen magnum. As pointed 
out earlier in this paper, in all other ceratopsians, the exoccipitals 
unite above the foramen magnum thus entirely eliminating the supra- 
occipital from the border of that foramen. 

The lateral wing is pointed and much elongated. It intervenes 
between the parietal and exoccipital for about one-half the distance 
out to the distal margin of the latter. The depth is about one-third 
the width of the bone. The ventral border meets the exocdpitals in al¬ 
most a straight transverse line, while the dorsal border is developed 
into a rather high median projection with a straight superior margin. 

Anteriorly, the supraocdpital is well developed and occupies that 
part of the brain case which overlies the medulla oblongata and the 
postero-dorsal surface of the cerebellum. It is in contact with the 
proolics below, and has rather extendve contacts with the latero- 
sphenoids in front. 

Because of the lack of good material showing distinct sutures, the 
relationship of the supraocdpital to the laterosphenoids in the later 
ceratopsians is not always clearly imderstood. At least one species of 
Tnceratops, however, sheds some light on this point. The left latero- 
sphenoid (orbitosphenoid) of T. eurycephcdus figured by Schlaikjer 
(1935; 59, fig. 4) is excellently preserved without distortion, and seems 
to show a distinct sutural surface for articulation with the supraoccipi- 
tal just above the surface of contact with the prootic. This specimen 
shows, therefore, that in Tnceratops the supraocdpital is still in con¬ 
tact with the laterosphenoid. Also, it shows definitely that in this 
genus the supraocdpital did not extend forward to above the foramen 
for the fourth nerve as described in T. serratus by Gilmore (1919:109), 
and as shown in his figure 2 of the U. S. National Museum specimen 
(No. 2416), but that it extended forward only to above the exit for 
the fifth nerve as shown in Hay’s figure of the same specimen (1909, 
pi. 2, fig. 1). As shown by Brown (1914: 547), the same condition 
prevails in Anchieeratops. In this genus also the laterosphenoid 
extends back to the exit for the fifth nerve. 

In the later ceratopsians the supraoccipital becomes somewhat 
modified in form. Its lateral extendons become shortened and, pos¬ 
teriorly at least, it assumes the role of a keystone at the base of the 
enlarged frill. In spite of these modifications, the supraocciintal 
exemplifies the fact that r^ardless of the profound changes that 



182 


ANNALS NEW YORK ACADEMY OF SCIENCES 


certain of the elements surrounding the brain have undergone in 
later ceiatopsians, mainly as the result of the secondary roofing of 
the skull and the outgrowth of enormous brow horns, their associations 
with one another have remained essentially imchanged. 



Fiovbi) 15. Protoetratopi andretpsi. Outer dde at the Inain case at a fully adult “male." 

Laterosphenoid 

The laterosphenoid (== postoptic, orbitosphenoid, ‘alisphenoid’) is 
short and is antero-posteriorly expanded ventrally. The lower one- 
third has an almost vertical position. Above this the bone curves 
upward and abruptly outward so that the heavy and rather bar-like 
upper one-third, which is in contact with the frontal and postorbital, 
is nearly horizontal. 

Approximately one-third of the ventral margin is in contact with 
the supraocdpital. In front of tMs, the laterosphenoid unites with the 
proStic to just above the foramen for the fifth nerve where it bends 
downward to the antmor mai^in of that foramen and extends down¬ 
ward to join the anterior portion of the baasphenoid (-• probably the 
parasphenoid that has been completely fused with the baasphenoid). 
The distal part of the small, flat, narrow, posterior vertical projection 
of the pterygoid is braced against the side of this portion of the latero- 
sphenoid. Just above this projection of the pterygdld there is a small 
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bar of bone that arches across the foramen for the opthalmic branch 
of the fifth nerve. Both ends of this bar flatten and merge with the 
laterosphenoid without any indications of sutures. This bar, therefore, 
seems to be a part of the laterosphenoid, although the posability of 
its being the epipterygoid should also be entertained. 

The foramina in the laterosphenoid are distinctly shown in several 
skulls, notably in Am. Mus. No. 6466. (See figubi: 15.) This bone 
forms a small portion of the anterior mar^ of the foramen for the 
fifth nerve, immediately in front of which is the bar of bone men¬ 
tioned above that arches over a foramen leading from the foramen 
proSticum. This undoubtedly transmitted the opthalmic branch of 
the fifth nerve. Immediately in front and below this foramen the 
laterosphenoid forins the superior border of the lai^e foramen for the 
emission of the third nerve, which is bounded below by the para- 
sphenoid. The front margin of the bone is broken so that only a slight 
portion of the border of the second nerve foramen is preserved above 
the foramen for the third. The foramen for the fourth nerve is rather 
large and is situated quite far above the foramen for the third. Near 
the top of the laterosphenoid, and in front of the median ridge are two 
foramina, close together. One is slightly in front of the other. These 
probably were exits for vmns. 

The main difference that exists between the position of the foramina 
in the laterosphenoid of Protoceratops and of Triceratops is that in 
Triceratops the exit for the fifth nerve is relatively more greatly 
separated from the exits for 111 and II. In this genus, the bas^ 
portion of this bone is proportionately much more expanded. The 
other striking differences in this element is that in Triceratops the 
upper portion is proportionately more extended, more erect, and much 
narrower and heavier. 

Prootic 

The prootic has virtualiy the same relationship with the other 
crannd elements as does that bone in the crocodile. Superiorly it is 
in extensive union with the supraoccipital, and posteriorly and postero- 
ventrally it is well braced against the exoccipital, with its strong 
posterior projection reaching quite far out on the front of the exoc¬ 
cipital. At its postero-inferior comer it just touches the basioccipital. 
Ventrally it unites with the basisphenoid, and is in contact with the 
laterosphenoid throughout its anterior and antero-superior extent. 

It forms nearly all of the border of the foramen prodticum, the 
superior border of the mdt for the sevmith nerve, and part of the 
anterior maigin of the fenestra ovalis. 
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Basiocdpital 

As in Triceratopsj the basioccipital forms no part of the foramen 
magnum border, although it is only barely excluded from that foramen 
in the young individual, in which the occipital condyle is made up 
almost entirely of the basioccipital. With age, however, the exoccipi- 
tals unite more extensively below the foramen magnum and form 
about one-third of the condyle in the adult individual. Also, with 
age, a more distinct ^‘neck^^ is formed in front of the condyle. An¬ 
teriorly, the basioccipital is broadly expanded where it is firmly 
united with the basisphenoid. 

In most of its characteristics the basioccipital of Protoceratops 
compares favorably with that of the later ceratopsians. It differs 
mainly in being proportionately longer, and in that it forms about 
two-thirds of the occipital condyle, whereas in the later members it 
constitutes only about one-third of that condyle. 


Basisphenoid 

In the young skull, the basisphenoid is proportionately large and 
elongated. With age, it is somewhat relatively shortened, although not 
as much so as in the later ceratopsians. It is much expanded posteri¬ 
orly and seems to completely enclose the external opening of the 
middle eustachian canal which is located medially on the ventral 
surface just in from the posterior noargin. The basisphenoidal proc¬ 
esses are relatively longer than in any other ceratoprian and are not 
received into as deep pits in the postero-ventral portions of the ptery¬ 
goids. Neither are they as vertical in position as in the later forms. 

On either side of the basisphenoid, fairly near the ventral naargin, 
is a rather large foramen. These are probably carotid artery foramina. 
Anteriorly the basisphenoid presents a narrow and deep median sep¬ 
tum, which extends upward to a level even with the ventral margin of 
the foramen prooticum where it is in contact with the laterosphenoid. 
It extends forward to, and is firmly buried between, the distal ends of 
the anterior ascending wings of the pterygoids where they unite 
postero-dorsally with the palatines. It is not in contact with the 
prevomers. There is no distinct suture between the anterior plate¬ 
like portion and the main body of the basisphenoid, although in skull 
Am. Mus. No. 6466 there is a suggestion of one. It is probable, 
however, that the entire portion anterior to the ventral point where 
the laterosphenoid and the prodtic unite is the parasphenoid. 
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Pterygoid 

The pterygoid is the most important element in the ventral archi¬ 
tecture of the skull. It is the brace between the palatine, ectoptery- 
goid, and maxillary in front, and the parasphenoid, basisphenoid, and 
quadrate behind. In this function it has assumed a very irregular 
form. In addition to the main body, which is braced between the 
basisphenoidal process and the palatine, there is a forked postero¬ 
lateral wing, a postero-dorsal wing, an antero-dorsal wing, and an 
antero-ventral wing. The main body is relatively limited in extent, 
and on the ventral surface near the inner margin there is a raised 
triangular area. From the front of this a ridge swings forward, and 
then downward where it continues along the posterior margin of the 
antero-ventral wing. Behind this ridge, the ventral surface is con¬ 
cave back to the margin that overhangs the basisphenoidal process— 
a concavity which extends back on to the posterior ventral surface of 
the postero-lateral wing. This concave area seems to be the beginning 
of what becomes a decidedly constricted groove in the later ceratop- 
sians, to which Hatcher (Hatcher, Marsh & Lull 1907: 27) gave the 
name “eustachian canal.” 

The postero-lateral forked wing is the largest, and it overlaps con¬ 
siderably the posterior surface of the lateral wing of the quadrate. 
The lower fork is shorter than the upper fork and its distal end is not 
received in a well formed pocket or notch in the quadrate as in the 
later ceratopsians. The upper fork extends along the superior border 
of the quadrate almost to where the latter is nearly in contact with the 
exocdpital. The postero-dorsal wing branches off the postero-lateral 
at the basisphenoidal process. It continues up along the outside of 
this process and becomes very narrow near the extremity which 
terminates just below the opening for the opthalmic branch of the 
fifth nerve where it is in contact with the laterosphenoid. The anterior 
margin of this wing is longer than the posterior margin. It is nearly 
vertical, becomes heavier ventrally, and forms the posterior border of 
a deep notch on the dorsal margin of the pterygoid. The anterior 
border of this notch is formed by the antero-dorsal wing which is high, 
narrow, and nearly vertical in position. The upper end of this wing 
curves abruptly forward and extends anteriorly for a third the length 
of the prevomer. This anterior extension is quite completely covered 
over by the prevomer. Merially the anterondomal wing is suturally 
united with its mate except postero-dorsally where the anterior portion 
of the parasphenoid is tightly wedged between them. The hront 
margin of this wing, together with that of the antero-ventral wing 



186 


ANNALS NEW YORK ACADEMY OF SCIENCES 



’FiQxnax 16. Two ProUieeratops andrewH aknUs* ventral views* displaying the marl 
growth changes. A* very uxunatnre indrvidtz^ folly adolt IndxviiluaL 
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gives an almost straight anterior mai^in to the pterygoid. Along 
a httle more than the upper half of this margin, the pterygoid is in 
contact with the palatine. Below this the pterygoid in the very im¬ 
mature skull imites only with the ectopterygoid. In the older skulls, 
however, the alveolar margin of the maxillary extends back and 
unites with the pterygoid along the anterior margin for a very short 
distance. The narrow antero-ventral wing of the pterygoid projects 
quite far below this point. A rather large foramen is present between 
the ectopterygoid and palatine at the anterior margin of the pterygoid. 

In the later ceratopsians the general features of the pterygoid are 
about the same as in Protoceratops. The main differences, as seen in 
Tnceraiops, are as follows* 

1. The whole pterygoid is relatively shortened and the main body 
portion deepened. 

2. A well formed “eustachian canal” is present. 

3 There is no contact with the ectopterygoid on the palate, and 
contact with the maxillary is more extensive. 

4. The postero-dorsal wmg is reduced. 

5. The antero-dorsal wing is in contact with its mate only at the 
uppermost portion. 

6. This wing does not extend forward at its extremity and is not, 
th^efore, embraced by the prevomer. 

Ectopterygoid 

The ectopterygoid is relatively larger in Protoceraiops than in any 
other ceratopsian, and is also unique in that it is exposed on the palate. 
In all other known forms the maxillary is in contact with the pterygoid 
throughout the region below the palatine. Thus the ectopterygoid is 
eliminated from the palate and is a much reduced element situated on 
the postero-extemal alveolar portion of the maxillary and on the 
ventral antero-extemal surface of the pterygoid. In the young 
Protoceraiops skull, as shown in Am. Mus. No. 6419, the ectopterygoid 
intervenes between the maxillary and the pterygoid (see fioubb 16). 
With age, the alveolar portion of the maxillary grows backward across 
the ectopterygoid and unites with the pterygoid. The area of the 
ectopterygoid exposed on the palate is, therefore, proportionately 
reduced, thus foreshadowing the condition achieved in the later forms 
in which this bone is completely eliminated from the palate. 

The greatest portion of the ectopterygoid constitutes most of the 
anterior margin of the subtemporal opening and forms a puUey-like 
ridge, from the dveolar portion of the maxillary to the jugal, across 
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which rode the pterygoideus anterior muscle. This ridge continues 
outward and upward onto the bar-like projection of the ectopterygoid 
that is braced over the maxillary-jugal suture beneath the orbit. 
Anteriorly the ectopterygoid forms the floor and the front end of the 
tunnel for the pterygoideus anterior muscle, and its antero-intemal 
comer unites slightly with the internal postero-ventral projection of 
the lachrymal. Below this the front of the ectopterygoid is perforated 
by a rather large foramen for the maxillary branch of the trigeminus 
nerve. 

Among the ceratopsians, the ectopterygoid has been recorded pre¬ 
viously only in Styracosaurus (Lambe 1913: 112), and has been de¬ 
scribed only briefly in Triceraiops (Hatcher, Marsh & Lull 1907: 26). 
Compared with the ectopterygoid of Protoceratops, this element in 
Triceraiops shows the following main differences: 

1. It has become proportionately very much reduced in size. 

2. It has been eliminated from the palate by the posterior extension 
of the alveolar portion of the maxillary and the downward growth of 
the postero-inferior portion of the palatine. 

3. The externo-dorsal bar has been reduced and it is, therefore, no 
longer in contact with the jugal. 

4. It no longer forms a pulley-like ridge for the pterygoideus 
anterior muscle at the anterior border of the subtemporal opening. 

Palatine 

The palatine conrasts mainly of a high, thin plate that is expanded 
considerably antero-posteriorly, and that occupies a plane which is 
nearly parallel with the long axis of the skull. In addition, there is a 
narrow vertical plate which juts outward and backward from the 
front of this main plate. Dorsally it has a limited contact with the 
prefrontal, below which it is extenavely in contact with the lachrymal. 
It tapers ventrally and merges with the main plate at the postero- 
inferior margin of the internal narial opening where the palatine sends 
forward a short projection along that margin. 

The ventral margin of the palatine curves backward and downward 
where it is in contact with the maxillary, a contact which is scarcely 
greater than the contact with the ectopterygoid. Near its anterior 
nuu^n, the latter is invaded by a ventral projection of the palatine 
which is weak in the young skulls and strongly developed in the adult. 
The increase in size of this projection from the young to the adult 
stage strongly suggests the manner in which the palatine, by its 
ventml growth, played an important role in eliminating the ectoptery- 
goid from the palate in the later ceratopsians. 
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Throughout its posterior mar^, the palatine is in contact with the 
pterygoid. Dorsally it fits firmly against the anterior projection of 
the latter, and continues forward onto the prevomer for more than 
one-third the length of that bone. 

The palatine of Protoceratops has a general relationship to the other 
cranial elements that is usual for the ceratopdans. When compared, 
however, with the palatine of one of the later members of the group, 
such as Triceratops, it is seen to possess several primitive characteristics 
that are unique. These are as follows: 

1. As a result of the extensive ectopterygoid exposed on the palate, 
the postero-ventral contact with the maxillary is much more limited. 

2. There is no antero-inferior process that fits into a notch on the 
supero-intemal surface of the maxillary. This is represented by a 
slight anterior projection above the maxillary at the postero-inferior 
margin of the internal narial opening. 

3. There is no vacuity or “maxillopalatine foramen” such as 
Hatcher described in Triceraiopa that “passes from the cavity of the 
mouth to the infratemporal cavity” (Hatcher, Marsh & Lull 1907: 
28). The presence of such in Triceratops, however, seems questionable. 

4. The portion in contact with the pterygoid behind the internal 
narial opening is very much broader antero-posteriorly.* 

5. The portion embracing the prevomer is very much more exten¬ 
sive. 

Since the dorsal portions of the palatines are so extendvely devel¬ 
oped, the internal nares of Protoceratops occupy a more anterior 
position and are relatively smaller than in the later ceratopsians. 

Prevomer 

Together, the prevomers (=“ "vomers” of many authors) form a 
bar-like structrnre which serves as a beam between the antero-dorsal 
projections of the pterygoids that embrace the parasphenoid, and the 
anterior median portions of the maxillaries. They are suturally 
distinct evmi in fairly adult skulls, as is well shown in Am. Mus. No. 
6408. Posteriorly they are deep and embrace, for about one-fomldi 
thdr length, the anterior projections of the antero-dorsal wings of the 
pterygoids. They are in turn embraced by the palatines posteriorly 

* In Ids flgnre of the skall of Triceratops serratus (Am. Mus. 970), LuU (1003- 688) shows 
the posterior borders of the Internal nares formed by the pter^ gcdds Prolnbly on the basis 
of this, he has suggested the same condition in MoTioclonius (Centrosaurus) and Chasfruh 
saurus (1933, figs. 5, 30). A re-examination of this specimen reveals that the posterior 
borders of the internal nares are formed by the palatines, and that these bones have about 
the same rdation to the other elements as shown in the type of Trtceraiops fiabeUatus as 
figured by Hatcher (1907, pi. 44). 
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for more than one-third their length. About half way forward, they 
become thin and in cross-section rounded. The anterior one-fourth, 
which is lightly wedged between the palatal portions of the maxUlaiies, 
becomes somewhat thicker. 

In some respects the prevomers become quite modified in the later 
ceratopsians, insofar as can be judged by the only two specimens in 
which these elements have been recorded as completely preserved— 
a skull of Chasmosaunis belM (No. 2016) in the Yale Museum and a skull 
of Triceraiops serratus (No. 970) in the American Museum. Com¬ 
pared with the prevomers of Protoceratops these elements in Tricera- 
tops show the following main differences. 

1. The posterior ends are much expanded and are not as extensively 



Figubs 17. A portion of the left sclerotic ring of Protoceratops aridrewsU 

embraced by the palatines; nrither do they embrace as extensively 
the anterior tips of the antero-dorsal wings of the pterygoids. 

2. According to Hatcher (Hatcher, Marsh & Lull 1907: 30) they 
are in contact with the anterior tip of the “aJisphenoid” (= para- 
sphenoid). It appears, however, that in his figure 27 he has failed to 
show the upper ends of the pterygoids intervening between the para- 
sphenoid and the vomers. This character, therefore, seems doubtful. 

3. They are triangular or dorso-ventrally flattened, and not oval or 
laterally compressed in cross-section as in Protoceraiops. 

4. They do not extend as far forward, and the anterior ends are 
much expanded. On the ventral surface, at least, they are not, 
therefore, wedged between the maxillaries. 

In Chamoaatenta, according to Loll (1933, fig. 30) the prevomers 
form a more slender bar than in Triceraiops. Also, they extend some¬ 
what farther forward, the anterior ends are not expanded, and they are 
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wedged between the maxillaries for a short distance on the palatal 
surface. 

Sclerotic Ring 

Fragments of the sclerotic ring are preserved in several specimens. 
The most complete specimen, and the one which affords the most 
information, is Am. Mus. No. 6466—a fully adult individual. A 
nearly complete ring is preserved in the left orbit of this specimen. 
Some of the plates have been disturbed and it is di£G.cult to determine 
their natural arrangement. Twelve complete plates and parts of three 
others are present, but the orientation of this preserved portion in the 
orbit is not certain. A clue to its orientation, however, is shown by 
the three overlapping plates in the upper right portion of pigube 17. 
Because of the chrection of overlap of these plates, they represent 
either the dorso-posterior portion or the ventro-anterior portion of the 
ring. It cannot be determined, however, whether the first of these 
three is a plus plate or was overlapped by a plus plate which is not 
preserved. The third of these plates overlaps what apparently is a 
minus plate, and the two remnants of the fourth plate beyond this is 
probably the other plus plate. Accurate designation of the other 
plates is not possible. 

THE ENDOCRANIAL CAST OF PROTOCERATOPS AND A 
COMPARISON OF IT WITH THAT OF 
LATER CERATOPSIANS 

The cranial elements of a large “male” skull. Am. Mus. No. 6466, 
were most skillfully disarticulated and prepared by Mr. Otto Falken- 
bach, who was then able to obtain from this specimen an unusually 
perfect endocranial cast with the semicircular canals beautifully 
shown. (See plate 7.) 

Endocranial caste have been recorded from only two other ceratop- 
sians, Triceratops and Anchiceratops. The endocranial cast of the 
latter, described and figured by Brown (1914:545-648, pis. 34, 35), is 
as complete, however, as that of Protoceraiops. It is possible, therefore, 
to make a detailed comparison of the casts of a primitive and an 
advanced, although in certain respects quite specialized, form. (See 
PLATES 7 and 8.) Endocranial casts have been recorded from three 
species of Triceratops. One of these, that of Triceraiops serrcdus 
(n.S.N.M. 2065), is quite complete, fdthough in none have casts of 
the semicircular canals been obtained. Marsh first described tiie 
endocranial cast of T. serratus (1896, pi. 77, fig. 4). His figm^ consists 
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of a lateral view of the cast, that was later reproduced by Hatcher, 
Marsh, and Lull in their monograph on the Ceratopsia (1907 : 39, 
fig. 34), in which monograph was also published a ventral view of the 
same cast (p. 37, fig. 32). Hay (1909: 103) recognized the misidenti- 
fication of certain nerves in these illustrations, and made the necessary 
corrections in his %ures of a new, and much more detailed cast from 
the same specimen (pi. 3, figs. 1-3). He also published a lateral view 
of an endocranial cast from a specimen of T. sulcatus in the National 
Museum (pi. 3, fig. 4). The only addition that should be made to 
Hay’s designation of nerves is that the nerve opening in the exoccipital 
which he regarded as emitting the tenth nerve probably was also the 
exit for IX and XI. In 1935, one of us (Schlaikjer: €0) published a 
figure of the anterior region of an endocranial cast of Triceratopa 
eurycepkalus. 

When the endocranial cast of Protoceraiopa is compared with those 
of the later and more progresdve ceratopsians, it is seen to possess 
quite a number of distinct features. This is best shown by the follow¬ 
ing comparison with Anchieeratopa. 


Protoceratops cmdrewsi 

1. Endocranial cast proportionately 
large and deep. 

2. Medulla oblongata* short and nar¬ 
row. Constriction between it and 
cerebellum very marked. 

3. Cerebellum and cerebrum together 
relatively long, and only a slight 
su^estion of processes on the 
cerebellum. 

4. The optic nerves are dose together 
and there is no bony partition 
between them. 

5. Ill is behind the ventral portion 
of IL 

6. IV is condderably above the dorsal 
margin of II. 

7. VI behind, below, and dose to V. 

8. XI, or a separate branch of the 
hypoglossal, distinct. 

9. Pituitary b<^y relatively small and 
narrow, and directed downward. 

10. Semicircular canals high, and the 
anterior one is considerably longer 
than the posterior. 


Anchieeratopa cmatua 

1. Endocranial cast proportionatdy 
smaller and shallower. 

2. Medulla oblongata somewhat long¬ 
er and broader. Constriction be¬ 
tween it and cerebellum less 
marked. 

3. Cerebellum and cerebrum together 
relatively shorter, and large elon¬ 
gated processes on the cerebdlum-t 

4. The optic nerves are considerably 
separated and there is a bony 
partition between them. 

5. Ill is behind, and below the 
ventral margin of IL 

6. IV is behind, and below the dorsal 
margin of II. 

7. VI below and quite removed from 
V. 

8. XI, or a separate branch of the 
hypoglossal, not distinct. 

9. Pituitary body relatively large and 
broad, and directed backward. 

10. Semicircular canals low and the 
anterior and posterior ones sub¬ 
equal in length. 
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With the very marked increase in size of the later ceratopsian skull, 
in which there was special emphasis on the development of an enor¬ 
mous frill and very large horn-cores, a relatively smaller brain is to be 
expected in these later forms. Also that Protoceratops has only sug¬ 
gestions of the processes on the cerebellum is to be expected. Al¬ 
though on the endocranial cast these processes appear to be vertical 
extenaons of the cerebellum, it seems certain that they represent 
nothing more than sinuses, which in some way seem to be correlated 
with strengthening of the region overl 3 dng the brain when the sec¬ 
ondary roofing of the skull took place. The fact that the optic nerves 
in the later ceratopsians are considerably separated, and each is com¬ 
pletely enclosed by the laterosphenoid, is directly related to the posi¬ 
tion of the orbit with relation to that of the brain case. In Protocera- 
tops, the orbits have a more anterior position and the skull is relatively 
narrow between them. In the later forms, the skull becomes propor¬ 
tionately wider between the orbits, and the orbits shift posteriorly 
with respect to the brain case. The optic nerves, therefore, become 
more widely separated and more outwardly directed. 

As stated above, under the discusaon of the exoccipital, Protocera¬ 
tops is unique in possessing a third foramen in the exoccipital. The 
endocranial cast shows that this foramen enters the brain cavity 
between the foramen for the hypoglossal nerve and the fenestra ovalis. 
What nerve passed through this foramen is not certain. One possibility 
is that it was the exit for the eleventh nerve. In this case, in the later 
ceratopsians, which do not have this separate nerve, the eleventh 
emerges with the ninth and tenth through the fenestra ovalis. On the 
other hand, since the eleventh is really nothing more than a branch of 
the tenth, it does not seem probable that it would first become sepa¬ 
rated, and later become confluent again with that nerve. Another 
possibility is that this foramen emitted a separate branch of the 
hypoglossal nerve, in which case the foramen would simply become 
eliminated in the later ceratopsians. This explanation is perhaps the 
more reasonable. 


* While names of the various portkms of the brain are used here, it shoold be understood, 
of course, that endocranial casts do not show the true dimensions and configniationB of the 
brain, since the soiroimding stiractures are not preserved, and the dimensions of the peri¬ 
dural and subdural spaces are not showm 

t Just in front of these processes in AneMceratops the cerebral area is deeply concave. 
This is undoubtedly the result of crushing, as is indicated by the bone overlying this area. 
There is little reason Ibr believing that the form of the dwsal surlSace of the cerebrum was 
peculiarly different from that in Triceratops whidi shows no such concavity. 
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SUMMARY OF THE SALIENT GROWTH CHANGES IN 

THE SKULL 

As shown above, each of the forty-six skull elements undergoes 
some modification from the young to the adult stage. The changes 
reflected in certain elements, however, are greater than in others, and 
thus the adult skull possesses many features which are strikingly 
different from those present in the immature skull. The more salient 
of these growth changes are as follows: 


Young 

1. Nasal short, deep, broad and fiat 
above, and only slightly notched 
anteriorly at the postero-superior 
border of the narial opening. 

2. Frill short and only slightly ex¬ 
panded posteriorly. Median sur¬ 
face more or less on the same plane 
as the frontals, and median crest 
low. Temporal openings large and 
rounded in form. 

3. No parieto-frontal depression. 

4. Frontals large. Anterior projec¬ 
tion elongated, exposure on su¬ 
perior border of orbit extensive, 
and dorsal contact with parietals 
broad. 

5. Postorbital fiat and smooth above. 
Superior projection pointed. 

6. Orbits proportionately large. 

7. Palate wide posteriorly. 

8. Long axis of the narial openii^ 
anteriorly inclined. 

9. Anterior branch of the premaxil¬ 
lary extends back to a position a 
short distance in front of the 
posterior margin of the narial 
opening. 

10. Width of the anterior branch of 
the premaxillary rather narrow. 

11. Post-alveolar extension of the 
maxillary not in contact with the 
pterygoid. 


Adult 

1. Nasal long, narrow above, and 
arched upward to form an incipient 
horn-core. Deeply notched anteri¬ 
orly at the postero-superior border 
of the narial opening. 

2. Prill elongated, greatly expanded 
posteriorly, and steeply inclined 
to the plane of the frontals. Medi¬ 
an crest heavy and high. Temporal 
openings laterally constricted and 
elongated. 

3. Well developed parieto-frontal de¬ 
pression showing the b^inning of 
secondary roofing of the skull. 

4. Frontals small. Anterior projec¬ 
tion abbreviated and blunt, expo¬ 
sure on superior border of orbit 
restricted, and dorsal contact with 
parietals narrow. 

6. Postorbital arched and very rugose 
above. Superior projection blunt. 

6. Orbits proportionately smaller. 

7. Palate proportionately wider pos¬ 
teriorly. 

8. Long axis of the narial opening 
more erect. 

9. Anterior branch of the premaxil¬ 
lary extends back to a position 
behind the posterior margin of the 
narial opening. 

10. Width of the anterior branch of 
the premaxillary relatively broad¬ 
er, 

11. Post-alveolar extension of the 
maxillaiy in contact with the 
pterygoid. 
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Young 

12. Pocket at the inferior border of the 
preorbital fossa very pronounced. 

13. Lachrymal large and the anterior 
border faces obliquely downward. 

14. Prefrontal short, proportionately 
broad in front, and restricted to the 
antero-superior border of the orbit. 

15. The anterior-posterior branch of 
the squamosal, short, shallow, and 
nearly horizontal. 

16. Lateral temporal opening large, 
roimded above and in front, and 
the posterior margin quite erect. 

17. Jugal rather horizontal in position, 
contact with the lachrymal limited, 
line of union with the maxillary 
oblique, area on orbital border 
quite extensive, depth under orbit 
shallow, and when seen from above 
it is in a rather vertical plane. 

18. Area of ectopterygoid exposed on 
the palate large. 

19. Exoccipitals do not enter into the 
formation of the condyle. 


Adult 

12. Pocket at the inferior border of the 
preorbital fossa reduced. 

13. Lachrymal proportionately re¬ 
duced and anterior border more 
erect. 

14. Prefrontal elongated, narrow in 
front, and forms more than one- 
half of the superior border of the 
orbit. 

15. The anterior-posterior branch of 
the squamosal elongated, deep and 
inclined upward anteriorly. 

16. Lateral temporal opening some¬ 
what reduced, dorsal border fat¬ 
tened, and the posterior margin 
steeply inclmed. 

17. Jugal rather vertical in position, 
contact with the lachrymal exten¬ 
sive, line of union with the maxil¬ 
lary quite erect, area of orbital 
bo^er restricted, depth under 
orbit much increased, and when 
seen from above it fares out below 
bringing nearly aU of the lateral 
surface into view. 

18. Area oi ectopterygoid exposed on 
the palate r^uced. 

19. Exoccipitals form approximately 
one-third of the condyle. 


SUMMARY OF THE PRIMITIVE CHARACTERS 
OF THE SKULL 

After an evaluation of the constant features of each element of the 
skull, and after a comparison of each part vdth that in the skulls of 
all the other ceratopsians, it becomes remarkably clear that Proto- 
ceratops is strikingly archaic in an extraordinarily large assemblage of 
characters. It should be understood, however, that these characters 
are determined as primitive relative to the net result of the evolu¬ 
tionary changes in the whole group, and that while the general evolu¬ 
tionary trends are constant in the later forms, an intermediate type 
may be as progressive, or even more so, in certain characteristics than 
an end member. 

The more important primitive features, all of which are shown in 
the various illustrations above, are as follows: 
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1. Rostral occupies a rather high poation on the front of the skull. 

2. Narial opening small and no well-developed fossa in front of it. 

3. Premaxillary proportionately large, and the top of the posterior 
branch even with, or above the dorsal mar^ of the lachrymal. 
Alveoli of two teeth present, and septum represented only by a welt 
inside the narial opening at the antero-infeiior end where the pre- 
maxillaries meet. 

4. Maxillaries deep and anterior margins steep. Alveolar portions 
not extended posteriorly, pre-alveolar space great. 

5. Anterior ends of prevomers not expanded, and extensively 
wedged between the maxillaries on the palate. 

6. Palate proportionately very wide posteriorly. 

7. Preorbital fossa large. 

8. Lachrymal large and the anterior border faces obliquely down¬ 
ward. 

9. Nasal small and arched to form an incipient hom-core. 

10. Orbit proportionately large. 

11. Prefrontals do not meet in the midline to exclude the nasals 
from contact with the frontals, and they form part of orbital border. 

12. Palpebrals freely articulate with the prefrontals, and are not, 
therefore, taken over into the skuU roof to form the “supraorbitals.” 
Not in contact with the lachrymals and postorbitals. 

13. Postorbital mostly posterior to the orbit, and it presents only 
the first suggestion of a brow hom-core in that it is arched and rugose 
in the adult. 

14. Lateral temporal opening large. 

15. Frontals in contact with the nasals, form part of the orbital 
borders, and, together with the parietals, show only the be ginning of 
the “frontal fontanelle” in the form of a parieto-frontal depression. 

16. Frill short and has a high median crest. Entire structure acted 
as an anchor for the large capiti-mandibularis muscle masses. 

17. Squamosal small, and with the postorbital, it forms the primi¬ 
tive narrow postorbital-squamosal bar which is nearly parallel with 
the horizontal plane of the skull. Does not unite with the jugal and 
(or) quadratojugal behind the lateral temporal opening. 

18. Epoccipitals were not pr^ent. 

19. Jugal short, broad, and quite oblique in petition. 

20. Epijugals large and rather pointed. 

21. Quadratojugal with an extensive antero-inferior projection 
along the inside of the ventral margin of the jugal. The intemo-ventral 
extension some distance above the articular surface of the quadrate. 
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22. The quadrate and the exoccopital do not unite—^the posterior 
ventral projection of the squamosal intervenes. The lateral wing of 
the quadrate is quite clearly demarcated from the mmn shaft, much 
extended mesially, and on its infero-posterior surface there is no well- 
formed pocket or notch for reception of the overlapping process of 
the pterygoid. 

23. !Ebsoccipitals do not unite above the foramen magnum. Lateral 
eztenrions relatively long and slender, extend out to the lateral maigins 
of the frill, and distal ends not expanded. Sutural surfaces for the 
prodtics extensive. 

24. Supraoccipital large, laterally extended, and it forms the superior 
border of the foramen magnum. 

25. Laterosphenoid low and antero-posteriorly expanded ventrally. 

26. Basioccipital proportionately long and forms about two-thirds 
of the condyle. 

27. Pterygoid elongated and the main body is shallow. No well- 
formed “eustachian canal.” 

28. Ectopterygoid large, extensively exposed on the palate, is in 
contact with the jugal, and forms a pulley-like ridge for the ptery- 
goideus anterior muscle at the anterior border of the subtemporal 
opening. 

COMPARATIVE STUDY OF THE LOWER JAW 

As in the case of the skull, the lower jaw is represented by a large 
quantity of material—a collection which includes numerous growth 
stages from the very youngest to the fully adult animal. One speci¬ 
men, consisting of a left dentary, is unquestionably that of an un¬ 
hatched individual. 

Furthermore, as in the treatment of the skull, the procedure in the 
study of the lower jaw is to present a description of each element, and 
to noake comparison of each with the same element in the later cera- 
topsians. Special emphasis is laid on the main growth changes, the 
primitive and variable characters, and on the main ontogenetic 
features that seem to prophesy certain evolutionary trends in the 
later ceratoprians. Summaries of these are given below. 

The lower jaw pr^ents no important characters which would 
^minate Protoceratops as an ideal structimal ancestor for the more 
progressive ceratopsians. 

Predentary 

The predentary is very sharply pointed anteriorly, is quite com¬ 
pressed, is rather shallow, and is considerably elongated. The dorsal 
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Trmr gin is gently concave antero-posteriorly, and presents a broad flat 
surface which slopes outward. This margin is rather short, being less 
tTian half the length of the bone. Posteriorly it terminates in a short, 
blunt projection which slightly overlaps the superior margin of the 
dentary. The dorsal surface is slightly ridged medially where the 
inner edges of the margins come together. Behind this, it is shallowly 
concave and terminates medially with a short blunt projection that is 
wedged between the dentaries. 

The ventral margin, in the adult, is gently convex antero-posteriorly 
and is transversely rounded and keel-like. There is a fairly marked 
constriction about mid-way down just in front of the upper part of the 
front of the dentary. The postero-ventral projection divides into two 
branches immediately in front of the splenials, which extend back a 
short distance on the ventral margins of the latter and the dentaries. 

With age, several interesting changes take place in the predentary. 
In the very young individual the ventral margin is directed abruptly 
upward and is very straight throughout most of its length. Postero- 
ventrally, at a point located approximately below the posterior edge 
of the dorsal margin, it continues abruptly backward and downward 
so that in profile the marpn forms an obtuse angle. With age, this 
angle is eliminated and the ventral margin becomes gently convex 
downward. Also, in the young jaw, as shown in Am. Mus. No. 6419, 
the dorsal margin is proportionately shorter. Likewise, with age the 
whole predentary becomes proportionately more elongated, broader, 
and more pointed. In the very young, however, the whole dorsal 
surface is quite rounded and the tip is very blunt—a primitive condi¬ 
tion. These changes with age strongly suggest a foreshadowing of the 
principal features of the predentary in the later ceratopsians, for in a 
series including an adult Protoceratops, Leptoceraiops, Brackyceratops, 
Monoclonius, and Triceratops, these very same changes are further 
emphasized. When compared with that of Triceratops, the predentary 
of Protoceratops is in several ways quite strikingly different. For 
example: 

1. Posteriorly, the supero-lateral projections are far in front of the 
postero-ventral projection. This feature is also true of the dorso- 
median projection. 

2. The dorsal margins are short and are not grooved. Instead they 
slope outward from the inner edges—an arrangement that probably 
was influenced by the presence of premaxillary teeth which over¬ 
lapped the predentary posteriorly when the mouth was closed. 
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3. The predentary is much more pointed, its ventral margin is not 
as convex, and it is much less rugose. In addition it is proportionately 
shallower, longer, and narrower. 

These are primitive characters, and the predentaries of Leptocera- 
tops, Brachyceraiops, and Monochnius form an intermediate series 
showing how the specialized predentary of Triceratops was developed 
from this primitive type. 


AM 6499 A 

FiauB 3 B 19. Pratoceratops andrewsi. Izmer \diew8 of two dentaiies. A, firom an nn- 
batciied individual. B, from a very Immature individual. 

Dentary 

The series of Protoceratops dentaries is unusually complete including 
even one most unique specimen (Am. Mus. No. 6499) of an unhatched 
individual consisting of a right dentary. It is certain that this dentary 
is that of an unhatched individual. live teeth, unworn, and each 
having the incipient form of a functional tooth, are deepnset in their 
alveoli. There is a low thin ridge of bone, not present in any indi¬ 
vidual with functional teeth, along the outer alveolar border that 
overhangs the alveoli somewhat, and bears only slight alveolar mark¬ 
ings on its upper surface. The teeth, therefore, were not erupted. 
The estimated size of this individual based on the proportions of the 
beautif\illy preserved skull, jaws, and skeletal parts of a very young 
specimen. Am. Mus. No. 6419, could not have been larger than one of 
the medium-tized egp found with Protoceratops. 

The dentary is relatively Sorter and deeper than in any other known 
ceratoptian. The anterior border is directed backward and downward 
and is overlapped considerably by the predentary. The symphyseal 
surface is extendve, but is interrupted ventrally where the front of the 
splenial intervenes and is lodged in a pit-like depression which is 
especially pronounced in very young individuals. The ventral border 
is nearly straight in the young jaw but with age it becomes sweepingly 
curved dovnaward. This curving is reflected in the whole element 
and continues back onto the angular. It seems to be related to the 
relative increase in length of the predentary, the deepening of the 
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skull, and the more upright position of the frill which changes the 
direction of pull on the mandible in the adult and old skuUs. 

The coronoid process is low and narrow, and is set only a short 
distance out from the tooth row. The very tip is externally rugose, 
suggesting a muscle attachment. The upper part of its internal 
surface is covered by the coronoid. In front of this element all along 
the inner surface of the coronoid ridge is a well marked zone for the 
attachment of a portion of the capiti-mandibularis muscle mass that 
extends forward to about midway along the alveoli. In front of this, 
are several rather large foramina, probably for the emission of branches 
from the mandibularis branch of the trigeminus. 

Postero-intemally the dentary is overlapped by the large and deep 
splenial, and the intercoronoid extends along the inner alveolar 
margin for about half the length of the tooth-row. Down a short 
distance from the inner alveolar margin there are a series of foramina— 
one for each vertical series of teeth—^which are connected by a shallow 
groove on the outer surface of the dentary. 

The function of these foramina has been fully described in a previous 
paper (Brown and Schiaikjer, 1940b). Also, a comparison of the 
dentary of Protoceratops and the other ceratopsians has been made in 
that paper. 

Angular 

The angular is large and very irregular in form. Its ventral surface 
is antero-posteiiorly convex downward. Anteriorly it is ridge-like, 
but posteriorly the ridge broadens under the articular and the articular 
portion of the surangular. Postero-intemally it sends a heavy pro¬ 
jection backward and upward under the articular and the internal 
projection of the surangular. The dorsal surface is deeply and openly 
grooved—^thus forming the floor, and in part the sides of the posterior 
part of the Meckelian orifice. There is, therefore, an external and an 
internal dorsal lateral margin. The former is primarily in contact 
with the surangular, and extends far forward overlapping the dentary 
in the mandibular fossa. The latter is overlain throughout by the 
prearticular. 

The whole external surface of the angular is deeply concave, espe¬ 
cially in the adult, and the anterior portion of the internal surface is 
overlapped by the large splenial. This overlapping is not nearly so 
extensive, however, as in the later ceratopsians. In Triceratopa, for 
example, as shown in the very excellently preserved left lower jaw of 
T. suicatus, No. 4276, in the National Museum collection, the splenial 
extends back to the posterior margin of the jaw where it unites with 
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the articular. In front of this it covers the whole internal margin of 
the angular and the ventral mar^ of the prearticular. Other marked 
differences seen in the angular of the later forms are, the somewhat 
reduced size, the restriction of the portion exposed on the outer smface 
of the jaw, and elimination of the concavity of that portion. These 
changes seem to be correlated principally with the proportionate 
increase in size of the dentary and the articular. 

Surangular 

The surangular has the same general features, and relationship 
with the other jaw elements as in the later ceratopsians. In the follow¬ 
ing respects, however, it is quite distinct. First, the anterior portion 
is noarkedly deeper. In the later forms when the coronoid process of 
the dentary becomes distinctly difierentiated, a blunt process of the 
dentary grows posteriorly for some distance between the angular and 
the surangular. The latter, therefore, becomes restricted in depth. 
Second, on the outer surface a heavy horizontal ridge is present just 
above the inferior margin. This ridge overhangs a concave zone 
along the inferior margin of the surangular which continues onto the 
angular below. It may noark the lateral zone of insertion of the ptery- 
goideus posteriorus. Posteriorly this ridge is flattened and it is con¬ 
tinuous with the broad area of the ventral surfaces of the angular, 
which continues under the surangular. This probably marks the zone 
of attachment of the depressor mandibulae. Third, the postero¬ 
internal projection extends much farther around under and behind 
the articular. Fourth, the surangular forms about one-half of the 
surface for articulation with the quadrate, whereas in the later forms 
the siurangular bears only a small portion of that surface. Also, the 
articular surface is extenave antero-posteriorly, and is much larger 
than the area of the surface of articulation on the quadrate. This 
shows that there must have been considerable anterior-posterior 
movement—certainly more than in the later forms. 

Articular 

The articular is relatively small and is completely embraced an¬ 
teriorly, externally, and posteriorly by the surangular, and internally 
by the prearticular. The latter, however, ^tends up to the articular 
m a tgin only where it unites with the surangular in front. Only the 
outer anterior area of the dorsal surface is slightly convex. Mesially 
to this there is a large concave area which articulates with the inner 
convex articular surface of the quadrate. The convex area extends 
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backward and inward forming a low ridge about where the postero¬ 
internal projections of the surangular and articular meet. Internal to 
this is another, but more limited, slightly concave area. The oblique 
ridge and this second concave area on the articular indicate that there 
certainly was an interior, and slightly outward movement to the lower 
jaw when the mouth was open. 

In the later ceratopsians, the main changes in the articular seem to 
be, the proportionate increase in size resulting mainly in its forming 
more of the articular surface for the quadrate. Also, the postero¬ 
internal projection is reduced, and the projection of the surangular 
extending behind it becomes abbreviated so that the articular forms 
the most posterior limit of the mandible. 

Prearticular 

The prearticular is one of the smallest elements in the Protoceralops 
mandible. Posteriorly it unites with the antero-intemal surface of the 
articular and renaains at least partially unfused with the latter even in 
the old individuals. Ventrally it is in contact with the angular for 
about one-half its length, and antero-intemally unites extenavely 
with the splenial. Near the anterior margin, it forms the dorsal 
border of the internal mandibular foramen. Anteriorly it is below, and 
definitely is not in contact with the intercoronoid. Also, in all of the 
specimens in which the anterior margin of the prearticular seems to be 
completely preserved, it does not quite reach the dentary. These 
features are especially well shown in specimen Am. Mus. No. 6471. 
In the later ceratopsians when the alveolar portion of the dentary 
becomes extended posteriorly the intercoronoid is carried back con- 
aderably over the prearticular which is united extensively with the 
dentary. This is particularly well shown in the left mandible of 
Triceratops suleatus, No. 4276, in the National Museum, when the 
splenial is removed. 

A more extenave treatment of the relationships of the prearticular 
to the other jaw elements in the later ceratopsians has been given by us 
in a previous paper (1940b). 

Splenial 

The splenial is proportionately short and very deep posteriorly. 
Anteriorly it becomes abruptly sl^llow and meets the splenial of the 
opposite dde at the symphysis. It extends down to, or nearly to, the 
ventxal margin of the mandible throughout most of its length. The 
postero-dorsal projection unites above for a short distance with the 
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Tia-UBB 20. Three Protoceratopi andmosi lower Jaws, Inner Tiews, lllnstntlag the changes 
from the vay bnmatare (A) to ^ tony adult <C) IndlTidnal. 

intercoronoid and mth the latter forms a covering over the last few 
foramina on the inner ade of the dentary. On the back slope of tins 
projection there is a shallow notch that forms the interior mai^ of 
the internal mandibular foramen. Posteriorly it covers over only the 
anterior portions of the prearticular and the angular. 

In its form and porition the splenial of Protoceraiops is primitive. 
In the more progressive ceratopsians this element becomes consider¬ 
ably modified, particularly in the following features: 

1. As the alveolar portion of the dentary extends back and in¬ 
creases in depth, the splenial becomes shallow posteriorly. 

2. With the above mentioned modification of the dentary, the 
postero-dorsal projection is carried downward and backward so that 
the internal mandibular foramen is almost entirely enclosed by the 
splenial. 
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3. Posteriorly it extends back and unites with the articular, thus 
entirely eliminating the angular and the ventral portion of the pre- 
articular from the lingual surface of the mandible. This change met 
the demand for greater strengthening in this region of the mandible 
when it assumed a more horizontal portion instead of the upwardly 
curved form as in Protoceratops. Apparently, this straightening of 
the posterior part of the mandible was controlled by the more vertical 
pull of the jaw muscles, as was also, the high, clearly demarked, erect 
coronoid process of the dentary. 

Coronoid 

The coronoid is relatively very large. The upper portion is very 
much expanded antero-posteriorly. Superiorly the anterior mar^ 
extends to, or nearly to, the front of the coronoid process, and the 
posterior margin extends back behind that process and overlaps the 
inner surface of the surangular. The posterior portions of the coronoid 
and the coronoid process of the dentary, therefore, form a pocket into 
which the upper portion of the front of the surangular fits securely. 
The superior mar^ projects slightly above the coronoid process, 
and shows markings, as does the whole of the inner surface of the 
expanded portion, of the capiti-mandibulaiis muscle insertion. Ven* 
trally the coronoid narrows abruptly where it curves inward to meet 
the intereoronoid behind, and just outside the last alveolus. All 
specimens show that this element did not become fused with the 
dentary, although occasionally in a fully adult individual there is a 
tendency for it to become fused with the intereoronoid. 

Three main changes take place in the coronoid of the later ceratop- 
sians. There is a proportionate reduction in tize; the ventral portion 
is deflected backwards; and, the whole element shifts posteriorly so 
that in Triceratops the anterior margin scarcely reaches as far forward 
as the mid-line of the coronoid process, and the superior margin no 
longer projects above that process. These changes are interrelated 
•vrith the posterior extent of the alveolar portion of the dentary and 
the clear demarcation, the antero-posterior expansion of the sunimit, 
and the erect position, of the coronoid process. 

Intercoroncdd 

This is the smallest element in the mandible and, although not re¬ 
corded in any of the ceratopsians until recently (Brown and Schkdkjer 
1940b), it is well preserved in many of the Pratoceratapa spedmens, 
and is now known in several of the later forms. It is a thin, narrow 
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element that unites with the ventral projection of the coronoid, ex¬ 
tends around back of the last alveolus, and continues forward along 
the inner alveolar border for one-half the length of the tooth-row. 
Postero-internally it unites with the dorsal projection of the splenial, 
and a ventral spur extends down behind this projection and nearly 
meets the prearticular, which it does in the later forms. This ventral 
spur is what becomes the floor of the intercoronoid in the later cera- 
topsians when this element is dragged backward as the alveolar portion 
of the dentary grows posteriorly. 

The features of the intercoronoid in the later ceratopsians have been 
elaborated upon previously by us (1940b). 


SUMMARY OF THE SALIENT GROWTH CHANGES IN THE 

LOWER JAW 

The elements of the lower jaw, as in the case of those of the skull, 
all display some modification from the young to the adult stage. 
Certain of the elements, however, undergo greater transformation 
than others, which results in the development of rather marked changes 
in the mandible. (See FiGXjaBS 18 and 20.) The three most important 
of these are as follows: 


Young 

1. Predentaj:y short, narrow, and blunt. 
Most of ventral margin straight and 
directed abruptly upward. Dorsal 
margin short. 

2. External surface of angular and 
lower part of surangular with slight* 
ly concave area, above which only 
a slight ridge is developed on the 
surangular. 

8. Ventral mars^ of dentary straight, 
and posterior part of the mandible 
only slightly upturned. Surface for 
articulation with the quadrate be* 
low level of the tooth row. 


Adult 

1. Predentary more elongated, broad¬ 
er, and more pointed. Ventral 
margin convex downward. Dorsal 
margin longer. 

2. External surface of angular and 
lower part of surangular with deeply 
concave area, above which is a 
heavy ridge developed on the sur¬ 
angular. 

3. Entire ventral margin of the mandi¬ 
ble sweepingly curved downward. 
Surface for articulation with the 
quadrate even with or above the 
level of the tooth row. 


SUMMARY OP THE PRIMITIVE CHARACTERS OF THE 

LOWER JAW 

Wlien all of the seventeen elements of the lower jaws are analyzed 
individually, or as a complex, they confirm the evidence so admirably 
displayed in the skull, that Proioceratops is a remarkably primitive 
ceratopsian. 
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The more outstaading primitive features of the mandible are as 
follows (see figurbs 18-20): 

1. The predentary is shallow, long, and narrow. Dorsal margin 
short, not grooved, and its surface slopes outward from the inner 
mai^. 

2. Dentary short and deep, and ventral border curved downward. 
Coronoid process low, set close to tooth-row, and dorsal end not 
expanded. Alveolar area short, with few alveoli, and posteriorly it 
extends back to a position nearly opposite the middle of the coronoid 
process. 

3. Angular large. External surface deeply concave and only part 
of the internal surface is covered over by the spleniaJ. 

4. Surangular deep anteriorly, has horizontal ridge on the external 
surface, forms approximately one-half of the surface for articulation 
with the quadrate, and postero-intemal projection extends far around 
behind the articular. 

5. Proportionately small articular. 

6. Frearticular small, and not in contact with eithm: the inter- 
coronoid or dentary. 

7. Splenial short, and very deep posteriorly. It forms only the 
anterior border of the internal mandibular foramen, it does not unite 
with the articular, and it covers only the anterior portions of the pre- 
articular and angular. 

8. Coronoid large, ventral portion not deflected posteriorly, and 
the dorsal portion is much expanded antero-posteriorly—covering 
most of the inner surface of the coronoid process of the dentary. 

9. Intercoronoid not in contact with the prearticular. 

COMPARATIVE STUDY OF THE TEETH 

The dentition of ProtocercOops is completely known in a large num¬ 
ber of skulls and lower jaws representing all the important growth 
stages. The number of vertical series of teeth is variable. In the 
snoallest hatched specimen, consisting of a left dentary (Am. Mus. No. 
6498) approxunately one and a half inches long, the stubs of three 
teeth and five alveoli without teeth show that the number was eight. 
A right dentary of an unhatched individual (Am. Mus. No. 6499), 
however, shows five unerupted teeth and a chamber for a sixth. 
(See FiGUBB 19.) It would seem, therefore, that the minimum num¬ 
ber for the hatched individual was probably dght. In the early adult 
skulls the number is from twelve to fourteen, and in the old skulls 
fourteen or fifteen. In two specimens, Am. Mus. No. 6417 and Am. 
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Mus. No. 6438, which are the oldest, and largest individuals repre¬ 
sented in the collection, the number is fifteen. There seems to be no 
difference in the number of teeth between male and female skulls of 
relatively the same age. There are never more teeth in the mandible 
than in the majdllary and usually there are one or two more in the 
maxillary, but in the old individuals the number is fifteen both in the 
upper and lower jaw. 

Protoceratops has fewer vertical series of teeth than any other 
known ceratopsian except Leptoceratops, in which form the exact 
number is unknown, but from the preserved alveoli in the dentary of 
that genus it would seem to have fifteen or fewer. In the later forms 
there always seems to be a greater number in the upper than in the 
lower jaw, and in Triceratops the discrepancy may be as great as ten or 
more. 

As in all ceratopsians the dentition of Protoceratops is of the shear 
type. On the wear surfaces enamel is present only at the very mar^s 
of the tips, whereas in the later forms, such as Mmoclxmius and 
Triceratops, enamel covers a considerable amount of the whole tip on 
the wear surface of each tooth. On the opposite sides of the teeth— 
that is, on the inner surfaces of the lower teeth and the outer surfaces 
of the upper teeth—^there is the customary thick layer of enamel. 
These surfaces are heavily ribbed, and each tooth has a single prom¬ 
inent vertical ridge, which is anterior to the mid-line on the lower 
teeth and posterior to the mid-line on the upper teeth. In the later 
ceratopsiars the tendency is for this ribbing to become reduced and 
the vertical ridge to become heavier, higher, and more centrally 
located on the crown. 

As in Leptoceratops, the teeth are single-rooted. A longitudinal 
groove is present on the anterior and on the posterior surfaces of each 
root. Into these grooves fit marginal portions of the crowns of the 
adjacent teeth, giving the root somewhat of an hour-glass form in 
cross-section. The next succeeding tooth is located at the tip of the 
root. Each tooth erupts, therefore, by the united effort of three 
teeth—one in front of, one behind, and one at the tip of the root. 
In the later ceratopsians, the root of each tooth becomes transversely 
bifurcate by the root dividing and spreading over the crown of the 
next succeedmg tooth. The crown of the succeedii^ tooth is not, 
therefore, as far removed from that of the functional tooth. This 
arrangement in the later forms means, in the first place, a more even 
wear surface to the whole tooth battery. In Protoceratops with the 
succeedmg tooth so far removed from the crown of the functional 
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'Ftavna 21. Inner views of two cemtopsian left lower Jaws. A, Protoceraiops andrewH. B, Triceratops serratus. 
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tooth, because of the long root of the latter, a considerable gap is 
present at the functional end of every other vertical series, although 
since the crowns are antero-posteriorly fan-shaped, and each is over¬ 
lapped slightly by the one behind, this space is somewhat reduced by 
the adjacent teethnmtil the new tooth erupts. (See fiqxjeb 21A.) In 
the second place, in the tooth arrangement of the advanced forms 
there is far less chance for anterior or posterior displacement of any 
vertical series because the heavy crest-like median ridge of the crown 
becomes buried in the bifid root of the tooth which it is succeeding. 
Moreover, such displacement is entirely prevented in these forms by 
the appearance of a most unique structure consisting of a tube-like 
casing for each vertical series of teeth which is made not of cementum, 
but of spongy bone. This structure is formed at the base of each 
vertical series and erupts, and is worn away with the teeth. (See 
pigubb 21B.) There is no such structure around the teeth of Proto- 
eeratops. In the evolution of the ceratopsians, the appearance of this 
unusual structure seems correlated with three msdn changes in the 
dentition—^the development of two-rooted teeth, the increase in 
number of teeth in each vertical series, and the change from what is 
■virtually a vertical series of only two, or posribly at the most three, 
teeth in each series to a pronouncedly curved series of as many as five 
or more teeth. 

The arrangement of the whole battery of teeth is tsrpically ceratop- 
sian. Anteriorly and posteriorly the tooth magazine is shallower and 
the teeth are smaller than in the central area. In the manner of wear, 
however, the dentition of ProtocercUops is different. The teeth of 
either alternate group present greater wear posteriorly in the jaw. 
That is, in the front of the battery a tooth may show only the first 
st^es of wear, and proceeding posteriorly each homologous tooth in 
every other vertical series presents greater and greater wear so that 
towards the back of the battery, the homologous tooth may be quite 
completely worn away. In other words, the whole magazine of teeth 
is so arranged in the lower jaw that the teeth erupt upward and 
slightly forward, and in the upper jaw downward and sli^tiy forward, 
which simply means that the teeth in the back portion of the jaw 
always wear out before those in the front portion. In the later forms, 
such as Trimatops, the condition is just the reverse. The lower 
teeth erupt upward and slightly backward, and the upper teeth do'wn- 
ward and backward. Thus, the teeth in the front portion of the jaw 
wear out first. This change in wear seems correlated with a change in 
form and shear action in the lower jaw. 
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As pointed out earlier in this paper, the lower jaw of the adult 
ProtocercOops is decidedly curved, the surface for articulation with the 
quadrate is even with or above the level of the tooth row, and the pull 
of the capiti-mandibularis mass is oblique. The lower jaw, therefore, 
had a pruning-shears type of action. As the jaw closed, each tooth 
in the lower jaw moved up and across one or more in the upper jaw. 
Thus to bring about the most efficient shearing with this type of 
action, the whole magazine of teeth erupted upward and slightly 
forward in the lower jaw, and downward and slightly forward in the 
upper. This results in the teeth of the posterior area of the dentition 
disappearing before their homologues in the anterior area. In the 
later ceratopsians, as in Triceratops, the lower jaw is straight, the 
surface for articulation with the quadrate is below the level of the 
tooth row, and the pull of the capiti-mandibularis mass is quite 
vertical,—a combination of characters adapted for a chopping action. 
Under these conditions, for the teeth in the lower jaw to shear upward 
and across those in the upper jaw, thus ^ving the most efficient type 
of shear, the whole magazine of teeth has to be arranged in the lower 
jaw so that the teeth will erupt upward and slightly backward, and in 
the upper jaw downward and slightly backward. Thus the teeth 
in the anterior part of the battery will disappear before their homo¬ 
logues in the posterior section. 

MEASUREMENTS OF THE SKULL AND LOWER JAW 

In the development from the young to the old individual, not a 
single important feature remains constant. To show diagrammatically 
the change of one feature with respect to any one other feature would 
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not, therefore, give a true picture of the real proportionate changes 
that take place. It is desirable, to have some method by which the 
changes of several dominant features can be diagrammatically shown 
in relation to one another. Such a presentation is given in figube 22. 
Inspection of these diagrams will reveal at once how such proportionate 
changes as frill widening and lengthening, orbit reduction, and facial 
deepening are interrelated. The measurement data (in millimeters) 
used in the construction of these figures is ^ven in tables 1 and 2. 

Tabi^b 2 


MBASnBBMBNTS OF THB LoWBB JaW 


Am. ' 
Mus. 
No. 

Depth of 
jaw in 
front of 
coronoid 
ridge 

Total 

length 

Length of 
dentaiy. 
Antero- 
superior 
end to 
posterior 

Length 
of tooth 
row 

Height of 
coronoid 
above 
aveolar 
margin 

Total 
length 
of pre¬ 
dentary 

Length 
of dorsal 
surface 
of pre¬ 
dentary 

Depth 
of jaw 
under 

coro¬ 

noid 

6419 

18 

74 

47 

34 

7 

23 

10 

24 

6408 

60 

225 

120 

93 

40 

112 

64 

90 

6414 

86 

346 

196 

— 

— 

177 

81 

— 

6466 

84 

361 

202 

142 

52 

165 

82 

128 

6438 

87 

360* 

190 

145 

74* 

— 

— 

146 

6425 

72 

327* 

190 

124 

66 

150* 

69* 

128 

6439 

67 

300 

162 

112 

> 47 

136 

70 

110 

6429 

76 

— 

169 

106 

1 57 

— 

— 

110 

6471 

51 

236 

125 

86 

46 

122 

1 57 

90 


* Estimated. 


COMPARATIVE STUDY OF THE VERTEBRAL COLUMN 

It is a remarkable fact that, insofar as can be detemoined, the num¬ 
ber of presacral vertebrae is constant in all known ceratopsians. 
As shown elsewhere by the senior author (1917:288), the most reliable 
criterion for distinguishing the change from the cervical to the dorsal 
series is the rise of the capitular facet from the centrum to the neural 
arch. Accepting this, the number of cervicals is always nine, and the 
centra of the first three are always fused. The number of dorsals is 
twelve. As will be shown later, the number of sacraJs coSssified by 
their centra is somewhat variable in the group. Protoceratops has 
eight in the fully adult. The number of caudal vertebrae in this 
genus, however, is unknown. The most completely preserved caudal 
series is shown in specimen Am. Mus. No. 6417, which has thirty- 
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two articulated and completely preserved vertebrae. On the last of 
these, the neural spine is stiU quite long, thus indicating that its 
position was rather far from the end of the series. The total number 
of caudals was probably over forty. 

Cervicals 

At least in one specimen (Am. Mus. No. 6418) a separate element 
is distinctly shown in front of the first cervical (see figitre 23). It 
consists of a semicircular band of bone, with a slight median postero- 
ventral projection, that forms the inferior margin of the cup on the 
anterior extremity of the atlas. It is almost completely fused with 
the latter, and is undoubtedly the homologue of what Lull described 
as the first cervical in the type of Triceraiops prorsvs (BEatcher, Marsh, 
and Lull 1907; 47), but what he later regarded as only a ^'sutural 
marking” on the atlas of this species and on that of CerUrosaurus, and 
stated, '^It has been suggested that the portion of the atlas in front of 
this suture may represent a proatlas, . . (1933: 40). That this 

element is homologous with the proatlas is not probable. The so- 
named **proatlas” is always located above the neural canal. It is 
composed of a pair of elements, which may become fused, and has the 
form of a vestigial neural arch. The most satisfactory explanation of 
its origin seems to be that it is formed by the dorsal arcualia (inter- 
dorsals) of the anterior half of the sclerotome which gives rise to the 
neural arch (formed from the basidorsals) of the atlas, and to the 
hypocentrum (formed from the basiventrals) that is sometimes present 
(as in the crocodile and, by homology, in numerous extinct reptiles) 
in front of the centrum of that vertebra. The interventrals of this 
anterior half-sclerotome either form the tip of the odontoid process, 
or are not developed. There is a possibility, therefore, that the ele¬ 
ment in front of the antero-ventral margin of the atlas of Protoceratops 
was formed from the interventrals of the anterior half-sclerotome, of 
which the interdorsals would normally give rise to the proatlas. The 
more probable explanation of its ori^, however, is that it was de¬ 
rived from the basiventrals of the posterior half-sclerotome, of which 
the basidorsals gave rise to the neural arch of the atlas. In other 
words, it is nothing more than a hypocentrum. This is the condition 
in the crocodile, in which form there is not only a hypocentrum 
(intercentrum) in front of the centrum (pleurocentrum) of the atlas, 
but also one between the centra of the atias and axis. In either case, 
the element in front of the atlas of Protoceratops cannot be homologous 
with what is known as the proatlas. That it is really a hypocentrum 
Obitercentrum) seems most probable. 
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The centra of the first three cervical vertebrae are completely fused. 
The atlas is the smallest of the cervicals, and condsts mainly of the 
centrum, the anterior surface of which is deeply concave for reception 
of the occijutal condyle of the skull. The neural arch is represented by 
a narrow bar of bone on dther side that extends upward and back¬ 
ward to the base of the neural spine of the axis. Its dorsal end flares 
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antero-posteriorly and is reedved into a daallow groove on the ride of 
the arch of the axis. The posterior part of this antero-posterior 
expansion probably corresponds to the postzygapophysis of the atlas. 
At the base of this arch there is a low projection which is the capitular 
facet for a long, nearly holocephalous rib. 

The centrum of the axis bears a dichocephalous rib although the 
tubercular facet is considerably smaller than that of any of the suc¬ 
ceeding vertebrae. The intervertebral foramen between the axis and 
the third cervical is condderably larger than that foramen between the 
atlas and axis. The neural arch of the axis is larger than that of any of 
the cervicals. The neural spine is extremely expanded antero-pos¬ 
teriorly, being approamately three times larger than that of the third 
cervical. It extends posteriorly to a point above the middle of the 
centrum of the third cervical. By their rugosity, the dorsal and dorso¬ 
lateral borders show clearly the ori^ of the large rectus capitis 
posterior muscle mass. The ori^ of the obliquus capitis magnus is 
distinctly shown by a large, more or less circular depresdon near the 
base of the s^nne. At the posterior mar^ of the spine about half 
way do\m is a well-marked semicircular area which probably was the 
area of insertion of the spinalis and the semispinalis cervicis muscles. 
There was no interspinalis muscle between the axis and the third 
cervical since the spines and zygapophyses of these two vertebrae are 
closely applied to one another. They are not coSssified, however. 

Cervicals four to nine are all subequal in size. Of these, four and 
five are the most distinctive. Ventrally they are crest-like, while the 
ventral surfaces of dx, seven, dght, and nine are rather broad and fiat. 
In addition, the transverse processes of these two vertebrae are shorter 
and extend outward and abruptly downward. The transverse proc¬ 
esses on the sixth are directed only slightly downward, on seven they 
are at right angles to the vertical axis of the vertebra, and on eight and 
nine they are directed slightly upward,—^more so on nine than on 
eight. The capitular facet is most stron^y developed on the fourth. 
On the succeeding cervicals it gradually diminishes, and occupies a 
higher potition on the centrum. In specimen Am. Mus. No. 6418, 
which is a fairly young adult individual, the centra of the fourth and 
fifth cervicals are fused on the Irft side. This is undoubtedly a patho- 
Ic^cal condition which is not uncommon among the Ceratoptia. 
Such a condition has been reported in the fifth and sixth cerricals of 
MoTtochnius (Centrosaimis) fiexus by Lull (1933:40) and in the fourth 
and fifth dorsals of Styracosauma parhsi by Brown and Schl^jer 
(1937:5). 
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When the cervical vertebrae of Protoceratops are compared vrith 
those of the later and more progressive ceratopsians, they are seen to 
be decidedly primitive. The following are the main changes that have 
occurred in the cervicals of the later forms: 

1. The hypocentrum (intercentrum) in front of the atlas becomes 
ring-like, and the centrum of the atlas more deeply concave anteriorly. 

2. The neural arches of the first three cervicals are lower, they 
become completely codssified, and the intervertebral foramina are 
reduced. 

3. The capitular facet on the centrum of the atlas becomes reduced 
{Monoclonius) or is lost (Triceratops). 

4. The neural spine of the axis loses its erect, hatchet-shaped 
form; becomes narrow, low, and more posteriorly directed; and, 
extends backward to a point above the posterior margin of the centrum 
of the third cervical. 

Dorsals 

As in all of the known ceratopsians, the number of dorsals is twelve. 
In the old individuals the centrum of the twelfth has a tendency to 
become slightly coossified with the centrum of the first sacral. At 
least this is the condition in specimen Am. Mus. No. 6466, which is 
the only fully adult specimen in which the sacrals and dorsals are 
known (see FiGTrEB 24). 

On the first dorsal the capitular facet has shifted to the neural arch, 
and occupies a position on this and the second dorsal vertebra about 
midway between the centrum and the transverse process. On the 
remaining dorsals it moves up to the base of the transverse process 
where it remains throughout the series. In the later ceratopsians, 
however, it migrates outward on the ventral surface of the transverse 
process. In the posterior dorsals of Triceratops its position is midway 
between the apex and the base of that process. It is always oval in 
form and seems to be largest on the seventh dorsal. 

The transverse processes are most robust on the first dorsal. They 
increase in length from one to three, and although four and five are 
as long as the third, they are slightly more slender. From six to 
twelve they decrease in length and robustness, and are markedly 
shorter on eleven and twelve. This is natural, however, ance those two 
vertebrae are situated in the narrow space between the anterior ends 
of the ilia. They are directed upward and backward at about the 
same slant as the neural spines on dorsals one to five, but from six to 
twelve they are directed more outward and backward. 

The neural spines increase in length from the first to the ninth 
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dorsal, and their antero-posterior diameter becomes greater from the 
first to the fifth, and is about the same for five, six, and seven. From 
the tenth to the twelfth the neural spines become shorter, and the 
antero-posterior diameter decreases from eight to twelve—especially 
so, on ten to twelve. 

The intervertebral foramina decrease in aze posteriorly. This 
results mainly from the change in form and position of the neural 
arches which expand antero-posteriorly and decrease in height pos¬ 
teriorly in the series. 

The backward slant of the neural spines and arches is a prevalent 
feature in Protoceratops, and is most pronounced in the mpfiiaT) area of 
the dorsal series. This feature is particularly characteristic in the 
young and early adult individuals, but is less dominant in the fully 
adult and old specimens. This probably is a primitive character, 
since ir the later ceratopsians the tendency is for the neural spines and 
arches to become more erect and proportionately higher. There is, 
hovever, some variation in this respect in the later forms, as in Mono- 
donius (Cenirosaunts), which may be due in part to age, and in part to 
individual variation. As is to be expected, the incisions of the neural 
arch under the prezygapophyses aie shallower, and those under the 
postzygapophyses are deeper when the backward slant of the neural 
spine and arch is greater. 

The centra are rather circular in outline when viewed from the 
front, and both the anterior and posterior ends are quite flat or some¬ 
what shallowly concave. In diameter and length the centrum of each 
of the first three dorsals is greater than that of fouu* to nine. It again 
enlarges from ten to twelve, and is largest on the twelfth. These 
characters of the centra are essentially the same as those in many of 
the later ceratopsians. In Tnceratops, however, the tendency is for 
the ends of the centra to become pear-shaped in cross-section. 

Sacrum 

The number of sacrals in the immature individual is unknown. In 
specimen Am. Mus. No. 6418, which is a yoimg adult, the number is 
seven, and of these, the sixth is incompletely cobssified with the fifth 
and seventh. In the fully adult, as shown by Am. Mus. No. 6466, the 
first caudal (sacro-caudal) becomes coSssified with the seventh, thus 
bringing the total niunber of sacral vertebrae, whose centra are coSsa- 
fied, to eight (see pigube 25). 

In the yoimg adult specimen (Am. Mus. No. 6418) the twelfth 
dorsal is completely distinct from the first sacral. In the fully adult 
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specimen, however (Am. Mus. No. 6466) the centra of these two 
vertebrae show slight codssification, and their neural spines are closely 
applied to one another throughout half thdr length. 

The neural spines of sacrals one to seven are more or less of uniform 
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hdght, and although they are closely applied to one another, through¬ 
out most of their lengths, they are never coSssified. The antero¬ 
posterior diameter of the spines is greatest on two to five. The 
zygapophyses are only partially coSssified in the younger specimens, 
but in the fuUy adult they are quite completely fused. The prezy- 
gapophyses of the sacro-caudal, however, are not at all coSssified 
with the postzygapophyses of the seventh sacral in the young adult 
specimen, and are only slightly so in the fully adult form. 

The diapophysis of the first sacral is short, and bears a heavy rib 
which is about twice its length. This rib is directed forward, and its 
antero-posteriorly expanded distal end unites with the medio-ventral 
Tuargin of the ilium just behind the anterior end of that element which 
is in contact with the rib of the last dorsal. Posteriorly the expanded 
distal end of the first sacral rib unites with the distal end of the diapo¬ 
physis of the second sacral. 

On the lateral posterior margin of the centrum of the first sacral, 
and extending two-thirds of the way back onto the side of the centrum 
of the second sacral, is a large facet or parapophysis. Sinnlar but 
gradually smaller facets occur on sacrals three to five. Each facet is 
connected with the short, heavy diapophysis above by a strong low 
ridge. Articulating with, and partially or wholly coSssified with, the 
parapophysis, or facet, the connecting ridge, and the under side of the 
diapophysis is a short, heavy, and highly modified rib.* Ventro- 
distally this rib is expanded antero-posteriorly, and together with the 
distally antero-posteriorly expanded diapophyris, it forms an I-beam 
structure. This structure is deepest on the second sacral—extending 
from the ventral margin of the pre-acetabular portion of the ilium 
down to the distal end of the pubic peduncle. It becomes less deep on 
sacrals three to five. The ventro-distal expanded ends of these ribs on 
sacrals two to five unite, as in all known ceratopsians, to form the 
acetabular bar. There is only a slight suggestion of this I-beam struc¬ 
ture on the axth sacral. On this vertebra presumably the short 
diapophyris and low parapophyas merge to form a very abbreviated, 
rather quadrangular projection, which is located partially on the 

* These sacral ilbs are sometimes referred to as parapoph^^ses hi the later ceratopsiaiis 
(Hatcher. Marsh, and Lull. 1907: 51-53, Lull, 1983: 49). This is probably because the 
sacral ilbs, hi the adult form, become so thoroughly coossided -with the centra. Neverthe¬ 
less, in epite of the thorou^ coossiflcatlon, the line of union is usually distinctly preserved, 
as is sboTm in the various specimens in the American Museum collection, and in Mark's 
illustration (1896, plate 65) of the sacrum of an adult Tnceratops prorsus. Furthermore, in 
the sacrum of Agathaumas sghsestris (Am. Mus. No. 4000), which is obviously that of a young 
adult individual, the sacral ribs are sutoraUy distinct, and were so describ^ by Hatcher in 
the Ceratopsia monograph (1907; 110). They sbonld not be regarded as parapophyses in 
any ceratopsiaii. 




neural arch and partially on the centrum, about midway back on the 
vertebra. The whole surface of the end of this projecldon bears a 
sacral rib, approximately twice its length, with which it is completely 
coSssified. same condition is true for the seventh sacral and the 
sacro-caudal, except that the projections and ribs of these vertebrae 
are somewhat shorter. The distal ends of these ribs are enlarged. 
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especially antero-posteriorly, and in the young adult are in contact 
•with one another, thus forming, together •with the united distal ends 
of the diapophyses of sacrals one to five, a bar-like structure. In the 
fully adult, however, their contact with one another is lost, and thdr 
distal ends become proportionately larger, but more rounded in form. 

The centra decrease in size from the fimt to the last sacral. Yen- 
trally the first four are broadly crest-like, and the last three are 
definitely rounded. The centrum of the sacro-caudal, or eighth sacral, 
is somewhat crest-like ventrally, and is broader than the seventh. 

In all of its important features, the sacrum of Protoceratops is defi¬ 
nitely more primitive than that of any other known ceratopsian. 
Throughout its form and structure are to be seen precisely those 
characters to be expected in an archaic bipedal form which has just 
become quadrupedal. From it the sacrum of all the more progresave 
forms could have been derived, and the main changes that have taken 
place in the sacrum of these later members result primarily from a more 
complete adaptation to the quadrupedal habit, correlated with which 
is the flattening and lateral expanaon of the ilia. The more important 
of these changes are best shown in a late Cretaceous genus such as 
Triceratops. They are as follo^ws: 

1. Two additional caudals have been taken over into the sacrum, 
thus brin^g the total number of vertebrae incorporated in the sacrum 
of a fully adult to ten. At least, this is unquestionably the case in 
Monodomus. There is, however, some question as to whether or not 
one of the two additional sacrals in Triceratops has been taken over 
from the dorsal series. According to the figures by ELatcher, Marsh, 
and Lull (1907, Spires 53-55) of a Triceratops prorsus sacrum in the 
National Museum, the total number of codssified centra is ten. But 
a discrepancy lies in the fact that if the first of these corresponds to 
what we designate as the first sacral in Protoceratops, and to what has 
been detignated as the first sacral in Monodonivs and the other known 
ceratoptians, then the first sacral parapophysial rib arises at the 
posterior end of the second sacral instead of at the posterior end of the 
first, as in all other recorded ceratopdans of which the details of the 
sacrum are known. 'Without any implication that “migration” of 
the acetabular bar cannot take place, we are of the opinion that this 
so-called first sacral in Triceratops is in reality the twenty-first pre- 
sacral the centrum of which has become coSsdfied •with that of the 
first sacral. Our reasons for this concludon are the follo'wing. In the 
first place, as pointed out above, the first parapophydal sacral rib 
arises at the posterior margn of the twmity-^ond vertebra in the 
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column, or the first sacral, in all of the other ceratopsians, and the 
number of presacrals is always twenty-one.* Secondly, the anterior 
portion of the Triceratops ilium is straighter and broader than in any 
other known form. It is, therefore, quite probable that one of the 
dorsals would become cobssified with the sacrum. As shown above, 
there is a suggestion of this in the fully adult Protoceratops, which 
certainly seems correlated with the relatively longer pre-acetabular 
portion of the ilium in an individual of that growth stage. If, then, 
the so-called first sacral of Triceratops is in reality the last true dorsal, 
that would mean that only one additional caudal has been incorporated 
in the sacrum, and that there are only nine sacrals—or nine vertebrae 
which are definitely called sacrals in the ceratopsians. This is of no 
particular importance since the number of caudals incorporated in 
the sacrum of other later ceratopsians is somewhat variable. In 
Styracosaurus, for example, the tenth sacral is incompletely codssified 
with the ninth, and in Pentaceratops, what is definitely known to be 
the twenty-first of the presacral series is completely codssified with 
the first sacral and a tenth sacral is formed by the taking over of 
another caudal. This brings the total number of vertebrae functioning 
as a sacrum to eleven in this genus. What is important, is that in 
every known case the fiirst parapophysial sacral rib appears at the 
posterior margin of the twenty-second vertebra in the column. There 
is no real reason for believing that the condition is different in Triceror 
tops. Taking into consideration, therefore, all of the available infor¬ 
mation, the following concluraons, concerning the formation of the adult 
ceratopsian sacrum, seem probable, (a) The first parapophysial rib 
is always located at the posterior mar^ of the twenty-second verte¬ 
bra and is mostly on the centrum of the twenty-third, (b) This rib 
is the first of four (possibly sometimes five as is suggested in Penior 
c&rrdops) which form the acetabulax bar, and which are always located 
on vertebrae 23-26 inclusive, (c) These vertebrae probably are the 
only “true” sacrals in the Ceratopsia, and, therefore, represent the 
sacrum of the unknown, early Mesozoic omithopodian ancestor of the 
suborder, (d) The twenty-second vertebra is always codssified with 
the twenty-third,—a condition that also may have been present in 
the unknown ancestral form, (e) The centrum of the twenty-first 
(or last “dorsal”) is occasionally partially (Protoceratops) or wholly 

* The nomber of finee presacral vertebrae in Triceratops is not definitely known. Hatcher, 
Marsh, and Lull figure twenty-one (1907; 47), but the entire centra of the last five are missing 
and they were not joined to a sacmni. The sacrum described and figured by them Is firom 
another spedmen. It is entirely possible that the neural spme of the last presacral of the 
figured column had a centrum that was coossifled with the first true sacral. The number of 
presacrals in this genus would, therefore, be twenty-one 
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{Triceratops, Pentaceratops) coossified with the twenty-second, (f) 
The minimum number of caudals added to the ‘'true” sacrals is 
three, and the maximum, and usual number, in the later forms is five. 
In Siyracosaurus, however, the fifth is incompletely coossified with the 
fourth, and in Tnceratops only four are added. 

2. When seen from above, the TnceraiopB sacrum is oval in outline, 
and the greatest diameter is across the parapophysial libs of the fourth 
“true” sacral vertebra (the last of the four comprising the acetabular 
bar). In Prctoceratops the sides of the sacrum are straight and the 
greatest width is across the parapophysial ribs of the first “true” 
sacral (the first of the four comprising the acetabular bar), behind 
which it becomes progresavely narrower. 

3. The whole sacrum is relatively short, broad, and upwardly 
arched, whereas in Protocerataps, it is long and narrow, and is rather 
straight when seen in lateral view. 

4. In Tnceraiops the form of the acetabular bar is a high arch, and 
the distal ends of the ribs, of which it is composed, are completely 
coossified. In Protoceratops the acetabular bar has the form of a low 
arch, and coosdfication of the ribs is not as complete. 

5. There is a pronounced median ventral groove on the centra that 
be^s on the first “true” sacral and extends to the first free caudal 
(vertebrae 23 to 30 inclusive). In Protoceratops there is not even a 
suggestion of such a groove. 

6. The neural spines are low and completely coossified. In Proto^ 
ceratops they are high and, although closely applied, are not coossified. 

In its general structure, the sacrum of Leptoceratops, while stiU very 
close to that of Protoceratops^ shows a tendency towards all of these 
changes. The sacrum of Brachyceratops, so far as it is known, has 
progressed more in the direction of the more progressive forms This 
is particularly true in the number of coossified vertebrae, which was 
undoubtedly at least eight, and probably nine, in the adult; in the 
low spines; and, in the absence of ventral, median keels on the centra. 
The sacrum of Monochmus represents a further advancement towards 
the sacra of the most specialized forms of the latest Cretaceous, and 
is quite ideally intermediate between that of Brachyceratops and that 
of Trtceratops, 

Caudals 

The caudal senes of vertebrae is not completely known in any 
specimen. The greatest number articulated and completely preserved 
is thirty-two,* in specimen Am, Mus. No. 6417, a mounted skeleton. 
The total number was probably weU over forty. 


* CoDsiUeEmg the number of sacraJs as eigbt 
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As in Leptoceratopa, the neural spines are very tall, and are erect in 
relation to the long axis of the centra. The spines on the first four 
caudals are expanded antero-posteriorly almost as much as those of 
the posterior sacrals. On five and six they are less expanded, and on 
the remainii^ vertebrae the spines become more oval-shaped to 
rounded in cross-section. From the first to the fourteenth they become 
progressively taller, and then become gradually shorter posteriorly. 
The very tall neural spines of the caudal vertebrae show that the 
supracaudal muscles were deep and powerful. This feature of the 
tail is also dominant in Leptoceratopa, —possibly an adaptation for a 
swimming habit. 

The transverse processes, which are composed of ribs more or less 
completely cobssified with the centra, are present on the first thirteen 
caudals. They are rather short on the first caudal, somewhat longer 
on the second, and longest on the third. They then become gradually 
shorter on the succeeding vertebrae, and are but mere welts on the 
thirteenth caudal. They are always directed outward and slightly 
backward, are always attached at the sides of the centrum where it 
unites with the neursd arch, and at their bases are expanded antero- 
posteriorly the length of the arch. 

In the anterior caudals, the width, length, and depth of esush cen¬ 
trum are subequal. From the twenty-fifth on, however, the centra 
are definitely longer than they are wide or deep. The first chevron is 
present at the union of the third and fourth caudals. Chevrons three 
to nine sire the longest and heaviest, and from the tenth on they 
become grsidually smaller. 

When the caudsd vertebrae of Protoceratopa sire compared with 
those of the other ceratopnans, the closest similarity, and indeed a 
striking one, is seen between this genus sind Leptoceratopa. In the 
caudal vertebrsie of the more progressive fornos, seversd distinct 
changes have tsiken plsice. The neural spines tend to become directed 
posteriorly with respect to the centra, and become reduced in hdght. 
Transverse processes are present on a greater number of vertebrsie 
and are located farther down on the centra. The centra become 
deeper and wider than they are long. In these features Triceratopa 
represents the extreme. Momdomita, however, seems less specialized 
in these characters. The neural spines are still qmte erect, and while 
they ate rather short, they do not become progressively shorter after 
the first few caudals. The first four spines are the tsillest, five and mx 
are a little lower, and seven to fifteen sire more or less uniform in 
hdg^t,—at lesist as is shown in the very complete and unususdly well 
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preserved skeleton of Monoclonius nasicomis in the American Museum 
(No. 5351). 

COMPARATIVE STUDY OF THE RIBS AND STERNUM 

Ribs 

Bibs are present on all vertebrae except the posterior caudals. The 
first five cervical ribs are short, and of these, the first two are the 
longest. The first, or atlas rib, has the tubercle only slightly developed, 
and on the ninth cervical rib the capitulum and tubercle are more 
widely separated than on any rib. The third to the sixth dorsal ribs 
are the longest. The third and fourth are subequal in length, and the 
fifth and sixth are somewhat longer. Of the whole dorsal series of ribs, 
the eleventh or last of the free ribs, is the shortest, and the twelfth is 
very much reduced in length and is in contact with the antero-inferior 
surface of the ilium. In the fully adult individual, however, as shown 
in Am. Mus. No. 6466, ance the front of the ilium extends proportion¬ 
ately even farther forward, the eleventh becomes shortened and ex¬ 
tends down and under the front of the ilium. The character of the 
distal ends of the anterior dorsal ribs, and indentures on the posterior 
marpns of the sternal plates, strongly suggest that cartilaginous 
abdominal ribs were present. 

The sacral and caudal ribs have been described xmder the considera¬ 
tion of the sacrum and the caudal vertebrae. 

There are no striking differences between the ribs of Protoceraiops 
and those of the later ceratopsians. In the later forms the dorsal ribs 
become somewhat proportionately longer and become more curved. 
The latter feature is correlated with the development of more upwardly 
directed transverse processes of the dorsal vertebrae. 

Sternum 

Sternal plates are preserved m three skeletons of Protoceraiops (Am. 
Mus. Nos. 6416, 6417, and 6467). They are relatively long and nar¬ 
row, and in transverse section are slightly convex ventrally. Each has 
a slightly concave outer marpn and a slightly convex inner mar^. 
Anteriorly they are broadly rounded, and posteriorly they are rather 
narrow and gradually flare outward. Sli^t indentures are present on 
the somewhat thickened posterior margins, which suggests that 
cartilag^ous abdominal ribs were present. 

Compared with the sternal plates of Monoclonius and Trieeratops, 
those of Protoceraiops are quite primitive. In the later forms, &e 
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following changes take place. They become proportionately broader; 
the external borders become more deeply concave; the antero-external 
margins become more pointed; and, posteriorly they are relatively 
broader, and flare more abruptly outward. 

COMPARATIVE STUDY OF THE APPENDICULAR 
SKELETON 

Pectoral Girdle 

The pectoral girdle is completely known in a dozen or more speci¬ 
mens representing several distinct growth stages from the very im¬ 
mature to the fully adult individual. It counts of three paired 
elements,—scapula, coracoid, and clavicle. The clavicle has not been 
recorded previously in the Ceratopsia, but as will be shown later, 
there is reason for believii^ that it probably was present in all of the 
described forms in which a scapula and a coracoid are known. 

SCAPULA 

In its general form, the scapula is long and slender. The mid¬ 
section, including about one-third of the entire length, is narrow, and 
oval in cross-section. The upper end is flattened, thin, and well 
expanded antero-posteriorly. The broadest and thickest portion of the 
scapula is just above the glenoid cavity. The antero-ventral margin 
is thin and is extended downward. Thus, the ventral maigin faces 
downward and obliquely backward with respect to the long axis of 
the bone. Less than one-half of the ^enoid cavity is formed by the 
scapula. A low ridge extends from the upper margin of this cavity 
obliquely across the outer surface of the scapula and becomes con¬ 
fluent with the anterior margin about one-third of the way down from 
the upper end. This ridge separates the posterior area that gives 
orijpn mainly to the deltoides scapulaiis muscle, from the anterior 
area which gives origin mainly to the scapulo-humeralis muscle. It 
cannot be homologous with the sinne of the scapula in mammals, as 
suggested by Hatcher, Marsh, and Lull (1907: 58). As shown by 
several who have dealt with the musculature of the shoulder girdle, 
especially Romer (1922), the infraspnatus and supraspinatus muscles, 
which occupy most of the areas on mther tide of the spme of the mam¬ 
malian scapula, are homologous with the supracoracoideus muscle in 
the Reptilia, and the spine of the mammalian scapula is homologous 
with the ridge along the anterior mar^ of the scapula in the manunal- 
like reptiles. 
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From the very immature to the fully adult stage, several marked 
changes take place in the scapula. (See nGUEB 26.) It becomes 
relatively broader and thicker, especially in the portion just above the 
glenoid cavity. The upper border of the glenoid cavity becomes 
relatively heavier, and more extended posteriorly. The upper end of 
the scapula curves forward, and the whole anterior mar^n becomes 
rather deeply concave. The ridge on the outer surface occupies a 
more central position. When viewed from the front, the scapula of 
the immature individual is quite straight, but in the older individual, 
it is pronouncedly curved being outwardly convex. 

All of these changes foreshadow the main modifications which take 
place in the scapula of the later ceratopsians. In these later forms 
two other changes take place. The ventral margin of the scapula 
becomes horizontal with respect to the long axis (Triceratops), and 
more than half of the glenoid cavity is formed by the scapula, whereas 
in Protoceratops over half of the glenoid cavity is formed by the cora¬ 
coid. In these features, and in those given above, the scapula of 
Monoclonius is more primitive than that of Triceraiops. 

CORACOID 

In its general form, the coracoid of Protoceratops is very similar to 
that of the other ceratopsians. It differs in some details, all of which 
seem to be primitive for the group. Compared with the coracoid of 
Triceratops^ it displays the following main ^fferences. It is relatively 
deeper, and the ventral border is more curved. The ventral posterior 
projection is more pointed, and it is neither as broad nor as thick. 
The posterior notch between this projection and the glenoid cavity is 
deeper, and there is a large pit located at the outer margin in the 
deepest portion of this notch—a character which may signify that the 
costo-coracoideus muscle was especially well developed. Slightly more 
than half of the glenoid cavity is formed by the coracoid, and the 
whole cavity is more outwardly directed. This latter feature signifies 
that in its normal porition the humerus was more anteriorly directed 
than in the more advanced forms. In all of these features the coracoid 
of Protoceratops is extremely close to that of Leptoceraiops. That of 
Monoclonitts is much more advanced, but is considerably more primi¬ 
tive than that of Triceraiops, (See naxjEB 26.) 

CLAVICLE 

Clavicles are completely preserved in several specimens of Proio^ 
ceratops. In each of these specimens, this element was found lying 
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Fiourb 20. Oomparatlvo series of ceratopsian pectoral girdles. A-*0. Prmceratops andrewsi, ropresontlng three growth stages from a very 
unatnre to a fully adult Individual. D, Leptoceratops gracUis, BJ, Monoclmius (Pentrosaurus) nastcomus. F, Triceratops prorsus, modlflcii uom 
atoher, Marsh, and Lull. 
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agaissi the ventro-anterior mar^ of the scapula and the dorso- 
anterior marg iTi of the coracoid. This seems to be its natural position, 
for it articulates perfectly ■with these mar^s. 

In its general form, the clavicle is short and rod-like. Its ventral 
portion is turned inward so that when seen from the front its outer 
margin is markedly convex, and its inner margin concave. The upper 
end is pointed, and is thicker behind than in front. The lower end is 
broad and rugose, and is thinner behind than in front. This peculiar 
shape results mainly from an inward t'wisting of the ventral portion, 
thus caufflpg what is the anterior margin in the upper portion to be¬ 
come the anterointemal mar^n in the lower portion. 

A clavicle has not been reported previously in the Ceratopsia. 
However, there is reason for believing it was present in all of the 
recorded forms. In Protoceraiops the ventro-anterior margin of the 
scapula, and the dorso-anterior margin of the coracoid are straight 
and rugose where they unite •with the clavicle. These features are 
characteristic of the scapulae and coracoids of all the kno'wn forms in 
which these elements have been recorded. It is probable, therefore, 
that clavicles were present in all of the ceratopdans, and for this 
reason we have restored them on the shoulder ^dles of the later 
forms illustrated in muBS 26. 

Fore Limb 

The most outstanding feature of the fore limb is its relatively small 
size. It is scarcely more than one-half the ler^h of the hind limb. 
In all ceratopdans the fore limb is shorter than the hind limb, but in 
no other genus is the discrepancy as great as in Protoceratops. Even 
in Leptoceratops, which in most of its feature is closer to Protoceratops 
than to any other ceratopdans, the fore limb is almost three-fourths 
the length of the hind Umb. In an end-member of the group, such as 
Triceratops, the difference is even less, and in Monodomiis, the relative 
difference in length <ff the fore and hind limbs is intermediate between 
Braehyceratops and Triceratops. The short fore limbs of Protoceratops 
together with other characters displayed in the pelvic ^rdle and hind 
limbs, show that this piimiiave ceratopdan was still close to the 
earlier, bipedal omithischian ancestor of tie group. The proportionate 
lengthening of the fore limbs in the later ceratopdans is corrdated 
with a noore complete adaptation to a quadrupedal habit. 

HUMERUS 

The humerus is relatively long and dend». This is particularly 
true in the very immature individual. The proximal extremity is 
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fairly broad, and is deflected inwardly—^naore so in tbe adult than in 
the immature specimens. The proximal articular surface becomes 
more distinct with age. The head is located at approximately the 
middle of this surface. It is crest-like in the young, but becomes 
rounded in the adult. The delto-pectoral crest is long and thin in 
the immature stage, and is marked off from the articular surface by a 
fairly deep notch. With age, it develops into a thick, blunt projection 
quite far removed from the proximal end of the humerus. In the 
early growth stage the shaft is triangular in cross-section—^being 
broad behind and narrow in front. In the adult stage, it is definitely 
rounded in cross-section, which is due mainly to the reduction of the 
lidge that extends from the delto-pectoral crest down the front of the 
shaft. The distal extremity is relatively narrow. The aze of the 
condyles is limited, and as in all ceratopaans, the entepicondyle is 
situated slightly below the ectepicondyle. 

The humerus of Protoceridops is distinctly primitive, as is shown by 
its elongated and slender form, by the narrowness of its extretoities, 
and by the proximal position of the delto-pectoral crest. In the later 
ceratopsians the humerus undergoes conaderable modification. It 
becomes a relatively short and massive element, with its extremities 
widened and heavy, its shaft short, and its strong delto-pectoral crest 
extending downward two-thirds its entire lei^h. These modifications 
are correlated with the more thorough adaptation to a quadrupedal 
habit, which necessitates the development of a type of humerus 
adapted for supporting greater weight. A tendency towards these 
modifications is also expressed in the development of the humerus 
of Protoceratops from the immature to the fully adult stage. (See 
MGUKE 27). 

ULNA 

The ulna is typically ceratoptian in its general form. Compared, 
however, with that of a later form, such as Tneeratopa, it is conader- 
ably more slender, and its extremities are not as expanded. Also, the 
olecranon is relatively not as high, and the proximal articular surface 
faces more upward, rather than forward. In these characters, the ulna 
of Protoceratops is definitely more prinutive. Its closest siflBnities are 
to be seen in Leptoceratops and Brachyceratops —^particularly in the 
former. The ulna of the very inunature Protoceratops is even less like 
that of the later forms than is the ulna of the adult. In Bradiyceratops, 
the only ulna known is from a young individual. Perhaps this ac¬ 
counts for its close dmilarity to that of ProU>ceratops. In the adult, 
it probably was more like the ulna of Monodonius. 
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Fioum 27. Pmicaralops andrewH Anterior and posterior views of humeri representliis three growth stages ftom a very b 

(A) to a fiilly adult (O) Individual 






BBOWN AND SCHLAIKJER- PROTOCERATOPS 


233 



Fiottbe 28 Ulnae and radu of two Prctoeeraiops andrewst specunens A and C, ^onng 
adult B and D, fully adult 

RADIUS 

In keeping mth the archaic features of the ulna, the radius is also 
proportionately more slender, and its extremities are relatively less 
expanded than in any of the other ceratopsians. With age, however, 
it is less distinctive in these features, and resembles more closely the 
radius of the more progressive forms. The radii of a young adult and 
a fully adult individual are shown in figtjhe 28. 

MAMUS 

In all known ceratopsians, the manus is smaller than the pes, but 
in Protoceratops the discrepancy is greater than in any of the other 
forms. For example, the third metacarpal is less than one-third the 
length of metatarsal III, whereas in Styracosawrm metacarpal III is 
two-thirds the length of metatarsal III. 

The carpus of Protoceraiops compares favorably with that of Lepto- 
ceraiops. The form and proportions of the ulnare and radiale are ap¬ 
proximately the same as in the latter genus. At the proximal ends of 
metacarpals III and lY, and wedged between the ulnare and radiale, 
is a rather large, somewhat keystone-shaped element which probably 
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is the intermedium. That it may represent the second carpal is 
possible, however. This element is also present in Leptoceratops, 
although it is quite reduced in that genus. It has not been recorded 
in any of the later ceratopsians. Two carpals, probably the third and 
fourth, are preserved and are located above metacarpals III and lY, 
as in all of the other ceratopsians in which these elements are known. 

As in all ceratopmns, metacarpals II and III are subequal in size, 
and metacarpal I is about two-thirds the length of II or III. In the 
later forms, metacarpal IV is approximately the same size as I, and 
V is only slightly smaller than I or IV. In Protoceratopa, however, IV 
is only about three-fourths the length of I, and V is only one-half the 
size of I. 

lb.e phalangeal formula is 2, 3, 4, 3, ?2. Only one phalanx is pre¬ 
served on the fifth digit, but its distal end shows a well formed articu¬ 
lar surface, which probably signifies that a second was present as in 
StyracosauruB and Mtynodonius (Centrosaums). Only one is preserved 
in Leptoceratops but its distal end also shows a distinct articular surface 
for a second. 

The phalanges are typically ceratopsian. They are, however, more 
slender than in the progresave forms, in which character they are 
closer to those of Leptoceratops. Ungual phalanges are present only 
on the first three digits,—a constant feature for the whole group. 
The first is the lai^est and the third is the smallest. The same holds 
true for Leptoceratops, but in the later forms they are subequal in 
size. In general form, they are quite elongated and pointed, but they 
definitely show a tendency towards broadening and shortening, which 
is so characteristic in the large and more progresrive forms. In Lepto¬ 
ceratops, however, they are longer, more pointed, and much more 
arched—^being, therefore, in these respects, more primitive than those 
of Protoceratops. The dorsal surface of each is quite convex longitu¬ 
dinally and transversely, and each postero-lateral margin is pierced 
by a foramen. In the later forms these foramina at first become elon¬ 
gated grooves on the margns {Leptoceratops), and later open notches 
{Monodonim {Centosawrvs), Styracosavrus). 

Considering the manus of Protoceratops in its entirety, it does not 
possess a angle character that is not either typically ceratopsian or 
potentially so. It is definitely primitive and is, therefore, extremely 
like that of Psittacosauras in many of its characters. 
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Figube 29 Comparative lUostarations of the right xnaaos of three ceratopsians A. 
Protoceratops andreu^at (folly adult) B, Leptoceraiops gracilts 0« Monodonius {Centro^ 
sattrus) nastcomus 


Pelvic Girdle 

The pelvic girdle of Protoceraiopa is more primitive than that of 
any other ceratopsian. This is especially shovm by such outstanding 
features as the erect position of the dorsal Tnn-rgin of the ilium; the 
very small prepubis; and, the straight, long, and slender ischiunu 
In the more progresave forms, the dorsal mac^ of the ilium becomes 
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everted; the prepubis becomes elongated, and the distal end much 
expanded dorso-ventrally; and, the ischium becomes heavy, down¬ 
wardly curved, and shortened. These, and many other less salient 
characters of the Protoceratopa pelvic girdle—^to be considered in detail 
below—show that this archaic ceratopsian was still essentially a 
bipedal form in its pelvic structure. The chaises that take place in 
the pelvis of the later forms are obviously correlated with a more 
complete adaptation to a quadrupedal habit. Evidence of this fact 
is shown by Eomer in his illuminating paper on “The Pelvic Muscula¬ 
ture of Ornithischian Dinosaurs” (1927). 

ILIUM 

The most outstanding angle feature of the ilium is the erect position 
of the dorsal mar^. It shows, however, in the anterior projection, 
the beginning of the eversion of this margin, which is so characteristic 
of the ilium in the later forms. The whole of this projection curves 
outward, and the front of its dorsal margin is turned slightly outward. 
There is quite a broad ventral shelf for the pubo-ischio-femoralis 
intemus, and the anterior end is rugose for the attachment of axial 
muscles. Extending over most of the lateral surface, and including 
the dorsal mar^, of this anterior projection, is a very clearly marked 
area which undoubtedly served as the ori^ for a distinct Uio-tibialis 
1 (sartorius) muscle. Posterior to this the dorsal margin presents a 
well demarcated rugose area for the ilio-tibialis 2, and the remainder 
of the lateral surface shows four distinct zones of attachment. The 
anterior, and main portion of this surface shows two distinct areas, of 
which the first undoubtedly gave origin to the ilio-trochantericus, and 
the second to the ilio-femoralis. Below and behind the latter is a 
fairly large area for the ilio-fibularis, and on the postero-ventral 
mai^n there is a distinct rugose area for the flexor tibialis extemus 
muscle. On the posterior mar^n there is a distinct zone of attach¬ 
ment for part of the dorsal caudal musculatme. The postacetabular 
portion of the ilium has only a slight broadening of the ventral mar^ 
anteriorly. Perhaps part of the coccygeo-femoralis brevis originated 
from this area. 

Ilia representing early gro'wth stages are not known. From the 
known young adult to the adult stage, however, certain marked 
changes take place. There is a proportionate increase in length of the 
region anterior to the postacetabular portion, and the anterior projec¬ 
tion becomes more outwardly deflected, its ventral ^elf broadens, and 
the anterior portion of its dorsal margin shows a stronger tendency to 
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become outwardly turned. All of these are features which find greater 
emphads in the ilia of the later ceratopaans. In addition, the ischiac 
peduncle become relatively larger with age, and the depth of the ilium 
at this peduncle becomes proportionately greater. (See figube 30.) 



A 

Figube 30 Protoceratops andrewsi. IHa representing three growth stages from the 
young adult (A) to the ftiUy adult (C) individual 

To derive the ilia of the later ceratopsians from that of Protoceralops 
would require only a continued outward turning of the dorsal mai^, 
and a continued broadening of the anterior ventral shelf and of the 
postacetabular ventral maigin. Of the later forms, the ilium of Lepto- 
ceratops is closest to that of Protoceratops. In all of its important 
characters, however, it is definitely more progressive, but is still closer 
to the ilium of Protoceratops than to that of any of the other known 
forms. 

FUBIS 

The most significant feature of the pubis is the short anterior process, 
or prepubis. (See figube 31.) With however, there is a tendency 
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for it to become proportionately longer, and for the distal end to be¬ 
come dorso-ventraUy expanded. The anterior margin is rugose, 
vihich shows that the main function of the prepubis—as in all the 
ceratopsians—^was probably abdominal support. Its shortness is a 
heritage character—a dominant feature of the early omithischian 
prepubis—and probably was correlated, in part at least, with the 
short abdomen. 

The acetabular portion is deep and heavy, and gives off the posteri¬ 
orly deflected portion (= true pubis) at its anterior ventro-inner 
margin. This posterior projection originates farther forward on the 
acetabular portion, curves inward farther at its base, and is propoiv 
tionately longer than in any of the other ceratopaans. The obturator 
foramen is large. At its postero-ventral margin there is a shallow 
notch, against which fits the antero-ventral margin of the pubic 
process of the ischium. 

The pubis of Protoceratops is more primitive than that of any other 
ceratopaan. This is principally shown in the following characters: 

1. An extremely short anterior process, or prepubis. 

2. The anterior poation at which the posterior process ori{^ates, 
the marked inward curvature of its basai portion, and its unusual 
length. 

3. The large aze of the obturator foramen. 

■WhUe the pubis of Leptoceraiops is very similar to that of Proto¬ 
ceratops, it is somewhat more advanced in all of its features. 

ISCHIUM 

The ischium of Protoceratops is more primitive than in any of the 
other known ceratopaans. Its closest afdnities are with the ischium 
of Leptoceraiops, but in this form, that element, especially in its 
robustness and in its curvature, is closer to that of Bracihyceratops. 

The most apparent unique features of the Protoceraiops ischium are 
its relatively straight form, its slenderness, its relatively great length, 
and its somewhat expanded distal end. (See mgtjbb 31.) In the more 
progresave forms, the ischium becomes very much downwardly 
curved, proportionately robust and shortened, and its distal end as¬ 
sumes more slender and pointed proportions. The relationship of these 
changes to function has been discussed by Romer (1927:252-253). 

The still somewhat expanded distal end of the Protoceraiops ischium 
suggests a strong ischio-caudalis. This corroborates the evidence 
shown by the tall neural spines on the caudal vertebrae that the tail 
possibly was used for swimming. On the internal surface of the dorsal 
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gin there is a broad shallow groove which extends from near the 
i of the enlatied anterior end back more than halfway to the distal 
emity. This probably marks the oii^ of the ischio-trochanteti- 


FiGiritB 81. Protoc^aiops andrewsi, Ijett view of tho polvlc girdle of a fully adult indi¬ 
vidual. 
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Hind Limb 

While every element of the hind limb is definitely more primitive 
than in any of the later ceratopMans, perhaps the most striking single 
feature is that the proximal elements are proportionately short and 
the distal elements are proportionately long. In table 3 measure- 

TablbS 


CouPABATiVB TiiMB RATtos OF PsiUocoaouTva 
“Prohgiumodon," akd Fits Ceratopsun Gsnbba 


Genus 


Length 
of tibia 
mm. 

Length of 
mts. ni 

Trim. 

i 

Femoro- 

tibia! 

ratio 

Femoro- 
mts. in 
ratio 

Tibio- 
mts. m 
ratio 

Pstttacosawms 

Am. Mus. 6454 

162 

179 

? 

1.104 

? 

1 

? 

** Protigiumodon'^ 
Am. Mus. 6253 

155 

158 

78 

1.019 

.503 

493 

Protoceraiops cT 
(young adult) 
Am. Mus. 6471 

189 

208 

96 

1 100 

.508 

.461 

Prolocensiops cf 
Am. Mus. 6417 

221 

241 

115 

1 090 

.520 

.477 

Protoceraiops 

Am. Mus. 6416 

226 

241 

119 

1 066 

526 

.493 

Protoceraiops d' 
(adult) 

Aim Mus. 6424 

248 

273 

125 

1.100 

.504 

.457 

Leptoceratops 

Am. Mus. 5464 

346 

355 

? 

1 023 

? 

? 

Brachyceraiops 
U.S.N.M. 7953 

337 

268 

97 

.795 

287 

362 

Monoclorwus 

Am. Mus. 5351 

740 

553 

215 

.747 

.290 

.388 

Triceratops 

Am. Mus 5033 

980 

580 

253 

591 

258 

436 


ments of the femur, tibia, and the third metatarsal, together Tvith 
ratios of these elements, are pvenfor Psittacosaunis, “ Protigvanodon" 
four specimens of Protoceraiops andretosi representing individuals 
from the yoimg adult to the adult growth stage, and four genera of 
later ceratoptians. Protoceraiops and Leptoceratops are unique among 
the Ceratopsia in having the femur shorter than the tibia, and in that 
the foot is unusually large and long. The data presented in table 3 
shows clearly that in the later forms both the tibia and the foot be¬ 
come proportionately shortened. Furthermore, in all of them, except 
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TricertUops, the foot becomes shorter in relation to the tibia. In 
Triceratops, however, the tibio-metatarsal III ratio is close to that of 
the adult Protoceraiopa, The explanation of this is obvious. In the 
latter, the foot is exceptionally long, and in Triceratops the tibia is 
exceptionally short. Within the genus Protoceratops itself, a consid¬ 
erable amount of variation is displayed. This may be due, in part to 



Figubx 32 Protoceratops andrewsi, A. left femur of a young adult. B, left femur. 
O and D, anterior and posterior riews of the left tibia and flbula, of a fully adult form.— 
fibula and calcaneum slightly displaced npward. 


sexual variation, and in part to individual variation. It will be noticed, 
however, that three of the four specimens, for which the data are pven, 
belong to the group which we regard as “males.” It would seem, 
therefore, more probable that individual variation is responsible for 
these differences. The limb ratios ^ve further emphasis of the primi¬ 
tiveness of Protoceratops. In all of them, this genus is closer to the 
two early Cretaceous Inpedal omithopods, PsiUacosaurrts and “Pro- 
Uguanodon,” and to Leptoceratops than to the later ceratopaans. 
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FEMUR 

As shown above, the femur is shorter than the tibia, but is relatively 
slender when compared with the femora of later forms. The head is 
proportionately small, and faces inwardly more than in the progressive 
types. Its relationship to the acetabulum, therefore, in<^cates that 
the position of the limb was further under the body than in the later, 
more quadrupedal forms, in which the head of the femur faces more 
upward than inward, and in which there has been no appreciable 
change in the plane of the acetabulum. 

The head is well differentiated from the shaft by a rather long neck, 
and the level of its uppermost margin is considerably above the 
“ greater trochanter.” The “ lesser trochanter ” is large and is distinct¬ 
ly marked off from the “greater trochanter” by a notch above, and by 
a shallow groove on the outer surface. The fourth trochanter is 
situated nearly halfway down on the shaft, and is laige and pendant. 
The internal condyle of the distal extremity is considerably smaller 
than the external condyle, and it is located quite far above the ventral 
limit of the latter. 

In the later ceratopsians the femur becomes rather modified in a 
number of characters, of which the following are the more salient: 

1. The femur in general assumes a great robustness. 

2. The head becomes proportionately larger, tends to become less 
differentiated from the shaft, and faces more upward than inward. 

3. The “greater trochanter” and “lesser trochanter” tend to fuse, 
and to assume a position almost level with the upper mar^ of the 
head. This relative rise in position of these trochanters in the femora 
of the later ceratopdans seems correlated with the everted dorsal 
portion of the ilium, which position would place the ilio-trochantericus 
and the ilio-femoralis extemus in a more vertical plane. 

4. The fourth trochanter becomes reduced to a low protuberance. 

5. The internal condyle of the distal extremity more nearly ap¬ 
proaches the ventral limit of the external condyle. 

In the Brachyceraiops-Monocloniiia-Trieeratopa line, these changes 
are less emphasised in Brachyceratops than in Triceraiops, The femur 
of Leptoceraiiops is close to that of Protoceratops, but shows a definite 
tendency in the direction of the later forms. Unfortunately no femur 
in the Protoceratops collection represents an immature growth stage. 
It is interesting to see, however, that from the young adult to the 
adult stage several of the above listed changes in the later forms are 
foreshadowed. As shown in fioxtbb 32, the adult stage displays a 
greater robustness, the “lesser trochanter” becomes more closely 
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affiliated Ttith the “greater trochanter,” and the lower limit of the 
internal condyle more nearly approximates that of the external condyle. 

TIBIA 

The tibia is long and slender, and is unique in having the proximal 
end but slightly expanded. (See figueb 32 C and D.) Apart from 
this feature, however, the proximal end is very similar to that of 
Mormlonius. The main body of the shaft is quite cylindrical in 
cross-section, and becomes flattened as it merges into the expanded 
distal end. As in all ceratopsians, its outer portion projects somewhat 
below the level of its inner portion so that in posterior view it is seen 
to extend down behind nearly all of the calcaneum. In Tnceratops 
this outer portion of the distal end is unusually extended. According 
to Lull (1933: 60), in this genus, “. . . the calcaneum has either 
been replaced by, or absorbed into, . . .” this process of the tibia. 
The absence of a calcaneum in some specimens of Tnceratops, in no 
way substantiates such a view. It simply means that this element 
probably was not preserved with the rest of the specimen. The right 
hind limb of the mounted Triceraiops skeleton in the American 
Museum (No. 5033) shows a large calcaneum in an excellent state of 
preservation. It is situated in front of the enlarged, and quite ex¬ 
tended external process of the distal end of the tibia, as is normal for 
the group. It was undoubtedly present in all ceratoprians. 

As mentioned previously, the tibia of the later ceratopsians becomes 
proportionately much shortened. Along with this change, it becomes 
very robust, its proximal and distal extremities expand, and the 
shaft becomes flattened antero-posteriorly. 

FIBULA 

In conformity with the general features of the tibia, the fibula is 
long and slender. Apart from its slenderness, it is very similar to the 
fibula of the later ceratopsians, which has been thoroughly described in 
several genera. Its distd extremity, however, is less expanded, is more 
flattened, and is closely applied to the front of the tibia for a relatively 
greater cdstance. In these features, it is more like that of Leptocera- 
tops than of any other genus. The fibula of Leptoceratops, however, 
seems equally as close to the somewhat more specialized fibula of 
Brachyceratops, as it is to that of Protoceratops. 

PES 

The tarsus is composed of four elements—a calcaneum, an astraga¬ 
lus, and two tarsalia in the distal row. Both the astragalus and cal- 
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caneum are similar to those of Leptoceratops, as described by Gilmore 
(1939; 7). They differ, however, in that the astragalus of Protocera- 
tops is relatively larger and presents a pronounced median antero- 
dorsal projection. Also, the distal articular surface of the calcaneum 
of Protoceratops is considerably larger. In the more progresrive cera- 
topsians, the astragalus becomes shallower, and, rince the distal outer 
portion of the tibia becomes relatively enlai^ed, it seems to occupy less 
of the distal surface of the tibia. The calcaneum in these forms be¬ 
comes closely adhered to, or fused with the astragalus, and becomes 
dorso-ventrally flattened. 

The two distal tarsalia are best preserved in specimen Am. Mus. No. 
6478. The inner one is half again as large as the outer one. Its upper 
articular surface is slightly concave antero-posteriorly and is as wide 
as the astragalus. Ventrally it articulates with the entire pronmal 
surfaces of the first three metatarsals, and with the dorso-inner 
mar^n of metatarsal lY. On its anterior margin there is a projection 
which lies over the union of the second and third metatarsals. Its 
outer margin presents an extensive convex surface for articulation 
with the concave inner margin of the other tarsal. The dorsal surface 
of this second tarsal receives the large articular surface of the calca¬ 
neum. Ventrally this element articulates mamly with the concave 
surface of metatarsal lY, but on its extemo-ventral surface there is a 
small convex articular face for the diminutive fifth metatarsal. 

The number of tarsalia present in the distal row in the other cera- 
topsdans is questionable. The usual number preserved is two, and 
occasionally there are three. As mentioned earlier, in the mounted 
skeleton of Triceratops in the American Museum (No. 5033) the large, 
and only tarsal preserved is the calcaneum. In Monodonius, two in 
the distal row are preserved, one of which was foimd in place. The 
largest of these articulated with metatarsal lY. Lull, in his description 
of Monodonivs (Centrosaurus) fiexus in the Yale Peabody Museum 
(No. 2015), states, "Of the distal tarsalia the larger, according to 
Brown, articulated with the fourth metatarsal. The position of the 
other is doubtful; possibly it lay above metatarsal III” (1933 : 62). 
Yet in his figure of the pes of t^ spedmen (fig. 29) Lull has shown 
the largest of these tarsalia above metatarsals I and II, and none 
above metatarsd lY. In Chasmosaunis, according to Lull’s discusdon 
(1933 : 69) of the two fine skeletons of C. beUi on exhibition in the 
Natiomd Museum of Canada, there are three tarsalia in the distal row. 
Their podtion, however, ^ms questionable dnce Stembeig, in his 
description of these skeletons, says, “In neither specimen was a com- 
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plete fore or hind foot preserved, but from what bones are present 
there seems to have been little difference between those elements in 
Chasmosaurus and Cenirosaurua (Monoclomtia) ” (1927:72). No men¬ 
tion of the size or position of these tarsalia is made by either Lull 
or Sternberg. In describing the skeleton of Brachyeeratops, Gilmore 
states (1917: 33) that three tarsalia are present in the distal row of 
the tarsus, and says, “The largest articulates with the proximal end 
of metatarsal II, the smallest witb metatarsal III (see fig. 46), to 
which it was found securely attached by matrix. The third tarsal 
was wholly in apportion to metatarsal IV.” Gilmore has also de¬ 
scribed a tarsus of Leptoceratops (1939:7). In this specimen (U.S.N.M. 
13863) two tarsalia were preserved in the distal row. Although their 
exact relationship to the metatarsals was not definite, the position 
Gilmore assigned to them, as shown in figures seven and eight of his 
paper, seems correct. 

The presence of three tarsalia in the distal row of the tarsus in 
Brachyeeratops and Chasmosaurus may be only a variable feature, but 
strongly suggests that three were present in all of the later forms. 
This increase in number is expectant in these forms in which the pes 
becomes less compact, and becomes relatively shorter and more 
masrive. 

In Proioceratops, the length of each metatarsal in proportion to the 
others is about the same as in all other ceratoprians. The metatarsus 
of Protoceratops, however, does possess several unique features. It is 
very much more compact than in any other form. The proximal 
extremities of the metatarsals are, therefore, very closely applied to 
one another, and the first three are especially narrow transversely, 
and expanded antero-posteriorly. In proportion to the other meta¬ 
tarsals, the third is larger than in any other form, and the whole 
metatarsus is proportionately longer and more slender. In the later 
ceratopmans, the metatarsus becomes very much broadened and rela¬ 
tively shortened. Each metatarsal becomes relatively more robust 
and transversely expanded. 

The phalangeal formula is 2, 3, 4, 5, 0. This formula is constant 
throughout the Ceratof^. The phalanges are typical for the group, 
except that the first of digit one is relatively shorter, and all are pro¬ 
portionately more slender and more elongated. The ungual phalanges 
are similar to those of the manus, except that they are very much 
larger. Their postero-lateral margns are also perforated instead of 
being notched as in the later forms. They show the same tendency 
towsuds broadening and flattening which is so characteristic of the 
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more progressive forms. In their general features, therefore, they are 
decidedly more advanced than are the more claw-like ungual phalanges 
of Leptoceratops. As pointed out above, the same is true for the manus. 
This is the only important feature of the feet, however, in which 
Leptoceratops is the more primitive. 

In aU of its unique features, such as, its proportionately large size, 
its pronounced elongation, and its very compact metatarsus, the hind 
foot of Protoceratops is primitive,—^that is, primitive in so far as the 
ceratopsians are concerned. These are simply heritage characters 
from an earlier bipedal, omithischian ancestral stage. In the later 
forms, as shown in part by Leptoceratops, and by Brachyceratops and 
Monodonius, the whole foot broadens and shortens, and the meta- 
tamus becomes less and less compact (see figubs 33). Because of 
these facts, Gilmore’s observation that the pes of Leptoceratops is 
. . one of the most specialized hind feet of any known quadru¬ 
pedal dinosaur with the exception of Protoceratops . . .” (1939: 
11) cannot, therefore, be correct. 


MEASUREMENTS OF THE APPENDICULAR SKELETON 



Am. Mus. 

Am. Mus. 

Am. Mus. 


No. 6419 

No. 6471 

No. 6424 


mm. 

mm. 

mm. 

Length of scapula. 

. 64 

198 

231 

Width of lower end of scapula. 

. 16 

50 

70 

Width of upper end of scapula. 

. 13 

47 

68 

Greatest width of coracoid. 

. 22.6 

62 

... 

Greatest depth of coracoid. 

. 21.5 

67 

... 

Length of clavicle. 

. 

52 

•.. 

Length of humerus. 

. 55 

152 

220* 

Width of proximal end of humerus. 

. 13 

50 

67 

Width of distal end of humerus. 

. 12 

43 

... 

Length of ulna. 

. 

126 

162* 

Length of radius. 

. 42 

112 

135 

Length of metacarpal I. 



31 

Length of metacarpal 11. 



41 

Length of metacarpal III. 



40 

Length of metacarpal IV. 



23.5 

Length of metacarpal V. 



15.5 

Length of phalanx P. 



17 

Length of phalanx I*. 



20 

Length of phalanx 11^. 



27 

Length of phalanx U*. 



13.5 

Length of phalanx IZ*. 



19.5 

Length of phalanx . 



15.5 


* Estimated. 
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Am. Mus. Am. Mus. Am. Mas. 

No. 6419 No. 6471 No. 6424 
nun. mm. mm. 

Length of phalanx IIP. ... 13 

Length of phalanx HP. ... 11.5 

Length of phalanx HP. ... 15.6 

Length of phalanx IV^. ... 12 

Length of phalanx IV^. ... 7.6 

Length of phalanx IV®. ... 4.5 

Length of phalanx V®. ... 10 

Length of ilium. 224 240 

Depth of ilium at ischiac peduncle. 58 76 

Length of ischium. 245 330 

Length of femur from top of “greater trochanter*' 

to bottom of external condyle. 187 247 

Greatest width of distal end of femur. 36 65 

Length of tibia. 205 273 

Greatest width of prommal end of dbia. 64 67 

Length of tibia including astragalus. ... 278 

Greatest width of distal end of tibia. 45* 82 

Length of fibula. 193 256 

Length of fibula including caleaneum. ... 279 

Length of metatarsal I. ... 82 

Length of metatarsal II. ... 116 

Length of metatarsal III. ... 125 

Length of metatarsal IV. ... 103 

Length of metatarsal V (estimated from Am. Mus. 

No. 6478). ... 35 

Length of phalanx P. ... 42 

Length of phalanx P. ... 35 

Length of phalanx 11^. ... 34 

Length of phalanx IP. ... 29 

Length of phalanx IP. ... 38 

Length of phalanx III^. ... 32 

Length of phalanx III*. ... 24 

Length of phalanx HP. ... 23 

Length of phalanx III^. ... 35 

Length of phalanx IV*. ... 28 

Leigth of phalanx IV*. ... 21 

Length of phalanx IV*. ... 19 

Length of phalanx IV*. ... 24 

Length of phalanx IV*. ... 33 

Meastjbbmbnts op an Old iNDiviDirAL Am. Mus. No. 6466 

mm. 

Length of ilium. 345 

Depth of ilium at ischiac peduncle. 100 

Length of posteriorly defiected portion of pubis from anterior margin of 

obturator foramen. 118 

Total length of pubis. 174 

Length of iaebium. 380* 


♦ Bstfmated. 
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SUMMARY OF THE SALIENT GROWTH CHANGES IN THE 
POST-CRANIAL SKELETON 

Unfortimately in the collection of ProtoceratopSf skeletal material 
representing the various growth stages is not as abundant as is the 
material of the skull and lower jaws. Stages from the young adult to 
the adult are represented, however, by more than a dozen complete 
or partially complete skeletons. Although, the very immature indi¬ 
vidual is represented by only two specimens. The most complete of 
these is Am. Mus. No. 6419, of which the pectoral girdle, and the 
proximal elements of the fore limbs are in an excellent state of preser¬ 
vation. 

In the above study of the post-cranial skeleton, it was shown that 
some modification takes place in all of the elements from the young to 
the adult stage. As in the case of the skull and lower jaws, however, 
certain elements display these modifications more strikingly than 
others. The more important of these growth changes are the following: 


Young 

1. Backward slant of neural spines 
and arches of the dorsals, espe- 
dally in the median area of the 
series, very pronounced. 

2. Twelfth dorsal completely distinct 
from the first sacral. 

3. Zygapophyses of the saerals only 
partially codssified. Distal ends 
of parapophysial ribs only slightly 
codsrified, and acetabular bar only 
slightly arched. Number of saerals 
whose centra are codssified is four. 

4. Eleventh dorsal rib long, free, and 
in front of the anterior end of the 

ilium - 

3. Scapula narrow and thin, especially 
just above ^enoid cavity. Upper 
border of ^enoid cavity not very 
heavy and does not extend very 
much posteriorly. Upper end does 
not curve forward and anterior 
margin straight. Bidge on outer 
sui&ce extends obliquely across 
that surface. Viewed from the 
front, scapula quite straight. 


Adult 

1. Backward slant of neural spines 
and arches of the dorsals, espe¬ 
cially in the median area of the 
series, less pronounced. 

2. Twelfth dorsal partially codssified 
with the first sacral. 

3. Zygapophyses of the saerals quite 
completely fused. Distal end of 
parapophysial ribs fused, and 
acetabular bar qtiite arched. Num¬ 
ber of saerals whose centra are 
codssified is eight. 

4. Eleventh dorsal rib shortened, and 
against and under the antero¬ 
inferior surface of the ilium. 

5. Scapula broader and thicker, es¬ 
pecially above glenoid cavity. 
Upper border of glenoid cavity 
heavier and more extended pos¬ 
teriorly. Upper end curves for¬ 
ward and anterior maigin rather 
deeply concave. Ridge on outer 
surface occupies a more central 
position. Viewed from the front, 
scapula pronouncedly convex out¬ 
ward. 
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Young 

6. Humerus slender, extremities nar¬ 
row, and delto-pectoral crest prox¬ 
imal in position. 

7. Ulna and radius i^ender and ex¬ 
tremities relatively unexpanded. 
Proximal articular surface of radius 
faces more upward than forward. 

8. Anterior portion of ilium slightly 
deflected outward, its ventral 
shelf narrow, and the anterior 
portion of its dorsal margin turned 
outward only slightly. Ischiac 
peduncle small. 


9. Prepubis short and its distal end 
slightly expanded dorso-ventrally. 

10. Femur slender, 'lesser trochanter** 
distinctly marked ofl from the 
"greater trochanter,** and lower 
limit of the internal condyle far 
above that of the external condyle. 


Adult 

6. Humerus tends to become heavier, 
extremities wider, and its delto- 
pectoral crest more distal in posi¬ 
tion. 

7. Ulna and radius less lender and 
extremities more expanded. Prox¬ 
imal articular surface of radius 
faces more forward. 

8. R^on of ilium anterior to post- 
acetabular portion mcreases in 
length. Anterior portion more 
deflected outward, its ventral 
shelf broadens, and the anterior 
portion of its dorsal margin more 
outwardly turned. Ischiac pedun¬ 
cle large, and depth of ilium at this 
peduncle increases. 

9. Prepubis somewhat longer and 
its distal end more expanded 
dorso-ventrally. 

10. Femur somewhat more robust, 
'lesser trochanter** more closely 
a£61iated with the "greater tro¬ 
chanter,** and lower limit of 
internal condyle more nearly ap¬ 
proximates that of the external 
condyle. 


SUMMARY OF THE PRIMITIVE CHARACTERS OF THE 
POST-CRANIAL SKELETON 

Every element in the post-cranial skeleton substantiates the evi¬ 
dence so abundantly shown by the skull and lower jaws, that Proto- 
ceratops is in nearly all of its characters the most archaic of the known 
ceratopsians. Throughout our comparative study of the post-cranial 
skeleton, the procedure in evaluating primitive characters was the 
same as that employed in the study of the skull and lower jaws. The 
most important of these primitive characters are here summarized. 

1. Hypocentrum (intercentrum) in front of the atlas small, and 
dorso-lateral projections low. Centrum of atlas shallowly concave 
anteriorly. 

2. Neural arches of the first three cervicals high, only partially 
coossified, and their intervertebral foramina large. 

3. Capitular facets on the atlas well formed. 

4. Neural spine of the axis erect and hatchet-shaped. 
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5. Capitular facet on most of the dorsals at the base of the trans¬ 
verse process, and neural spines and arches, especially on the mid¬ 
dorsals, have a pronoimced backward slant. Ends of centra round in 
cross-section. 

6. Number of sacrals eight in the adult. Sacrum long, narrow, 
little arched, ades strcught, and greatest width is across the parapo- 
physial ribs of the first “true" sacral. Median ventral groove on 
centra of sacrals absent, and neural spines high and not coSssified. 

7. Midcaudal vertebrae with extremely tall and erect spines; the 
transverse processes located high on the centra; and, centra never 
deeper and wider than long. 

8. Sternal plates long and narrow. 

9. Scapula long and slender; ventral margin faces downward and 
backward with respect to the long axis; ridge on outer surface oblique; 
and, less than one-half of glenoid cavity formed by scapula. 

10. Coracoid deep, its ventral border markedly curved, and its 
ventral posterior projection distinctly pointed. Forms more than half 
of the glenoid cavity. 

11. Fore limb relatively small in size—^being scarcely more than 
one-half the length of the hind limb. 

12. Humerus elongated and slender, its extremities relatively nar¬ 
row, and the delto-pectoral crest proximal in porition. 

13. Ulna and radius relatively slender and their extremities not 
expanded. 

14. Manus relatively small. Metacarpal IV only about three- 
fourths the length of I, and V only one-half the size of I. Phalanges 
slender. Unguals elongated and pointed, not subequal in rize, and 
with postero-lateral noar^ns pierced by foramina—^not grooved or 
notched. 

15. Uium with erect dorsal margin. 

16. Prepubis small. Acetabular portion of pubis deep and heavy. 
Posterior process originates anteriorly, has its basal portion markedly 
curved inward, and is imusually long. Obturator foramen large. 

17. Ischium relatively, long, slender, and straight. Its distal end 
still somewhat dorso-ventrally expanded. 

18. Hind limb relatively long. 

19. Femur shorter than the tibia, and relatively slender. Head 
small, faces inwardly, well differentiated from the shaft, and above the 
level of the “greater trochanter." Fourth trochanter pendant. 
Distal extremity well above ventral limit of the external condyle. 
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20. Tibia long and slender, and proximal end but slightly expanded. 

21. Pes relatively large and elongate. Astragalus large and deep. 
Calcaneum deep, free from the astragalus, and distal articular surface 
large. Two tarsalia in the distal row. Metatarsus very compact. 
Phalanges slender and elongate. The first of digit one is relatively 
^ort. Unguals elongate and pointed, and their postero-lateral 
Twar gina perforated instead of notched. 


ONTOGENETIC CHARACTERS OF PROTOCERATOPS THAT 
FORESHADOW THE EVOLUTION OF THE LATER 
CERATOPSIANS 

An analysis of the primitive characters of Protoceratopa shows that 
these characters are more numerous and have greater emphasis in the 
very immature individual. In its whole form and structure, therefore, 
the young skeleton recalls many of the features which must have been 
dominantly characteristic of the earlier ceratopsian ancestor. In its 
development from the young to the adult, however, the skeleton more 
closely approximates that of the later ceratopmans, and it is a remark¬ 
able fact that during this development the main evolutionary trends 
that take place in the later forms are forecast. 

The most important of these characters that foreshadow the evolu¬ 
tionary trends in the later ceratopsians are the following: 

1. Nasal elongates, narrows above, and arches upward to form an 
incipient hom-core. It becomes more deeply notched at the superior 
border of the naiial opening, which grows proportionately larger and 
assumes a more upright porition. 

2. Frill proportionately elongated and widened. 

3. A well developed parieto-frontal depression appears which shows 
the begnning of secondary roofing of the skull. 

4. Frontal becomes relatively reduced and its exposure on the 
orbital border restricted. 

6. Postorbital grows forward, arches upward, and develops a very 
rugose surface, suggesting the first stage in brow hom-core develop¬ 
ment. 

6. Orbits proportionately smaller. 

7. Width of the anterior branch of the premaxillary relatively 
broader. 

8. Lachrymal proportionately reduced and the anterior border 
becomes more erect. 

9. Pr^ontal grows back to form more of the superior orbital border. 
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10. Antero-posterior branch of the squamosfd becomes relatively 
larger and inclined upward anteriorly. 

11. Lateral temporal opening somewhat reduced. 

12. Jugal assumes a more vertical position, and a more extenMve 
contact with the lachrymal, 

13. Area of ectopterygoid exposed on palate reduced, showing a 
tendency for its elimination from the palate which takes place in the 
later forms. 

14. Esoccipitals enter into the compotition of the condyle. 

16. Neural spines and arches of the dorsals, especially in the median 
area of the series, become less directed backward. 

16. Number of sacraJs with coossided centra increases from four to 
eight, and zygapophyses, and distal ends of parapophysial ribs be¬ 
come quite completely fused. The acetabular bar becomes heavier 
and more arched. 

17. Scapula becomes broader and thicker, especially above the 
glenoid cavity; upper end curves forward and the anterior mar^ 
becomes concave; and, the ridge on the outer surface occupies a more 
central position. 

18. Humerus tends to become relatively more robust, its extremi¬ 
ties widen, and the delto-pectoral crest shifts to a more distal position. 

19. Ulna and radius become relatively stouter, their extremities 
become relatively wider, and the proximal articular surface of the 
radius faces more forward. 

20. There is a proportionate increase in length of the ilium in front 
of the postacetabular portion. The anterior portion becomes more 
outwardly deflected, its ventral shelf broadens, and the anterior part 
of its dorsal margin becomes more outwardly turned. The ischiac 
peduncle enlarges, and the depth of the ilium at this peduncle in¬ 
creases. 

21. The prepubis elongates and its distal end expands more dorso- 
ventrally, 

22. The femxu' becomes somewhat more robust, the “lesser tro¬ 
chanter” more closely associated with the “greater trochanter,” and 
the lower limit of the internal condyle more nearly approaches that of 
the external condyle. 

THE EGGS OF PROTOCERATOPS 

Of all the important discoveries made by the various American 
Museum Central Asiatic Expeditions, none has had such widespread 
popular attention as the discovery of the first eggs in unquestionable 
association with dinosaur remains. 
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The first egg was found in 1922 by Dr. Walter Granger, who has 
related most interestingly the facts concerning this discovery in a 
brief article published in Natural History (1936: 21-25). The rest 
of the specimens were collected by later expeditions to the Djadochta 
locality in 1923 and 1925. The entire collection consists of over fifty 
more or less complete eggs and thousands of shell fragments. A de¬ 
tailed list of the specimens is given in the appendix. They were found 
as individual eggs weathered out and lying on the surface, and as 
remnants of nests. Two of the nests are quite complete. One (Am. 
Mus. No. 6508) is a group of fifteen more or less complete eggs, 
thirteen of which are in situ, and fragments of probably two others 
that are weathered out and broken up (see plate 12). These eggs 
represent approximately one-half of the ori^al nest—^the other half 
bdng weathered away. The entire nest probably conasted of thirty 
or thirty-five eggs. They apparently were deposited in circular 
fashion, and occur in three layers—^those deposited first being in the 
lower part of the nest, and those last in the upper part. A significant 
feature of this nest is that all of the eggs in the upper region were 
broken before burial, and the skeleton of Oviraptor (Am. Mus. No. 
6517) was found lying directly over the nest with only four inches of 
matrix intervening 

The other rather complete nest is Am. Mus. No. 6631, which con¬ 
sists of eighteen eggs in their original position, but with the tops of all 
of them sheared oS by weathering. The arrangement of the eggs is 
circular. In the center is a group of five eg^ that were deposited in 
the deepest portion of the nest. Outade of this group, and at a higher 
level, are eleven more e^ forming a circle around the inner group. 
Only the lower ends of two other eggs of the outer and still higher 
circle are preserved (see plate 12). The probable methods used by 
the female Protoceratops in constructing her nest and depositing her 
eggs in this orderly arrangement has been suggested by Dr. Granger 
(1936:23). Also, bis suggestion that sudden burial by drifting sands 
prevented the eggs in this nest from hatching seems very logical. 

The variation in sze, form, and surface texture is very pronounced. 
The smallest e^ is between three and four inches long and the largest 
is nearly eight inches long.* The variation in the diameter is relatively 
not as great. In form, the eggs are long ovate with one end always 

* A yery small egg (Am. Mas. No. 6654) not quite an incb long, and with the shdl entirdy 
gone—'leaving txaHy the intemaJ mold, was also recovered from the Djadochta beds. Its 
general form is oval, and in this featnre compares so favorahiy with that of the present-day 
crocodilian eggs, that it seexna reasonable to ^ivmTrr that it probably is an egg of Shamo* 
auchus^-a small crocodilian htmi the same beds. 
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smaller than the other. Some, however, are less pointed than others. 
This holds true for both the small and the large tj^pes of eggs. Varia¬ 
tion in surface texture is quite marked. The surfaces of the smaller 
eggs always appear to be smooth, while those of the larger eggs are 
vermiculated. The vermiculations on some are not as pronounced 
as on others, and on some they become quite node-like instead of 
elongated. These surface features are never as pronounced on the 
ends as on the rest of the egg, although there is a considerable amount 
of variation in this respect. When seen under the binoculars the 
smaller, and smoother eggs, present the same patterns of vermicula¬ 
tions as in the larger eggs. They are very much less developed, how¬ 
ever, and the eggs appear quite smooth. It would seem, therefore, 
that pronounced surface texture is correlated with large size. There 
also seems to be a correlation between size and the thickness of the 
shell. In the larger, and especially rugose eggs, the shell seems 
slightly thicker. 

Because of the marked variation in size, and the appreciable varia¬ 
tion in form and in surface texture, the question of whether or not all 
of the eggs in the Djadochta collection (excluding the crocodilian egg 
mentioned above) can be assigned to Protoceratops^ immediately 
arises. Van Straelen (1925:1-3) made a study of the micro-structure 
of samples from three different groups of eggs in the collection. Two 
samples were from the nest of fifteen eggs (Am. Mus. No. 6508) 
described above, which represent the large t 3 ^ of egg with the some¬ 
what node-like vermiculations and with the rather blunt smaller end. 
Another sample was from a group of five smaller eggs whose surfaces 
are definitely without the strong vermiculations (Am. Mus. 6511). 
The third was a group of three large eggs representing the markedly 
vermiculated type with the rather pointed smaller end. According to 
Van Straelen, the micro-structure is the same in all of these specimens. 
In a subsequent paper, however (1928 [1927]: 307), he suggests that 
two species are represented, and states that the second differs from 
those which were assigned to Protoceratops in his first paper in that the 
shell is thicker and the vermiculations are more pronounced and 
farther apart. Concerning the micro-structure of this type, he goes 
on to say, ‘^La structure microscopique est identique k celle des 
premiers oeufs dScrits, sauf en ce que conceme les canaux a&if^es 
encore plus fims et plus rares.” He in no way designates which speci¬ 
mens of the collection he used for this determination. These distinc¬ 
tions do not seem to justify his conclusion that two distinct forms are 
represented. Thickness of shell seems correlated with size, and there 
seems to be no constancy of pattern of vermiculations. 
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Furthermore, taking into consideration the marked variation in the 
eggs of some of the present day reptiles, the suggestion of more than 
one form being represented by the Djadochta eggs is even less war¬ 
ranted For example, Reese reports (1923 • 8) a maximum variation 
in length in caiman eggs of more than fifty per cent of the length of 
the shortest egg, and illustrates (figure 4) a variation in shape that is 
as great as that found in Protoceraiopa. He further states that in 
surface texture some eggs are comparatively smooth, and in others, 
. . the surface of the shell is extremely harsh.” Vanations m 
the eggs of some of the other crocodilians are equally as pronounced. 

At present there seems to be no good evidence for contending that 
any of the Djadoehta eggs* are from a form other than Protoceraiops. 
In a forthcoming paper, the problem of the Djadoehta eggs will be 
thoroughly treated. Comparisons in variations of form and structure 
will be made with the eggs of recent reptiles. A study of the micro¬ 
structure of samples from all of the nests will be presented, and two 
specimens which show convincingly the presence of well-developed 
embryos will be thorov^hly described. 

TOE INTEGUMENT OF PROTOCBRATOPS 

Only one specimen (Am. Mus. No. 6418) presents any suggestion 
of the integument. This is a nearly complete skeleton, which was 
found in an unusual curled up position. A thin, hard, and wrinkled 
layer of matrix covers a conaderable portion of the skull and jaws. 
The wrinkling has a very skin-like appearance, and is most predomi¬ 
nant on the left side of the head over the orbit, at the comer of the 
mouth just in front of the jugal, and over the side of the frill and lateral 
temporal opening (see plate 13). As far as can be determined, it is 
without any trace of sMn-structuie. The surface form of the original 
skin, however, undoubtedly influenced the form of the matrix at 
burial, and by the chemical action set up through its decay probably 
caused this thin layer of matrix surrounding the bone to become 
considerably indurated. 

THE FAMILY PROTOCERATOPSIDAE 

From the detailed comparative study ^ven in the preceding pages, it 
becomes apparent that Protoceratopa, in all of its salient features, is an 

* Except the probable crocodilian egg mentioned above, and a few ftagments (Am Mns 
No 6660) wboee sorlOoes piresent vermicolations qpite dlstmct from the other apedznecns 
These fragments come from the extreme western end of the Djadoehta exposures and were 
not found In asaodatfam with Protoceraiops. 
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ideal progenitor for the later ceratopsians. This ancestral position, 
hoTvever, may be only structural because of the possible lateness in 
time of the Djadochta beds in which the renoiains of this form occur. 
Nevertheless, the impressive array of outstanding primitive char¬ 
acters summarized in the preceding account makes its position far 
down the scale of ceratopsian evolution indisputable. Throughout 
this study it has also been shown that Leptoceratops, from the Edmon¬ 
ton Cretaceous, is but a slightly more progressive form. Because of 
the close afiElnity between these two genera, and because they are 
distinct from the more progressive ceratopsians in such a large number 
of outstanding characters, they should be placed in a separate family, 
the Protoceratopsidae. It should be emphasized again, however, that 
all of these outstanding unique characters are primitive characters, 
and that Protoceratops and Leptoceraiops are distinct from the known 
members of the Ceratopsidae because they are primitive. 

The family name, Protoceratopsidae, was first suggested by Granger 
and Gregory (1923: 4). They designated Protoceratops as the type of 
this new family and characterized it, . by the lack of horns, 

the very large size of the orbits, and the narrowness of the postorbital- 
squamosal bar.” In a brief subsequent paper Gregory and Mook 
(1925: 4) included Leptoceratops in the Protoceratopsidae and gave 
the following extended definition of this family: 

Primitive small ceratopsians, with a hornless skull, without either secondary 
skull roof or pseudopmeal foramen above the frontals, no epoccipital bones; with 
simple oval anterior nares and unspecialized premaxillae. A weU-developed occipital 
frill, with large transversely oval parietal fontanelles. Freely articulating palpebral 
bones (supraorbitals) attached to the anterosuperior comer of the orbits. Pre- 
maxillaries with teeth. Cheek teeth arranged in a vertical series of not more than 
two developed at one time; roots simple (not bifid). Fore limb slender, manus 
much smaller and shorter than x>es, the latter elongate, compressed. Sacral com¬ 
plex of seven or eight vertebrae. Ilium with blade but slightly inclined outward 
to the sagittal plane, not reflected or produced laterally above the femur. Prepubic 
process relatively small, not expanded vertically; postpubic process but little re¬ 
duced. Femur with large fourth trochanter, femur shorter than tibia, hlidcaudal 
vertebrae with very long spines.'' 

As the result of our study, it now becomes necessary to modify and 
extend this definition. Since the old “male” skulls of Protoceratops 
show an early stage in the development of the ceratopsian nasal horn- 
core, the designation of a “hornless skuU” for this family is not 
entirely warranted. Furthermore, the lack of “secondary skull roof 
or pseudopineal foramen above the frontals,” and absence of epoccipi¬ 
tal bones are not distinctive features. Brachyceratops has no secondary 
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skull roof, and the presence of a pseudopineal foramen in any eera- 
topsian, especially in the earlier more advanced forms, is questionable. 
As for epoccipital hones, they were not present in BrachyceratopB, and 
probably were absent in some of the end members of the group. 
Likewise, “parietal fontanelles” in the frill are so variable in size and 
form, even in Protoceraiops, that they are of no particular taxomonic 
significance. The remainder of the above characteristics are sound, 
but important additions are necessary. We, therefore, propose the 
following definition of the family: 

1. Narial opening small and no well-developed fossa in front of it. 

2. Premaxillary proportionately large, and top of posterior branch 
even with, or above the dorsal mar^ of the lachrymal. Alveoli of 
two teeth present, and no well-formed septum. 

8. Freorbital fossa large. 

4. Nasal relatively small, and in the adult “male” it becomes 
arched to form an incipient hom-core. 

5. Orbit proportionately large. 

6. Frefrontals do not meet in the midline, and they form part of 
orbital border. 

7. Falpebrals freely articulate with the prefrontals, and are not, 
therefore, taken over into the skull roof to form the “supraorbitals.” 
Not in contact with the lachrymal and postorbitals. 

8. Frontal in contact with the nasal, and forms part of the orbital 
border. 

9. Fostorbital presents only the first suggestion of a brow hom-core 
in that it is arched and rugose in the adult. Together with the squa¬ 
mosal it forms the primitive narrow postorbital-squamosal bar. 

10. Squamosal small, and does not unite with the jugal and (or) 
quadratojugal behind the lateral temporal opening. 

11. Lateral temporal opening large. 

12. Frill short and has a high median crest. Entire stmcture acted 
as an anchor for the large capiti-mandibularis muscle masses. 

13. Quadrate and exoccipital do not unite—^the posterior ventral 
projection of the squamosal intervenes. 

14. Exoccipitals do not unite above the foramen magnum. 

15. Ectopterygoid large, extensively exposed on the palate, and is 
in contact with the jugal. 

16. Dentary short and deep, and ventral border cmrved downward. 
Coronoid process low, set close to tooth-row, and dorsal end not 
expanded. 

17. Teeth sm|^e-rooted. Not more than fifteen vertical series of 
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teeth, and only two or possibly three teelii in each. No tube-like 
caang of spongy bone for each vertical series. 

18. Neural arches of the first three cervicals high, only partially 
codssified, and their intervertebral foramina large. Neural spine of 
ans erect and hatchet-shaped. 

19. Number of sacrals eight in the adult. Sacrum long, narrow, 
little arched, and neural spines high and not cofissified. 

20. Midcaudal vertebrae with extremely tall and erect spines. 

21. Fore limb relatively small in dze. 

22. Unguals elongated and pointed. 

23. Ilium with erect dorsal margin. 

24. Pubis small. Frepubic process short. Obturator foramen 
lai^e. 

25. Ischium long, slender, and comparatively straight. 

26. Hind limb relatively long and slender. Femur shorter than 
tibia. Pes relatively large and elongated, metatarsus compact. 


APPENDIX 


Protoceraiopa Specimens in The American Museum of Natural History 


Am. Mxtb. 

Field 


Ybab 

No, 

No. 

Descsxftion of Specimen Collected 

6251 

102 

Skull, Type, 

1922 

6273 

102 

SkuU and jaws, smalL 

1922 

6274 

102 

Miscell. jaw fragments and foot-bones. 

1922 

6408 

372 

Skull and jaws. 

1923 

6409 

295 

SkuU, nearly perfect. 

1923 

6413 

324 

SkuU and jaws. 

1923 

6414 

?356 

SkuU and jaws, large. 

1923 

6416 

373 

SkuU, jaws and skeleton, complete to proxunal cau- 

1923 

6417 

309 

Skull, jaws and nearly complete skdeton. Mounted. 

1923 

6418 

265 

SoiU, jaws and most of skeleton to middle of taU. 

1923 

6419 

366 

SkuU, jaws, portions of anterior part of skeleton, 

1923 

6421 

259 

SkuU and jaws in concretion, small. 

1923 

6422 

288 

Fragmentary skuU and jaws, some skeletal fragments, 

gm5>.11r 

1923 

6423 

296 

SkuU and jaws in concretion, weathered. 

1923 

6424 

274 

large part of skeleton, without skuU and jaws. 

1923 

6425 

349 

SkuU and jaws, nearly perfect, large. 

1923 

6426 

335 

SkuU, jaws, part of skeleton. 

1923 

6428 

371 

^mU and jaws. 

1923 

6429 

273 

SkuU, no teeth. 

1923 

6430 

315 

SkuU and jaws. 

1928 
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Am. Mus. 
No. 

Field 

No. 

Yeab 

Dsscbxftion of SpEcniBN Collected 

6431 

315 

Skull and jaws. 

1923 

6432 

374 

Skull and jaws. 

1923 

6438 

353 

Skull and jaws, fine. 

1923 

6434 

375 

Skull and jaws. 

1923 

6436 

— 

Teeth. 

1923 

6437 

297 

Skull and jaws in concretion. 

1923 

6438 

333 

Skull and jaws, large. 

1923 

6439 

350 

Skull and jaws. 

1923 

6440 

305 

Skull and jaws, panel mount. 

1923 

6441 

369 

Skull and jaws, panel mount. 

1923 

6442 

368 

Skull, imperfect. 

1923 

6443 

319 

Skull and jaws, crushed. 

1923 

6444 

355 

Skull and jaws. 

1923 

6445 

344 

SkuU fragmentary in matrix. 

1923 

6446 

270 

SkuU fragmentary in matrix. 

1923 

6447 

365 

SkuU and jaws. 

1923 

6448 

312 

SkuU and jaws. 

1923 

6449 

317 

SkuU fragmentary. 

1923 

6450 

318 

SkuU, jaws, part of skeleton. 

1923 

6451 

370 

Fragmentary skuU and part of skeleton. 

1923 

6452 

302 

SkuU, part of skeleton. 

1923 

6453 

272 

Fragmentary skeleton. 

1923 

6454 

299 

Weathered skuU and much of skeleton. 

1923 

6458 

323 

SkuU fragmentary. 

1923 

6459 

255 

Lower jaw. 

1923 

6460 

— 

Lower jaws. 

1923 

6461 

266 

SkuU and jaws. 

1923 

6463 

352 

Lower jaws. 

1923 

6465 

347 

SkuU and partial skdeton. 

1923 

6466 

513 

Large skuU and jaws, and thoracic section. 

1925 

6467 

514 

SkuU, jaws, and nearly complete skeleton, mounted. 

1925 

6468 

558 

SkuU fragmentary. 

1925 

6469 

354 

SkuU fragments and parts of skeleton. 

1923 

6470 

316 

Back of skuU and parts of skeleton. 

1923 

6471 

515 

SkuU and jaws with part of skeleton. 

1925 

6472 

556 

Incomplete skuU and jaws. 

1925 

6473 

557 

Part of skuU and jaws, poor. 

1925 

6474 

511 

Caudal vertebrae and hind limb. 

1925 

6475 

331 

Skeletal parts. 

1923 

6477 

326 

Imperfect skuU. 

1923 

6478 

320 

Caudals, ulna, radius, fore and hind foot. 

1923 

6479 

345 

Partial skeleton. 

1923 

6480 

341 

Partial skuU and jaws in weathered concretion. 

1923 

6481 

342 

Pelvis. 

1923 

6482 

291 

Fore and hind foot. 

1923 

6483 

293 

Weathered skuU and jaws, fragmentary and smaU. 

1923 

6484 

292 

Skeletal parts. 

1923 
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Am. Mtts. 
No. 

Field 

No. 

Descbiption op Spbcimex 

Ybab 

COLLECTBD 

6485 

339 

SkuU in weathered concretion. 

1923 

6486 

310 

Weathered skull and jaws. 

1923 

6487 

306 

Weathered skull and jaws. 

1923 

6488 

338 

Fragmentary skull in weathered concretion. 

1923 

6489 

327 

Skull and jaws. 

1923 

6490 

314 

Part of skeleton. 

1923 

6491 

308 

Skull and jaws. 

1923 

6492 

261 

Fragmentary skeleton. 

1923 

6493 

313 

Vertebral column. 

1923 

6494 

348 

Pelvis, hind limb and series of vertebrae. 

1923 

6495 

255 

Front of skull and jaws. 

1923 

6496 

255 

Front of skuH and jaws. 

1923 

6497 

560 

Fragment of lower jaw. 

1925 

6498 

— 

Left dentary, very young. 

1923 

6499 

— 

Right dentary, imbom. 

1923 

6636 

294 

Poor skull and part of skeleton. 

1923 

6637 

346 

Part of a skuh. 

1923 

6638 

279 

Front of skull. 

1923 

6639 

282 

Portion of a skuU. 

1923 

6640 

283 

Caudal vertebrae. 

1923 

6644 

560 

Parts of small skull and jaw, limb-bones, etc. 

1925 


Am. Mtjs. 

Protoceratops Specimens Sent to Other Institutions 

. Field 

Ybab 

No. 

No. 

Descbiption op Specimen and Where Sent 

Collected 

6415 

334 

Skull and jaws, small, crushed. 

Sent to Peking, China, 1925. 

1923 

6420 

332 

Skull and jaws, largest size. 

Sent to Field Museum, Chicago, Jan. 1926. 

1923 

6427 

277 

Skull and jaws. 

Sent to Univ. California, 1934. 

1923 

6435 

290 

Skull, jaws, most of skeleton. 

Sent to Field Museum, Chicago, Jan. 1926. 

1923 

6455 

376 

Hind foot. 

Sent to Munich, Germany, 1933. 

1923 

6456 

357 

Skull and jaws. 

Sent to Paris, France, 1927. 

1923 

6457 

322 

Half a skull and jaw fragment. 

Sent to Munich, G^many, 1933. 

1923 

6462 

275 

Lower jaw, palate, foot-bones. 

Sent to Univ. CaJifonda, 1934. 

1923 

6464 

285 

Skull, jaws, part skeleton. 

Sent to Urga, Mongolia, 1927. 

1923 

6476 

300 

Skull and jaws. 

Sent to Urga, Mongolia, 1927. 

1923 
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Ah. Mrs. 

Field 


Year 

No. 

No. 

Description of Specimen Collected 

6641 

325 

Part of skull and jaws. 

Sent to Munich, Germany, 1933. 

1923 


269 

Front of skuU and jaws. 

Sent to Public School Mus. in Battle Credc, Mich. 
Posterior part of skull in concretion, weathered. 

Sent to Public School Mus., in Battle Greek, Mich. 

The Eggs of PTotoceratops 

1923 


298 

1923 

Ah. Mtjs. 

Field 


Yzas 

No, 

No. 

Description of Specimen Collected 

2905 

102 

Portion of egg (snudl). 

1922 

6505 

255 

Portions of two eggs. 

1923 

6606 

255 

Cast of egg, with few fragments of shell adhering. 

1923 

6607 

255 

Finely preserved fragments of one or more eggshdls. 

1923 

6508 

267 

Group of 15 more or less complete eggs and fragments 
of probably two others which were weathered out 
and broken up. Thirteen are in situ. One sent to 
Colgate Univeraty 1924. 

1923 

6509 

351 

Group of three weathered ^^gs. Two showing por¬ 
tions of embryos. 

1923 

6510 

287 

Group of three weathered eggs. 

1923 

6511 

343 

Group of five ^s in matrix. 

1923 

6512 

264 

Group of several eggs in matrix, each partly weath¬ 
ered off. 

1923 

6513 

281 

Group of five e^ in matrix. 

1923 

6631 

526 

Group of eighteen eggs, tops sheared off. 

1925 

6633 

562 

Eight large eggs, crushed but fairly complete; parts 
of several others. 

1925 

6635 

' ■ 

Group of six small eggs. 

Sent to the Field Museum, Chicago, 1926. 

1925 

6642 

528 

Nest of four small, thin-shdled eggs. 

1925 

6649 

564 

Group of badly weathered ^gs. 

1925 

6650 

560 


1925 

6651 

560 

Egg fragments. 

1925 

6652 

560 

Eggs—crushed. 

1925 

6654 

560 

Very small ^ in concretion. Probably crocodilian. 

1925 

6660 

518 

Fra^ents of ^gsihells from one knoll, probably from 
one dutch. 

1925 
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INTRODUCTION 

AH Paleozoic systems are represented in Pennsylvania. The ma¬ 
jority of them are well-developed, marine sequences. Commencing 
with the Ordovician, there is an occurrence in each system of beds of 
continental origin. The continental elements, here referred to as 
facies, alternate with marine formations in the older systems where 
marine elements are dominant. But in the younger systems, the con¬ 
tinental strata dominate to the nearly total exclusion in some of all 
marine elements. The recurrent continental facies suggest a cyclic 
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repetition. The cycles do not always agree in chronology or in strati¬ 
graphic boundaries and sequences with the stereotyped periodic and 
systemic boundaries. 

The Paleozoic systems in Pennsylvania are particularly well adapted 
for the study here outlined because of the dominance of clastic sedi¬ 
ments. Toward the close of Trenton time the great limestone deposit¬ 
ing seas of the Cambrian and Ordovician disappeared, and terriginous 
sediments became the rule. Relatively little Silurian limestone is 
present. Most of the Devonian is devoid of calcareous strata, and 
only an occasional thin bed is encountered above the Devonian. Thiis, 
the vast majority of our Paleozoic sediments since Middle Ordovician 
time are near-shore and probably rather shallow-water deposits. Be¬ 
cause these facies are so common, the marine to continental relations 
and lateral intergradations are present and readily studied from well- 
preserved sequences. 

THE CONTINENTAL FACIES 

The presence of continental facies in the older Paleozoic in par¬ 
ticular is recorded commonly on the persistent appearance of red beds. 
These are often traceable into contemporaneously formed, non-red, 
fossiliferous, marine sediments. However, the color alone is not a 
sufficiently diagnostic feature, nor is it an infallible criterion. Thus, 
Cambrian red beds in southeastern Massachusetts carry trilobites and 
pteropods. Additional, supporting, and partially substantiating evi¬ 
dence is essential. Such corroboration embraces various pseudofossRs 
such as rain-drop or hail imprints, abundant current-formed ripple 
marks, and to a certain extent, desiccation cracks. Fossils of terrestrial 
or freshwater organisms are of course valuable supplemental proof of 
environment at time of origin. To such data must be appended any 
observation on field relations to subjacent, superjacent and adjacent, 
or contemporaneously formed beds, particularly both interfacial and 
intrafacial relations should be stressed. 

Red beds may be common and may make up most of a freshwater 
facies of a particular age. On the other hand, non-red continental 
beds occur sparingly in the Silurian and are abundant from the De¬ 
vonian. They dominate the freshwater facies in the Pennsylvanian 
and Penman. The preponderance of red over non-red beds in the 
several recurrent facies thus varies rou^y directly with the age. The 
older continental facies recuixents are chi^y red; the younger ones are 
practically all non-red. The change is progressive and appears to be, 
superficially at least, a correlate of the development of land floras. 




Fioure 1 OutUno map of PemihjlvaiilB 
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Nevertheless, there is a less apparent but far more deep-seated and 
far-reaching cause based directly upon tectonic changes in the area 
supplying the sediments. 

Continental facies have not been identified in the Cambrian of 
Pennsylvania. They are present in the Ordovician, Silurian, De¬ 
vonian, Mississippian, Pennsylvanian, and Permian. The great ex¬ 
panse of earlier marine Paleozoic xmits crops out in eastern, central, 
and south-central Pennsylvania. It is here that several of the red 
or gray to greenish continental units are likewise best observable. 
The Mississippian and Pennsylvanian systems are widely distributed, 
but the Permian is restricted to the extreme southwest. The area of 
wide-spread coal measures throughout most of the western half of the 
State is largely disregarded in the following discussion. In fact, the 
post-Mississippian may be almost dismissed with the characterization 
of being gray continental sediments among which red beds and marine 
intercalations are nearly absent. 

Before going further a brief review of certain aspects of the origin 
of red beds seems to be in order. Many and varied have been the 
theories advanced for their genesis. Of these, some are totally unten¬ 
able, others are in part true or applicable in special cases. Probably 
that of P. E. Raymond is the most reasonable. The writer has applied 
it with some success in interpreting the origin of the continental De¬ 
vonian beds in Pennsylvania. It seems equally applicable with some 
modification and amplifying to the other continental facies as here 
discussed. 

Briefly, the theory would develop our red sediments by reworking 
a previously formed red regolith. This regolith upon being reworked 
throu^ ordinary processes of erosion and transportation, is subse¬ 
quently redeposited as red sandstone, shale, etc. In other words, the 
theory assumes, in contradistinction to the older belief of Joseph Bar- 
rell, that the beds have not been epigenetacally reddened where they 
are laid down, but are syngenetically colored throu^ being derived 
from already red material. Since we have recurrent red continental 
facies (omitting for now the gray or green continental members), it is 
necessary to suppose that from time to time circumstances arose which 
caused the accumulation of red residual soils. These conditions alter¬ 
nated with intervals dumg which those soils were removed and re- 
deposited as red strata. Such an alternation of conditions may be at¬ 
tributed to successive intervals of peneplanation and uplift of the 
land lying to the east and southeast of central and eastern Pennsyl¬ 
vania. Under these circumstances a red regolith could accumulate and 
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be subsequently eroded and redeposited by streams flowing westward 
and northwestward off Appalachia. 

Among our red beds are certain non-red strata or larger units which 
are as surely continental as the red with which they alternate. They, 
too, grade into contemporaneously deposited marine formations, and 
may carry characteristic fossils and pseudofossils. Returning to the 
suggestion of alternate quiescence with peneplanation and uplift with 
accelerated erosion, let us suppose that erosion and transportation have 
removed substantially all of the red residual soil at some time prior to 
peneplanation. Erosion continues, but instead of the streams bearing 
the red mud, they now cut deeper into the unaltered or partly weath¬ 
ered to fresh rock, which may be any color, and which produces non-red 
sediments that are spread seaward and grade into marine beds as 
readily as did the red. 

The Ordovician 

The Ordovician sequence in Pennsylvania is complex. We need 
consider only part of it, or that portion which includes beds of possible 
continental origin. In south-central Pennsylvania, if the Juniata is 
included, the Ordovician sequence is typified by the following (Wil¬ 
lard 1939): 

SiLXJKIAN 

OEDOVicnuf,.. Juniata (red) formation 

Bald Eagle member at base 
Fairview or Shochary sandstones* 

Martinsbuig “formation” 

Jonestown (red) beds 

Unnamed and undifferentiated dark, marine shales, etc.t 
Cocalico shale 

Chambersburg limestone and correlates 
Stones Kiver limestone 
Beekmantown limestone 

Cambbiax 

In central Pennsylvania the analogous sequence to the above reads 
as follows (Butts and Moore 1936): 

SiLTJBIAN 

Obdoviciax .Juniata formation 

Bald Eagle member at base 
BeedsviHe shale 
Trenton limestone 
Black River group 
Carlin limestone 
Beekmantown group 

CAMBRTAy 


* Pulaski age. 
t Eden age and older. 
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Among the formations assigned to the Ordovician system in Penn¬ 
sylvania, red or other presumably continental units are not common, 
even if we include the Juniata. Following the usage of Willard and 
Cleaves (1939), the Juniata is now used to embrace the Bald Eagle 
conglomerate as its basal member. Upon indirect paleontological e'n- 
dence this thick tinit of central and south-central Pennsylvania has 
been alternately called late Ordovician and early Silurian. By the 
theory of periodic sedimentary cycles, it nd^t be grouped with the 
Ordovician. Yet it was deposited after the Taconic Disturbance, 
which is commonly taken as marking the close of the Ordovician 
period. The evidence for the origin of these beds according to the 
above-cited observers is as follows: 

“Besumed uplift unaccompanied by folcUng in the east closed Maysville time. 
Active, terrestrial erosion recommenced; the succeeding Bald £a^ and Juniata 
red beds spread westward and northwestward over the shales and sandstones of 
the Martinsbuig and Beedsrille. These continental red sediments were eya- 
genetically colored through derivation from red regolith accumulated on the 
Martinsburg and older (qf. New Jersey) beds during late Maysville time following 
the Taconic Disturbance. It might be supposed, as was suggested by 'VnUard 
(1928) that the Tuscaroia, Shawangunk, Juniata, and Bald Bagle are in part or 
wholly the material eroded directly from the east and laid down to the west and 
northwest immediately following the Taconic Disturbance. Our present under¬ 
standing of the Bald Eagle, its distribution, and relations to succeeding and 
underlying beds blasts this theory, since we cannot by such an explanation account 
for the wide distribution of the Bald Ea(^e eongdomerate across the beveled 
edges of the Martinsburg shale and sandstcmes.” 

The latter portion of the Ordovician of south-central and eastern 
and central Pennsylvania is made up of dark shales below the Juniata 
(and Bald Eagle) or the basal Silurian (Tuscarora or Shawangunk). 
These beds are the Keedsville of our central counties, the Martinsburg 
of other areas. In the Schuylkill Valley and westward therefrom, 
the Martinsburg contains a prominent block of red beds relatively 
high in the sequence. They are Willard’s Jonestown beds (1939). A 
local feature, their age is believed to be pre-Pulaski but post-Eden, 
that is, they are probably Maysville. Their limited areal extent and 
short stratigrapMc range are partly attributed to their having de¬ 
veloped near the positive Harrisburg axis and being today preserved 
in a long, narrow, east-west trending synclinorium in Ber^, Lebanon, 
and Dauphin counties. 

The lithology of the Jonestown beds and their red color point to 
non-marine conditions of origin, althou^ non-red shales also are 
present. The red be(k are associated also with thin, more or less 
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lenticular limestones which are barren, platy to submassive and which 
may alternate with shale interbeds (Miller 1937). They contain 
cross-bedded, sandy layers, oolite, and an abundance of limestone 
breccia or edgewise conglomerate. From neither the limestones nor 
the associated clastic sediments has any fossil, animal, or vegetable 
been recorded. However, mud cracks, current ripple marks, and 
probable rain prints occur. The presumptive evidence is for fresh¬ 
water origin of the limestones and associated red beds. Assuming al¬ 
ternate wet and dry seasons, many of the peculiar features of the lime¬ 
stones might be explained as having originated in playa lakes. 

The total maximum thickness of the Jonestown red beds of the 
Martinsburg is reported (Willard 1939) as approximately 500 feet. 
It will be observed that they do not mark the close of the Ordovician 
period but are followed by marine beds of Pulaski age, thus, they far 
antedate the Taconic Disturbance which came in post-Pulaski time. 


The Silurian 

Silurian sequences in Pennsylvania are well known and have been 
expounded fully and clearly by C. K. and F. M. Swartz (1931, 1934, 
and 1939). The following sequences have been adopted for use here 
as fairly t3q)ical and illustrating differences in sequences between 
eastern and central Pennsylvania and New Jersey. 


CJentral Pennsylvania Eastern Penn^lvania 


Cayngan series 
Keyser limestone 
Tonoloway limestone 
Wills Creek shale 
Bloomsburg red shale 
Niagaran series 
McKenzie and Is. 
Clinton group 
Medinan series 
Castenea sandstone ) 
Tuscarora sandstone / 


Cayugan series 
Keyser limestone 
BossardsviUe limestone 
Poxono Island shale (?) 
Bloomsburg red shale 
Niagaran series 
Bloomsburg red shale* 
Clinton groupt 
Medinan series 

Shawangunk ss. and cgl. 


N. Central N. J. 

Cayugan series 
Decker limestone 
UNC? 

? 

Niagaran series 
Bloomsburg (“Long- 
wood”) red shale 
Medinan series 
Greenpond conglomerate 


The occurrence of continental facies in the Silurian is well known 
and requires no long review nor description here. In north-central 
New Jersey practically the entire Silurian system is continental, a step 
farther than any obser\"ed conditions in the Pennsylvania sequences. 
In eastern Pennsylvania the Silurian above the gray, 1800 foot marine 


* Contains occasional, thin, green strata, 
t Entirely contanental facies 
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Sliavraugunk conglomerate may be in part sandstone assigned to the 
Clinton group and of continental origin. These beds are overlain by 
1800 to 1900 feet of the Bloomsburg red shale and sandstone, also be¬ 
longing to the continental facies. Green interbeds occur in the 
Bloomsburg. Srifficient vegetation "was present in this unit to produce 
thm coaly films (Willard 1938a). Otherwise, organic remains consist 
of little else than ostracoderms in the Bloomsburg of Perry County 
(Claypole 1885). The Clinton passes over into marine beds in cen¬ 
tral Pennsylvania. The Bloomsburg continues the continental facies 
upward and beyond the limits of the non-marine Clinton. It thins 
northwestward from the base upward to a mere 30 foot remnant be¬ 
neath the Wills Creek shale at Mount Union, Huntingdon County (F. 
M. Swartz 1934). Thus, in eastern Pennsylvania, at Lehigh and 
Delaware water gaps, the base of the continental facies is late Medinan 
age (or early Clinton). In central Pennsylvania it has risen to early 
Cayugan. 

In other words, the youngest part of the continental facies of the 
Silurian, or the highest Bloomsburg red beds, has the maximum areal 
extent; the oldest beds, early Medinan, the least. As it thins away 
from the locus of greatest deposition, it gradually displaces succes¬ 
sively higher marine beds. The Bloomsburg does not punctuate the 
close of the Silurian system as now defined in Pennsylvania. It is 
followed in its thickest and best developed sections by marine shale 
and limestone of some importance. Of these beds some, the Tonolo- 
way and Keyser formations, are nearly continuous throughout the 
Upper Silurian e35)osures of the State. It will be noted that the 
Keyser has only recently been assigned to the Silurian (P. M. Swartz, 
in Willard, Swartz, & Cleaves 1939). 

The Devonian 

The Catskill question is a veteran among the stratigraphic problems 
of eastern North America. Recently, Willard (1939) reviewed it for 
Pennsylvania. Like the Bloomsburg facies of the Silurian, the Cat- 
skill of the Devonian is a true continental facies which is thickest in 
the east or southeast and thins toward the west and northwest. The 
th innin g likewise is from the bottom upward. Similarly, too, it dis¬ 
places successively yoimger marine units by its progressive off-lap 
from the region of maximum supply of sediments. It contains ap¬ 
proximately 50 percent of non-red beds in the northeastmi part of the 
State, a far larger proportion than did the Silurian. Some hundreds 
of feet of non-red (green and greenish) strata are interbedded with the 
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red, not as single, scattered beds, but as thick units. The post- 
Portage sequence in northeastern Pennsylvania is as follows: 


Unit name Dominant color Average thickness 


Mt. Pleasant 

Red 

243 feet 

Elk Mountain 

Green 

172 “ 

Cherry Eidge 

Red 

485 “ 

Honesdale 

Gray and green 

270 “ 

Damascus 

Red 

388 “ 

Shakola 

Gray and green 

727 « 


The Catskill contams very thin coal beds (maximum observed not 
over two inches). Land plants, however, are quite abundant locally, 
as scattered stems and leaves or as mats of vegetation. The fresh¬ 
water mollusc. Amnigenia, or other forms of similar habits, is rare. 
Ostracoderms are present but not generally common in Pennsylvania. 
Unlike the Bloomsburg facies which fails before the Silurian-Devonian 
boundary is attained, the Catskill continues through to the very end 
and is succeeded in most exposures in Pennsylvania by non-marine 
Mississippian beds. Throughout, the continental sequence may be 
observed to pass over into marine beds, and both the red and gray 
elements are transitional with salt-water-formed strata. The change 
and its progressive or transitional character may be tabulated (marine 
beds cited by groups only): 

N. tv. Penna.. Central Penna. Eastern Penna. X. Central X. J. 


Connewango 

Catskill 

Catskill 


Conneaut 

Catskill 

Catskill 

Eroded 

Canadaway 

Catskill 

Catskill 


Chemung 

Chemung 

CatskiU 



Portage 

Portage 

Catskill 

Concealed 

Hamilton 

Hamilton 

Hamilton 


Onondaga 

Onondaga 

Onondaga 


Oriskany 

Oriskany 

Absent 


Helderberg 

Helderbeig 



The Mississippian 

The following sequences serve to illustrate the Mississippian suc¬ 
cessions in Pennsylvania. The thicknesses are disregarded, alihou^ 
there is much disparity among the several units. 
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S. W. Penna. Allegheny Front Susquehanna Valley Pottsville 


Mauch Chunk* 
Greenbriax Is 
Loyalhanna *Ts” 
Poconot 
Pocono 
Pocono 


Mauch Chunk 
Mauch Chunk 
Loyalhanna **ls” 
Pocono 

Eiddlesburg sh 
Pocono 


Mauch Chunk 
Mauch Chunk 
Mauch Chunk 
Pocono 
Pocono 
Pocono 


Mauch Chunk 
Mauch Chunk 
Mauch Chunk 
Pocono 
Pocono 
Pocono 


All of our eastern strata which are assigned to the Mississippian 
system are non-marine and are divided between the gray Pocono be¬ 
low with an average thickness of 1500 feet, and the red Mauch Chunk 
above, which has a maximum thickness in the Lehigh Valley and near 
Pottsville of about 3000 feet but is usually thinner. The eastern 
Pocono carries few or no red beds; the Mauch Chunk is practically 
nothing but red sandstone and shale throughout. However, from the 
region of the Allegheny Front and Broad Top Mountain in Huntingdon 
County westward, marine Mississippian beds begin to be intercalated 
into the sections. The marine Eiddlesburg shale splits the Pocono 
near its middle. At or near the base of the Mauch Chunk, the Green- 
briar limestone and the Loyalhanna “ limestone appear. The latter 
is more often a calcareous sandstone. The marine Greenbriar is 
usually highly fossiliferous. The Loyalhanna is commonly reported 
barren, but recently, marine Mississippian foraminifera and ostracoda 
have been collected from it. The thin, marine. Lower Mississippian 
sequence of northwestern Pennsylvania is taken to be the partial 
correlate of the lower Pocono. 

The Pocono is very like the non-red sandstones of the preceding 
Catskill, particularly the Honesdale with which it was confused for 
years. The Mauch Chunk is a near lithologic replica of such De¬ 
vonian red umts as the Damascus and Cherry Eidge. From such 
superficial resemblance, it would appear that the Pocono-Mauch 
Chunk sequence is merely a continuation of Catskill conditions in a 
more aggravated form. 

Fossils of the continental Pocono are confined to plants which are 
often abundant enough to produce poor coal seams, ranging from a 
mere film up to beds four feet thick. The Mauch Chunk is particu¬ 
larly barren save for rare plant fossils and the foot tracks of amphibia 
and perhaps reptiles which have been discovered locally in some 
abundance. 


* ^^ucih ChoiilE liere Applies to the red conthieiitid beds of the 
t Pocono here applies to the non-red (gray) contmentsd beds of the Mississippian. 
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The salt-water-freshwater relations of our Mississippian forma¬ 
tions are less apparent than were those of the Devonian or Silurian. 
That an incomplete transition west and northwest took place in 
Pocono time is quite certain, but the general concealment of the sys¬ 
tem beneath our bituminous coal fields hides nearly all details. The 
Mauch Chunk is different from older continental beds for it shows 
peculiarities not earlier recognized. It appears probable from thick¬ 
ness data that there were at least two loci of maximum deposition dur¬ 
ing Mauch Chunk time. One of these lay approximately in the r^on 
of the southern Anthracite Field and the other in south-central Penn¬ 
sylvania and west of or near the Allegheny Front. From these, the 
beds thin away fanwise. The two great fans coalesce in the Susque¬ 
hanna Valley. The Mauch Chimk displaj^s yet another unique feature 
in its behavior northwestward from the loci of deposition. Eastward 
from the Anthracite Fields it has been eroded, but to the north instead 
of passing over into marine beds it thins out to a feather edge. There¬ 
fore, where it has disappeared, the Pocono may be followed directly by 
the Potts\’ille of the Pennsylvanian system. From its western maxi¬ 
mum locus, the Mauch Chimk likewise fans out to the north but does 
show a tendency to become marine westward. 

The Pennsylvanian and Permian 

Only a word should be said here of the Pennsylvanian and Permian 
systems. No Permian is present except in our southwestemmost coun¬ 
ties. Throu^out the Anthracite area of the east, non-red continental 
beds are the rule for the Pennsylvanian. Few marine fossils have been 
discovered; red beds are practically absent. The vegetation was pro¬ 
lific. The thick coal measures witness its abundance. In general the 
Pennsylvanian suggests recurrent but accentuated Pocono conditions. 
However, there is no succeeding red facies to correspond to the Mauch 
Chunk. West of the Allegheny Front the Pocono-like character of 
the Pennsylvanian continues. Nevertheless, like the western Pocono, 
one finds intercalations of an occasional marine bed, mostly limestones, 
amoi^ the soft-coal measures. There was a very minor freshwater to 
salt-water shift westward. 

The Triassic 

Thou^ beyond the Paleozoic limit, it is nevertheless interestii^ to 
observe the Triassic (Newark group) as an apparent reversion to the 
red type of continental sedimentation in eastern Pennsylvania. In its 
vertebrate tracks, its plants, its dominance of red sandstone and shale, 
the Triassic is peculiarly reminiscent of the Alauch Chunk. In history 
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and origin, however, it bears little analogy to the older red beds of any 
Paleozoic system. 


THE FACIES SHIFTED 

Evidently, from Ordo\’ician times on throughout the Paleozoic, 
there was a more or less regularly recurrent tendency in Pennsylvania 
for the sedimentary facies to shift from the marine to continental phase 
of deposition. The shifts progress from southeast, northwestward gen¬ 
erally. As the continental facies advance and displace the marine, 
there is a concomitant thinning of the non-marine units nortiiwest- 
ward, that is, in the direction of off-lap or away from the source of 
supply. Within the marine sequences themselves, there are other un¬ 
mistakable shifts of major significance, but these are beyond the scope 
of this treatise. We ^all consider only the marine-to-eontinental 
shifts in chronological order. 

It seems wise to regard the Juniata red beds as a special instance 
which hardly fits into the scheme. The Juniata (including the Bald 
Eagle) thins from central Penn'ylvania south and east. Its greatest 
development, most typical form, and largest amount of coarsest con¬ 
glomerate (the type Bald Eagle) are found in our central counties. It 
shows no lateral transition into marine beds and may be separated 
from the underlying marine Martinsburg or E.eedsville shales of Eden 
age by an unconformity or disconformity (Taconic). The Juniata 
may or may not intergrade with the overlying Shawangunk or Tus- 
carora gray or white sandstone and conglomerate. For these reasons, 
the deduction is that at the close of the Ordovician, the Juniata was 
deposited more or less locally as material eroded from northeastern or 
even northern areas. It appears to bear out the stratigraphic maxim 
that continental deposits thicken toward the source of supply. 

The Jonestown red beds are an entirely different story from that of 
the Juniata. They conformably overlie dark marine shales of known 
(Eden) age and axe succeeded by beds which carry Pulaski fossils. 
Laterally, their relations are surmised rather than observed, for they 
are confined to an east-west synclinorium reaching from the Susque¬ 
hanna at least to the Schuylkill. To the north of the ssmclinorium 
they have been eroded and are not known to reappear in central Penn¬ 
sylvania. Likewise, they are believed to have ^en worn away to the 
south. Their relation to the Slate Belt sequence of eastern Pennsyl¬ 
vania is not as yet fuUy determined. 

From all observations and from analogy with later sequences, only 
the red Jonestown beds are the true representation of the Ordovician 
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continental facies in sensu stricto in Pennsylvania. Because such a 
small remnant is preserved, and since the distribution northwestward 
appears to have been very limited, it is deduced that the source of 
these Ordovician red beds was at a rather remote distance to the south¬ 
east. The fact that more marine beds of Ordovician age follow these 
red ones is no deterrent from the premise that they are the chief ex¬ 
pression of the continental Ordovician. This situation reciurs in the 
Silurian system, as we shall presently describe. 

In north-central New Jersey the Green Pond Moimtain area em¬ 
braces a long, narrow band of Paleozoic formations preserved by down¬ 
folding and down-faulting (Kiimmel & Weller 1902). It includes prac¬ 
tically the entire Silurian system which is here chiefly of freshwater 
origin. In northeastern Pennsylvania, typicallj' at the Delaware 
Water Gap section, the upper half of the system is built up of red 
shale plus a few, scattered greenish strata (Swartz & Swartz 1931). 
This is the Bloomsburg continental facies. The facies actually trans¬ 
cends the base of the true Bloomsburg into the upper part of beds 
which have been assigned to the Shawangunk, but may be truly of 
Clinton age and of continental origin. The Silurian continental facies 
proceeds to thin northwestward and westward from the Delaware 
Valley. Like the Ordovician continental facies, the Silurian beds fail 
to continue to the close of the period. Unlike the Ordovician, the 
lateral transition is so well-marked that practically the entire Silurian 
system is observed to pass over, even before our eyes, from the fresh¬ 
water to the salt-water type of sediments. 

If we do with the Devonian as we did with the Silurian and widen 
our observations to include north-central New Jersey, swing thence 
westward, and trace the changes in the sequences across Pennsylvania 
and perhaps go throu^ even as far as the northwestern comer of the 
State, the picture yields a nearly complete transition between the two 
facies, the freshwater on the east, the marine to the west. In the 
farthest east section in northern New Jersey, the Oriskany and Helder- 
berg groups are absent, but marine beds of Onondaga and Marcellus 
ages are recognized. Above, the remainder is all continental, Catskill 
facies. Thus, the Lower Devonian fails to attain quite the lower limit 
shown by the Silurian analogue. The latter attains more nearly to 
perfection of change. 

On the other hand, the top of the highest Devonian is fully occupied 
by the continental facies in northeastern Pennsylvania, thus going 
beyond the Silurian in the completeness of its uppermost displacement. 
Throughout its succession, the Catskill continental facies di^laces 
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successively from southeast to northwest the Hamilton, Portage, 
Chemung, Canadaway, Conneaut, and Conewango groups of marine 
Devonian formations. 

Throughout the Catskill sequence, the most astonishing feature and 
that which at once sets it off from the older continental facies, but ties 
it in with later ones, is the large proportion of non-red elements. This 
situation caimot be too fully emphasized because its interpretation 
bears directly upon the origin of these beds. 

The Mississippian transition is almost absent from Pennsylvania. 
By far the majority of exposed beds of this system over wide areas is 
non-marine. Nevertheless, the change be^ns to show itself in south- 
central Pennsylvania. Very little of the transition has actually taken 
place where the system plunges westward under the Alle^eny Front. 
Where the Mississippian again rises to the surface as along the Chest¬ 
nut Bidge anticline in Fayette County, the transition has progressed 
a pace but the displacement is still a minor factor. 

Llention was just made of the important chaise shown by the De¬ 
vonian continental facies in the introduction of about 50 percent of 
non-red material. A proportionally similar admixture is found in the 
Mississippian in the percentage relations between gray Pocono and red 
Mauch Chunk. In the east, the red is about twice as thick as the gray, 
but the former thins so rapidly from supply source that this proportion 
is soon reversed. In general, and on the average, the proportions ap¬ 
pear to be about half-and-half red to gray. A final step in this re¬ 
markable shift within the continmtal sediments is its culmination in 
the Pennsylvanian and Permian systems where red beds are all but 
unknown. 

Summarizing these changes, we have observed, first, the progress 
from all red continental beds in the Ordovician to essentially com¬ 
pletely non-red continental beds in the Pennsylvania and Permian; 


TiUIiB 1 


CSONTmXKTiX COLOB BbIiAXIOXS 


System 

Percentage 
of red beds 

Percentage of non-red 
(gray or green) beds 

Permian and Pennsylvanian 

1 

99 

Missisdppian 

50 

50 

Devonian 

50 

50 

^mian 

90 

10 

Ordovician 

99 

1 
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Second, the continental to marine transition may be tabulated: 


Table 2 

Deqkees op Continental to Mabine Transition 


System 

Completeness of transition 

Permian 

none 

Pennsylvanian 

trace 

Mississippian 

little 

Devonian 

complete 

Silurian 

complete 

Ordovician 

record incomplete 


The organic remains of the continental imits are suggestive. The 
plant evolution is marked by increase in abundance of land floras. 
The animals illustrate the gradual conquest of the terrestrial environ¬ 
ment by the vertebrates. 


Table 3 

Fossils op the Continbntal Units 


System 

Organic remains 

Permian and Pennsylvanian 

skeletal remains of land vertebrates, insects, abund¬ 
ant coal-forming vegetation 

Missismppian 

tracks of land vertebrates, coal-forming vegetation 

Devonian 

ostracoderms, freshwater molluscs, land plants 

Siliirian 

ostracoderms, freshwater Gand?) plants 

Ordovician 

no fosdls recorded 


The source of the continental sediments is assumed always to have 
been Appalachia (with, to be sure, the possible exception of the Juniata 
which we ruled out as non-orthodox). The ancient land mass sup¬ 
plied the detritus, and it appears that the actual direction from which 
these elastics came varied little from period to period. Roughly, this 
may be tabulated as follows: 


Table 4 

Direction op Source op Supply op Sediments op Continental Facies 


System 


Direction 


Permian and Fennsylvanian 

Missssippian 

Devonian 

durian 

Ordovician 


east and southeast 
southeast 
southeast and east 
southeast 

southeast and south (?) 
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Emphasis has been laid upon the color shift among the continental 
facies. There is little of this alternation of color in the Ordovician. 
It is suggested in the Silurian, in the Devonian at least three major 
repetitions of the process are recorded, and the Mississippian system 
^ves us one complete swing from non-red to red followed by a return 
oscillation in the vast, thick, non-red Pennsylvanian and Permian 
systems. 

To produce such an alternation of conditions, we presume alternation 
of inter\'als of uplift and erosion of Appalachia. What the nature of 
this uplift was, we have only vague hints. It may have been largely 
epeirogenic, yet in the case of the Taconie Disturbance it was orogenic. 
The alternation of colors, which began in the Silurian and continued 
on an even grander scale throu^ Mississippian-Pennsylvanian-Permian 
sequences, points to a rising crescendo of movements in Appalachia. 
Perhaps the Devonian beds register indirectly the effects of the Acadian 
disturbance. Certainly, the movements hinted in the Silurian, clearly 
developed in the INIiddle Devonian and increasing in intensity from 
then to the close of the Paleozoic mark the culmination of convulsions 
in Appalachia which we appropriately call the Appalachian Eevolution. 

The Geosyncline Migrated 

The sequence of continental facies particularly in eastern Pennsyl¬ 
vania appears to illustrate a steady increase over the marine of the 
development of this phase of sedimentation from Ordovician through 
the close of the Paleozoic era. Is this more apparent than actual? Is 
it not more probable that the continental facies may at some locality or 
another have had a nearly equal development in all systems; that we 
would find this true were they completely preserved for us? The 
Silurian and Devonian illustrate this when we include in our observa¬ 
tions the remnants of these systems in north-central New Jersey. By 
analogy, it is highly probable that the Ordo\ician would have shown 
a like condition were its more easterly portions preserved. The ap¬ 
parent increase in intensity or degree of continental deposition from 
older to j-ounger systems in eastern Pennsylvania may be attributed 
to a westward or northwestward migration of the Appalachian geosyn¬ 
cline. In the Ordovician its eastern shore lay somewhere east of us, 
we know not where. In Silurian and Devonian times it crossed 
northern New Jersey and probably southeastern Pennsylvania. By 
Mississippian time it had passed westward and was entirely outside of 
Pennsylvania during part of the period. In the still later periods, 
marine sedimentation was no longer a factor within the State. Such 
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& migration coincides with our postulated, progressively accentuated 
uplift with possible folding in Appalachia. Add to this, that uplift 
was so pronounced and the supply for sedimentation so abundant 
toward the close of the Paleozoic that isostatic adjustment beneath the 
geobj-ncline may not have then kept pace with the increased piling up 
of sediments, and we have an added factor in the westward migration 
of the area of sedimentation. Only in the final collapse of Appalachia 
and the production of the down-faulted areas or graben of Triassic 
time did Paleozoic conditions of sedimentation end. 

The presence of red beds is doubtless in part an expression of the 
climate. Proof is negative for any vast climatic change during the 
Paleozoic in-so-far as our sediments are concerned. That it may have 
been cool at times is indicated by evidence for the presence of ice in 
^Middle Devonian seas (Willard 1939). In contradistinction to this is 
the occurrence in marine beds throughout the sequence from the Ordo¬ 
vician into the Pennsylvanian of corals. The gradual development of 
coal-forming vegetation is more truly an expression of the process of 
organic evolution than of climatic change. There is no obvious reason 
for lack of coal-forming floras m pre-Pennsylvanian times other than 
the very simplest explanation of all; in those earlier periods no suitable 
plants capable of coal-producing in abundance had evolved. Ostra- 
codenns are present in the Silurian and likewise in the Devonian red 
beds. Their habits are assumed to have been similar. Four-footed 
animals crawled the land in Mississippian as well as Pennsylvanian 
and Permian times, have been dubiously identified from tiie Devonian. 
Again, their habits must have been similar. Rain prints and mud 
cracks generally present in our red beds add, to the organic data, 
paleoclimaiic testimony. Appalachia’s relief must have been reason¬ 
ably high intermittently, but at other times it probably stood low 
and was partially sea-flooded. There is no reason to suppose that 
the prevailing westerlies were not functional, therefore, moisture 
may well have been plenty on the west coast of Appalachia during 
most of the Paleozoic. The comparatively warm, moist climate not 
only affected the life of the sea and the land. It induced rapid 
accumulation through chemical weathering of residual soils wdidch 
by analogy with recent conditions should have been reddish. 
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THE SHIFT OF THE FACIES SHIFTS 

Throughout the Paleozoic there have been in Pennsylvania recur¬ 
rences of continental facies tending repeatedly to displace their 
marine contemporaries. The recurrence may be more or less cyclic. 
These displacements have been referred to as continental to marine 
facies shifts. Actually, the freshwater beds themselves display two 
marked cumulative changes independent of their displacement of 
the marine beds. First, there is the progressive, chronological evolu¬ 
tion from red to non-red rock color (table 1). Second, there is a 
progressive shift in position or westward and northwestward spreading 
at each recurrence of continental beds (figube 2). Each successive 
continental facies after the Jonestown,—the Bloomsburg and Clinton, 
the Catskill, the Mauch Chunk and Pocono, the Pennsylvania and 
Permian,—spreads farther west or northwest than did its predecessor. 
In each there is a progressively greater encroachment of freshwater 
strata upon the Appalachian geosynclinal seaway. The continental- 
marine boundaries are themselves an expression in their recurrence 
of a still wider shift, an era-long migration, a change of momentous 
proportions. Since all of the sediments, save for some reworking of 
older beds, were presumably derived directly from Appalachia, is 
not this shift of shift an expression of vast, slow changes affecting 
that ancient land-mass during post-Cambrian time? 

A key to this lies in the alternating red with non-red units and the 
percentage of change between them. If, as postulated, the red is 
reworked regolith, but the non-red is derived from more deeply eroded, 
fresher rock, then must there have been a succession of uplifts sepa¬ 
rated by pauses affecting the relief of Appalachia. During each pause, 
weathering produced red residuals. Each uplift rejuvenated streams. 
Accelerated erosion ruled. Red beds were formed in piedmont and 
coastal plain. They intergraded beyond with non-red marine strata. 
Further erosion cut into fresh bed rock. Non-ied continental strata 
were deposited over the preceding red ones. They, too, graded later¬ 
ally into marine beds. The process was repeated at least five times, 
each recurrence “nobler than the last”. With each repetition the red 
element tended to grow less conspicuous, thinned in proportion to 
the non-red, tiie green or more commonly gray elements. Conversely, 
the gray portions waxed thicker and dominated until by Pennsylvanian- 
Pemuan time all red tended to vanish from the sections. 

Historical geolog^ts speak of Taconic and Acadian Disturbances, 
of the Appalachian Revolution. Are these intervals of orogeny die- 




Gina 2. Dlagrammattc cross section to illustrate the shift of the facies ^fts during the Paleozoic in Pennsylvania. Thicknesses axe appro: 
mate, the maximum for the entire sequence being nearly 28,000 feet. Horizontal distance approximately 375 miles. 
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tinct entities? In these continental facies, whose character we have 
been at some length to expound and explain, have we a reflection of 
orogeny or epeirogenic movements in Appalachia? If our interpreta¬ 
tion of the sedimentary record is correct, there were a few distinct 
intervals of diastrophism marked off by terms of quiescence. There 
was progression toward a culmination in epeirogenic and orogenic 
activity whose acceleration the sediments reflect. Its final, grand ex¬ 
pression is truly our Appalachian Revolution. On these grounds, the 
Appalachian Revolution began during the Ordovician period, at least 
as far back as Eden or Maysville time. 
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INTRODUCTION 

By Chables P. Smyth 

From the Department of Chemistry, Princeton Vmversity, Princeton, New Jersey 

In 1912 Debye explained dielectric constants by the theory that 
the molecules of some substances contained permanent electric 
dipoles, which caused the molecules to orient in an electric field. 
Some criticism was directed against this theory and a little e35)eri- 
mental work was done to obtam support of it, but, for the most part, 
the theory lay dormant for ten years. Then, use was made of it for 
the calculation of a few molecular dipole moments, which were foimd 
to be consistent with what might be expected from the probable 
structures of the molecules. The experimental foundation of the 
theory was soon firmly established and the subsequent quantum 
mechanical treatment led to a relation between dielectric constant 
and dipole moment identical for practical purposes with that which 
Debye had derived on the basis of classical mechanics. The initial 
successes of the attempts to correlate dipole moments and molecular 
structures were preliminary to a rapid extension of the use of the 
dipole moment as a tool to investigate molecular structures and, in 
the ensuing years, several hundred dipole moment values were ob¬ 
tained from dielectric constant measurements and interpreted as 
evidence concerning molecular structures. 

Because of the effects of the dipoles upon their neighbors, it was 
found that the dielectric constant was dependent upon molecular 
interaction and could, therefore, be used as a means of investigating 
this interaction. As the dielectric constant of a substance with polar 
molecules depends upon the freedom of these molecules to orient in 
an externally applied field, measurements of dielectric constant have 
recently been used to investigate molecular freedom in erj’stals and 
glasses. When the time required for the molecules to orient in an 
externally applied field is of the magnitude of that required for the 
establishment of the field, the dielectric constant depends upon the 
frequency of the alternating current with which it is measured and 
an energy absorption accompanies the flow of current. This so- 
called anomalous dispersion may have an important effect upon the 
properties of a commercial dielectric. As the “relaxation time” or 
time required for the molecules to revert practically to a random dis¬ 
tribution after removal of the applied electric field depends upon the 
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size of tlie molecule, the measui-cment of the anomalous dispersion of 
the dielectric constant provides a means of determining the approxi¬ 
mate sizes of large molecules. Studies of the effects of dipoles upon 
dielectric behavior may thus peld information of importance to the 
electrical engineer and lead the biochemist to an increased knowledge 
of tlie sizes and shapes of large molecules. A wide variety of not 
always closely related phenomena may tlius be examined in connec¬ 
tion xsith the subject of “Dielectrics.” 



THE INFLUENCE OF DIPOLE-DIPOLE COUPLING 
ON THE DIELECTRIC CONSTANTS OF 
LIQUIDS AND SOLIDS 

By J. H. Van Vleck 

From Harvard Xlnlversily, Cambridge, Mashoekiaetta 

Until very recently, the dielectiic behavior of liquids and solids 
has been more or less of an enigma, but in the last two or three years, 
considerable progress has been made towards a better understanding 
of this interesting subject. 


THE LORENTZ LOCAL FIELD AND ITS CONSEQUENCES 

The starting point of all discussions on dielectric constants is always 
the formula of Lorentz^ for the local field, viz.. 


At. 

Eloml = E -\ - P. 

3 


( 1 ) 


The second term in (1) is an expression of tlie fact that the coupling 
between the molecular dipoles, which is particularly important at 
high concentrations, tends to make them parallel. Thus the dipole- 
dipole interaction “amplifies” the influence of the applied field E, and 
makes the effective field Ejoeai acting upon the molecule larger than 
E. The polarization P per cm® is equal to XyEiomh where .Y is the 
number of atoms per cm®, and y is the specific polarizability of a single 
atom or molecule. The standard theory of Langevin and Debye,® 
gives 


Y 


= a + 


ZkT' 


( 2 ) 


Here the first term is independent of temperature, and represents the 
contribution of the induced polarization. The second is due to the 
alignment of permanent dipoles by the applied field, and is found only 
in polar molecules, whose dipole moment is denoted by /». Eq. (2) 
was originally derived in classical theory. It lost its validity in the 
old (1913) quantum theory, but detailed analysis® shows that it is 
restored in the new or true (1926) quantum mechanics provided the 


1 Cf.. for instance. LorentK, B. A. **The Theory of Electrons.** Xote 54. 

^Lancevin, T. Jour, de Physique. 4: 678. 1905. DebyB, P. Physikal. 2SeU. 13: 97. 

1012 

» Tan Tleck, J. H. "The The<MT of Electric and Magnetic Susceptibilities.** Chap. 7. 

( 293 ) 
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spacing of the energy levels (other than vibrational) be small or large 
compared with kT, a proviso usually satisfied in the study of dielectric 
constants though often not in the theory of magnetism. From (1) 
and (2) one derives in a well-known fashion the Clausius-Mossotti 
relation 


:?£ ini = -t- 

p e + 2 3 \ 3fcT/ 


(3) 


where p is the density, M is the molecular weight, L the Avogadro 
number, and e is the dielectric constant, given by 


e — 1 = ixPjE = i'sN'^EbeallE. 


Since the right side of (3) is independent of p, the characteristic ratio 
on the left side of (3) should, at given temperature, be independent 
of the pressure and density. 

It is usually stated that (3) can be applied successfully to gases, 
whether polar or non-polar, to non-polar liquids and solids, and to di¬ 
lute solutions of polar materials in non-polar solvents. By and large 
this assertion is true, though certain exceptions usually come to light 
in refined theory or experiment. One of them is the translational 
fluctuation effect in gases, which is treated by Kirkwood* in the fol¬ 
lowing paper, and which owes its origin to the fact that in gases the 
molecules are not evenly spaced, as presupposed in deriving (3). 
Internal free rotation of the molecule, of which classic example is 
C 2 H 4 CI 2 , can sometimes give deviations from (3). It is hard to 
understand theoretically why (3) applies quite as well as it does 
empirically to non-polar liquids and solids, inasmuch as a detailed 
quantum-mechanical investigation shows that at high concentrations 
(3) is rigorous, even for non-polar media, only if one uses the har¬ 
monic oscillator model,® which cannot be regarded as a true picture 
of a real Rutherford atom. Experimentally, in dilute solutions, the 
contribution of the polar solute appears to be sli^tly influenced by 
the nature of the non-polar solvente. These corrections are, of course, 
all effects of a comparatively hi^ order. 

It has, on the other hand, long been recognized that (3) fails com¬ 
pletely in pure polar liquids or solids. The difficulties can be seen 
in a particularly succinct form if one solves the equations for the 
dielectric constant itself rather than the Clausius-Mossotti ratio. 
For simplicity, let us neglect the induced polarization o. We then have 


«Kirkwood, J. O. Jour. Chem. Phys. 4: 592. 1086. 
* Van Vleck, J. H. Jour. Chem. Phys. 5: 556. 1987. 
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■with 


e — 1 


4x 


Tc 


ZkiT-Tc)’ 

4xJV’(i.* 

9Jb 


(4) 

(5) 


According to (4), there is a critical or “Curie” temperature at 
which e becomes infinite. This does not mean that the dielectric 
constant really increases without limit. Instead at temperatures in¬ 
ferior to Te, it is not allowable to treat the polarization effects as 
linear in the field strength, as presupposed in obtaining (3) or (4). 
Below Tc, saturations effects should enter, and one should expect the 
electrical analogue of ferromagnetism, i. e. hysteresis, remanence, 
hysteresis, etc. Actually, such a “ferro-electric” beha'vior is prac¬ 
tically naknown, being confined to Rochelle salt, and one or two 
other highly anisotropic crystals.®* Even these materials show this 
deportment only for certain particular directions. Such exceptions 
are not unreasonable theoretically, for in anisotropic substances, 
only the average of the Lorentz factor over all directions need be 
4ir/3, and in a particular direction the factor may be so large as to 
make the ferromagnetic tendency of the dipole-dipole coupling ab¬ 
normally important. In the present paper we shall consider only 
isotropic media, such as liquids, where the anomalous behavior pre¬ 
dicted by (4) does not arise. It is convenient to call the vanishing 
of the denominator of (4) a 4n-/3 catastrophe, for the difficulty comes 
from the presence of the factor 4jr/3 in (1). Without the second term 
of (1), the denominator of (4) would be simply BkT, and there would 
be no saturation difficulties. If the critical Curie temperatures Te 
given by (5) were unobtainably low, the difficulty of the 4w/3 
catastrophe would not be serious. Actually one calculates according 
to (5) tiiat Te equals 1200° and 260° for H 2 O and HCl respectively, 
whereas it is a matter of common knowledge that water and hydro¬ 
chloric acid never behave ferro-electrically. 


THE EMPIRICAL FORMULAS OF WYMAN AND OF 
VAN ARKEL AND SNOEK 

Since the 4n-/3 catastrophe is not actually found, one seeks to ob¬ 
tain both empirical and theoretical formulas which -will avoid its 


Another anisotropic material which behaves ferro-electrically is potasstum dihydrogen 
phosphate* and an interesting theory of the di^ectric properties of this substance has just 
been devdoped by Slater, J. C. Jour. Chem. Phys. (in isress). 
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occurrence. First we will mention some empirical expressions, 
of these is due to 'Wyman,® and has the form 

s — 1 i'icN f ^ ^ 

8.5 

TTsmian has shown that (6) accounts for the orders of magnitude of 
the dielectric constants of many substances at room temperatures. 
Another, rather more complete, empirical formula is that of two 
Dutchmen, van Arkel and Snoek,’ viz: 

M s — 1 4x1/ r [ 1 .^ 

7 s + 2 “ L“ 3fcT + (4xC/3) Ny? 

Here C is an empirical constant which, however, usually turns out 
to lie between 1 and 1.7. If (4irAra -|- SC~^) <3 the 45r/3 catastrophe 
is avoided, for then the right side of (7) never reaches as high a 
value as that M/p corresponding to «= oo. "Van Arkel and Snoek 
show that with fixed C, formula (7) represents surprisingly well the 
dependence on temperature, and particularly on concentration for 
solutions of polar materials in non-polar solvents. As an example, 
some figures are given in table 1, taken from Muller,® for various 
concentrations of nitrobenzene in CCI4. 



One 

( 6 ) 


Table 1 

Molab Folabization of Nitbobenzbne in Cabbon Tetbacblobidb Solution 


N X10-“ 0 .132 . 597 1 31 3 60 6.90 

(obs) 369 338 274 212 127 96 6 

(calc) 369 340 267 204 125 95 5 


Here N is the number of nitrobenzene molecules/cc. The value 5.90 
X 10®^ relates to pure nitrobenzene. The expression 2*®* is the part 
of the “molar polarization” due to orientation of the permanent dipoles, 
defined by 


s — 1M 4xLa 

8 -f- 2 p 3 


( 8 ) 


The calculated values of P®* are on the basis of C = 1.32, "We must, 
however, mention that with increasing experimental refinement, much 
of the apparent close applicability of (7) is often lost, particularly at 


• Wurman, 3. Jour. Am. Cbem. Soc. 68:1482. 1936. 

> Tan Axktl, A. B., ft Sao^, J. L. Trans. Faraday Soo. 30:707. 1934. 
I MlQlei, F. E. PBysDal. Zdt. 38: 498. 1937. 
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low concentrations. For instance, Smyth® reports that for ethyl 
bromide in hexane at 30° the quantity C, instead of remaining con¬ 
stant, really varies from 1.3 to 5.0. The high value applies to a con¬ 
centration .03, and C does not exceed 1.4 until the concentration is 
less than .50. Smyth also finds some temperature variation of C. 
For instance, in pure etliyl bromide, C equals 1.33 at 30° C and 1.49 
at -90° C. On the whole, though, (7) is a remarkably good first 
approximation. 

FOWLER’S AND DEBYE’S THEORY OF 
HINDERED ROTATION 

So much for empirical formulas. It is obviously more satisfactory 
to find a tiieoretical basis for avoiding the 4?r/3 catastrophe. One 
very celebrated attempt of this sort is the h 3 q)otliesis of hindered ro¬ 
tation, proposed in this connection independently by Fowler^® and 
by Debye.^^ The basic idea of their theory is that in the solid or 
liquid states the molecules are not free to turn, but instead are re¬ 
sisted by an internal field which is superposed on (1) and which is 
supposed to arise from interatomic forces. It is essential that this 
internal field be unilateral, rather than bilateral, i.e. have a potential 
function whose period is 360° rather than 180° when the molecule 
is rotated, for a simple calculation,^^ too often overlooked, shows that 
internal fields with bilateral symmetry have absolutely no effect in 
reducing the dielectric constant. The internal fields are supposed 
directed at random, as otherwise the specimen would have a residual 
polarization even in the absence of an applied field. If the internal 
field is sufficiently large, the difficulty of a 45r/3 catastrophe is avoided, 
and the dielectric constant is reduced to its empirical value. 

The hypothesis of hindered rotation has many arguments in its 
favor. The necessary internal potentials usually correspond to an 
energy of the order lOfcT for “turning over” the molecule, which is 
reasonable. The disappearance of the “ferro-electric” behavior of 
Rochelle salt below a certain critical temperature receives a natural 
explanation^® in terms of the sudden onset of hindered rotation. (This 
use of hindered rotation may be correct, even though we shall later 
see that its application to ordinary isotropic substances is question¬ 
able.) Muller® has shown that if tlie internal field is very large, the 

> Smyth, C. P. Jour. Phys. Ohem. 43; 131. 1939. 

w Fowler, E. H. Proc. Roy. Soc. 149A: 1. 1986. 

“Debye,?. Physikal. Zeit. 36: lOO, 193. 1986. 

“ Cf.. for instance. Mueller, H. Phys. Bey. 60: 647. 1936. 
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model with hindered rotation yields the empirical formula (7) of van 
Arkel and Snoek, though only incompletely, viz. with only the second 
member of the denominator ZkT + {AirC/i)NiJ?. A further success 
of the theory is found in Debye’s calculation of saturation curvature. 
Although, as already emphasized, ordinary substances such as water 
do not exhibit spontaneous saturation, a slight saturation curvature 
is detectable in very strong applied fields, of the order 100,000 
volts/cm. That is to say, the dielectric constant is not quite a linear 
function of field strength, but instead is given by a formula of the 
form e = €0 — a the terms beyond E^ in the series development in E 
being negligible. If one makes the computation with free rotation 
and the local field of Lorentz, a ridiculously large negative value of o 
results. For example, one thus obtains aFV«o = 3.7 for water in a 
field of 100,000 volts/cm, whereas actually aSV«o is only 1.1 X 10“® 
according to the measurements of Malsch. Debye finds, however, 
that with hindered rotation, the calculation 3 rield 8 exactly the right 
value of ffl/eo to within a percent or so, if the internal field is deter¬ 
mined so as to give the right reduction for the dielectric constant in 
weak fields, i. e. the right value for the main term £». 

Despite all these arguments in favor of the use of the hypothesis 
of hindered rotation to explain away the 4ir/3 catastrophe, it appears 
to the writer that there is one very fundamental objection to this 
procedure. Namely, the study of discontinuities in specific heats and 
dielectric constants has \isually been regarded as yielding the critical 
temperatures above which molecules rotate freely, since these discon¬ 
tinuities have been interpreted by Pauling“ and others as due to the 
sudden disappearance of hindered rotation when the temperature is 
raised above a certain critical temperature Tj,. If Pauling’s view¬ 
point is accepted, 4ir/3 catastrophe is avoided only if his discontinuity 
temperature Tj, is higher than ^e Curie temperature T* given by (6). 
Otherwise as the temperature is reduced from a very high value, a 
4sr/3 catastrophe will appear before the temperature is lowered suf¬ 
ficiently for hindered rotation to become effective. Actually, how¬ 
ever, the condition > Ter is not fulfilled, for example, in the halogen 
halides, which are, perhaps, the simplest examples of polar molectiles. 
According to Pauling, HCl has Ta. = 100° K, and HBr Ta = 90°, 
as these are the critical temperatures of anomalous specific heats and 
discontinuities in the dielectric constant. On the other hand, one 
calculates according to (5) that HCl has To = 260° and HBr 


11 FboUiic, Iu pays. Key. 38: 430. 1930. 
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Tc = 120®. Thus HCl and HBr should be ferro-electric in the in¬ 
tervals 100-260° and 90-120° respectively, contrary to experiment. 
Similar difficulties are found in many other molecules. Much of the 
detailed tabulation by C. P. Sm 3 rth^* of the critical zones of hindered 
and free rotation for a large variety of substances would have to be 
rejected if the Debye-Fowler mechanism is invoked to avoid satura¬ 
tion difficulties. Thus it seems necessary to either reject the Debye- 
Fowler fashion of using free rotation, or else to abandon the Pauling 
theory of the discontinuities in specific heats, etc., and to attribute 
the latter to polymorphic transitions. Of course one might assume 
two critical temperatures for the onset of hindered rotation, but this 
seems rather an absurdity, as it is hard to see how one can congeal 
a molecule twice. 

Since there is a great deal of evidence in favor of the Pauling- 
Smyth interpretation of the critical temperatures of free rotation, 
it becomes of interest to examine whether or not there is some other 
way than the Debye-Fowler mechanism to avoid the difficulty of 
the 4ir/3 catastrophe. The one outstanding possibility of this kind 
is that the Lorentz expression (1) for the local field may be grossly 
incorrect. One has usually regarded the result (1) formula as sacro¬ 
sanct becarise it was obtained by the great Lorentz. Naturally his 
results were correct for the case which he was considering. However, 
he considered only induced polarization, and so could make his calcu¬ 
lation with the harmonic oscillator model. The error has been made 
by other physicists in seeking to apply his expression for the local 
field to a case which he did not have in mind, namely the case of polar 
molecules, where the polarization is due to the orientation of perma¬ 
nent dipoles, rather than to induced dipole-moments. So one may 
well question whether formula (1) can be applied to the polar media 
with which we are concerned. 

THE ONSAGER FIELD 

A completely different expression for the local field has recently 
been proposed by Onsager.^® The difference between the Lorentz 
and Onsager models will be apparent from examination of figube! 1. 
In both of them the given molecule is regarded as at the center of a 
spherical cavity. In the calculation of Lorentz, the lines of force 

U Smjrlih, C. P. Chem. Bev. 19: 329. 198S. 

u Onsazer, L. Jonr. Am. Ohem. Soc. 68: 1486. 1986. During tb« printing of tb« 
present paper an extension of Onsager's theory which applies particularly well to water 
has been devdoped by Kirkwood, J. G. Jour. Chem. Phys. 7:911. 1939. 
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are regarded as undeflectcd by tlie cavity. That is to say, one con¬ 
geals the lines of force, and then hollows out the cavity, the argument 
being that, after all, the molecules arc really present instead of being 
missing. On the other hand, in the Onsager model, the lines of force 
have cognizance of the existence of tire cavity, and are bent by it. 
However, the “back-action” of the given molecule, which tends to 
polarize the surrounding medium, etc., cannot be overlooked, and 
gives rise to what is called the “reaction field” by Onsager, and is 
indicated by the dotted lines in piguee 1 . The total field is, of 
course, tlie combination of the original field in the absence of the 
molecule, and of the reaction field, in other words, the sum of the 
solid and dotted lines in the part of pigube 1 illustrating Onsager’s 
model. It is this sura which should be compared with the solid lines 
in the Lorentz model, which does not attempt to resolve the two parts. 
Lorentz’s calculation covers correctly the special case tliat the 
molecular moment is parallel to the applied field E, for his induced 
dipoles are in this connection typical of any moment aligned along E. 
Hence when the elementary dipole is parallel to the applied field, 
the two tjrpes of lines of force in the Onsager picture must compound 
to give straight lines and agreement with Lorentz. Unfortunately, 
this condition is satisfied only if the volume of the Onsager cavity 
is taken equal to the molecular volume 1/iV^, where N is the number 
of molecules/cc. It must be regarded as an element of weakness in 
the Onsager theory that agreement with the correct Lorentz result 
for the contribution of the induced polarization, or for the special case 
of parallelism for the permanent moment, is secured only for tliis 
particular size for tlie cavity, which we assume henceforth. In the 
calculation of Lorentz, on the contrary, the radius of the cavity is 
arbitrary, and is usually considered so large as to embrace a large 
number of molecules. In other words, in the Onsager model, the 
cavity has to be identified physically with the size of the molecules, 
whereas with Lorentz it was a mathematical fiction w'hich could be 
arbitrarily chosen. 

Clearly in the Onsager mechanism, the reaction field is always 
parallel to the elementary dipole, and can have no effect on orienting 
it. Thus for the effective field for determining the spatial distribution 
of dipoles in the partition function, we should take only the “direct 
field,” represented by the solid lines in the picture of his model. On 
the other hand, the total field is employed in the usual calculation 
with the Lorentz model. It is here, according to Onsager, that an 
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error has been committed in the application of tiic Lorentz local field 
to polar molecules, for this field represents essentially the sum of the 
direct field, and tlie mean value of the reaction field. So the Lorentz 
model yields too large an effective orienting field, because it tlius in¬ 
cludes a part of the reaction field which would correspond to tlie 
molecule lifting itself up, or rather orienting itself, by its own boot¬ 
straps. 

If one neglects the induced polarization, the Onsager model gives 
tlie following formula for the dielectric constant: 


13 3/ 2 

s=--|--4'+-{lH-'!' + ) "with (p 

4 4 4 \ 3 /> 


4xiV(jL^ 

ZhT 


(9) 


The appearance of the radical sign in (9) is, at first sight, rather 
surprising, since most dielectric formulas do not involve irrationalities. 
Eq. (9) can be derived by noting that according to Onsager, when 
there is no induced moment the polarization is 

P = (10) 

Here Ean is the field at the center of a spherical cavity in a medium 
of dielectric constant « subject to an applied field E, i. e. subject to 
the boundary condition that tlie field at a very large distance from the 
cavity is E. This problem of finding Ecm, i. e. of determining the solid 



Lorentz Onsager 

Figube I. 

lines of force in the right half of figuee 1, is solved in elementary 
books on electrostatics, and gives 

Usually in the literature the case is considered that the medium and 
sphere have dielectric constants unity and e respectively, rather than 
the converse as we require it, but one readily passes from one case to 
the other by the substitution e-» 1/e. One obtains the result (9) on 
combining (10) and (11) and remembering that e — 1 = 4nrP/E. 
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When one includes also the induced polarization, the formula yielded 
hy the Onsager model is more complicated. Onsager shows^® that 
it can be written in tihe form 


e — 1 4x / Nu? 
——-—{Na + — 
e + 2 3 \ ZkT 


with 


/ = 


•) = (/ - 1 ) 

3s(n2 + 2) 

(26 + n^) (s + 2)* 


9kT 


( 12 ) 


Here n is what Onsager calls the ‘‘internal index of refraction” and is 
connected with the cavity radius a and the constant a of induced 
polarizability, according to the relation l)/(n2+2) ==a/a^ 

As previously explained, Onsager’s formulas reduce properly to 
Lorentz’s in the limiting case of parallelism or of purely induced 
polarization only if the volume of the cavity equals the atomic volume, 
so that 4:iraV3 = 1/N. Then n is identical with the ordinary optical 
refractive index for infinite wave length, and one has the usual rela¬ 
tion 

(n^ - l)/(n2 + 2) = 4xiVa/3. (13) 


With the Onsager model, there is no 4flr/3 catastrophe, even with 
free rotation, for the expression (9) or (12) for the dielectric constant 
never becomes infinite except at the absolute zero. Instead, isotropic 
media should never be ferro-electric, in accord with experiment. 

Not only does the Onsager model avert a 47 r /3 catastrophe, but 
also it describes the experimental results semi-quantitatively. On¬ 
sager shows that if the internal or effective index of refraction n in 
(12) be given a suitable value, not necessarily, however, in accord 
with (13), then his expression is substantially the same as W 3 rman^s 
empirical formula (6). Quite recently Bottcher has analyzed a large 
amount of experimental data in the light of the Onsager formulas, 
using the correct value (13) of n. Table 2 shows the dipole moments 
thus calculated by Bottcher for a number of molecules from measure¬ 
ments on pure liquids, while table 3 shows the dipole moments which 
Bottcher^^ obtains by applying the Onsager relations to ethyl bromide 
at various temperatures. If the Onsager model were quantitatively 
accurate, then the dipole moments obtained from the pure liquid in 
TABLE 2 should be the same as the values obtained from measurements 


» According to a recent publication of Zaknewski, K., & Flekara, A. Nature 144: 
250. 1939. Bq. (12) is not a correct consequence of Onsager’s byi>othesi8» but we are 
unable to agree wltb their contention. 

17 BiSttcher, C. J. F. Physlca 6: 59. 1939. 
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Dipole Moments h in Debye Units 10”^* B.s.tT., Calculated from Onsaqer's Formula 
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Table 3 

Dipole MoimsNTS fob Ethtl Bbomide at VABiotru Tempebatobes Calculated 
FBOM OnSAOFB’s FoBMULA 


T -90“ -50 -30 0 +30 38.4 (b.p.) 

/iX10“ eale 1.80 1 83 1 85 1.89 1.91 1.95 


on vapors or dilute solutions which are included for purposes of com¬ 
parison and which are presumably correct because our mooted ques¬ 
tion of dipole-dipole interaction does not enter at low densities. Also 
in TABLE 3 the moments should be independent of temperature. It 
is seen that tliese various tests are not rigorously fulfilled, but all in 
all, in view of the well-known difliculties attendant to developing a 
dielectric theory for high concentrations, the situation must be re¬ 
garded as reasonably satisfactory. It must be mentioned, however, 
tliat Bottcher’s metliod of testing the Onsager tlieory is the most 
optimistic fashion of procedure. Due to the different ways the con¬ 
stants appear, the percentages of error are greater when the polariza¬ 
tion is computed with /i regarded as known, rather than with the 
reverse scheme used by Bottcher. Even with the latter, the results 
are rather sensitive to the value employed for n or a. Thus in the 
case of ethyl bromide (C 2 H 5 Br) Smyth computes® from Onsager’s 
formula values of the molar polarization P®* defined in (8) which 
are from 25 to 50 percent larger than the experimental values, and 
concludes that the agreement is “unsatisfactory” in contrast to the 
apparently reasonably good accord between the calculated and ob¬ 
served dipole moments for this substance reported by Bottcher (c/. 
TABLE 2). 

When the Onsager field is employed, the difficulty of excessive 
saturation curvature disappears. If we write «= eo — o jB® there is, 
to be sure, no longer the quantitative agreement between the cal¬ 
culated and observed values of the ratio a/eo which Debye computed 
with his model of hindered rotation. Instead, the calculated value 
of a/«o is too small by a factor of the order 10“®, in marked contrast 
to the enormous value which the Lorentz hypothesis (1) would yield 
witli free rotation. The absence of quantitative agreement with the 
Onsager model is not disconcerting, and the exact accord on saturation 
curvature furnished by Debye’s calculation with hindered rotation 
was probably fortuitous, for any explicit model is an idealized over¬ 
simplification. It is gratifying that the computed values of a/«o 
should prove too small with the Onsager hypothesis, for the latter 
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probably over-accentuates the departures from fixe Lorentz mechan¬ 
ism (1), and, as we shall see later, the truth probably lies somewhere 
between the results of Onsager and Lorentz. Thus it appears that 
study of saturation effects can no longer be regarded as furnishing 
evidence in favor of the hypothesis of hindered rotation. One can 
also show^® that the Onsager model with free rotation yields fully 
as satisfactory results on the Kerr effect and on dispersion at radio 
wave-lengths as does the Debye-Fowler mechanism based on hindered 
rotation, though these phenomena have sometimes been quoted as 
evidence in favor of the latter hypothesis.^® 


EXACT CALCULATION OF THE POLARIZATION 
AS A SERIES 

In view of the above, the Onsager model appears quite as capable 
of describing the experimental data on dielectric constants as does 
the Debye-Fowler hindered rotation. If the empirical results conse¬ 
quently do not decide between the two mechanisms, one next asks 
whether an exact theoretical calculation cannot be made which will 
decide between the two. Both the Lorentz and Onsager schemes are 
somewhat phenomenological, and one wonders whether the interac¬ 
tions between the elementary dipoles cannot be treated rigorously 
rather than by means of a model. In principle this can be done 
The problem consists in calculating the partition function 

Z = Sxe-w'x/ir, 


whare the W\ are the characteristic values of the Hamiltonian function 




-r 

>>•><;» L 


Vi ■ Vi- 


3(v< • ^id ivi • 






(14) 


Here the («. is the vector moment of atom i, and the sum is over all 
the atoms in unit volume. The applied field E is supposed directed 
along the z axis. The first and second terms of (14) represent re¬ 
spectively the energy due to the applied field, and the coupling 
between the dipoles. Once the partition function has been calculated, 
the polarization F can be found by a simple differentiation, viz,, 

P = kTd log ZfdE. 


Unfortunately tiie determination of the characteristic values W\ con¬ 
stitutes a problem of insoluble complexity, since they are of the order 


» Cdle^ lEL. Jour. Oliem. Pliys. 6: 885. 1938. 

» Debye» P., & Baaom, W. Ana. Physik. 28:28. 1937. 
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10 ®^ in number, owing to the fact that our dynamical system is com¬ 
posed of N molecules. The best that can be done is to expand the 
partition function in a series of descending powers of kT. Then (14) 
becomes 

r H W W H* 

^ ~ 6A!®T» 2^T* 

where ij, the number of states, is a constant independent of E or T, and 
the bar denotes the quantum-mechanical average. In writing (15) 
we have made use of the invariance of the diagonal sum, which enables 
one to express the sum over the various states in terms of an average 
value which is invariant of the system of quantization and which can 
be calculated without the necessity of finding the individual charac¬ 
teristic values W. It is for the latter reason that the series method 
can be employed. However, the labor of calculation increases greatly 
with the munber of terms included. We have succeeded*® in mak¬ 
ing the computation to H* inclusive. This corresponds to only the 
second power of the dipole-dipole interaction, as Z must be known to 
S* to obtain the part of the polarization linear in the field strength, 
and so two of the foxnr powers in H* must be apportioned to the fijrst 
rather than the second (dipole-dipole) term in (14). The resulting 
formula for the polarization proves to be*® 



where 


P = iEl4:%)^ii/+^^-iQxl327?W-,.. , (16) 


<1. = 4:%Nv?lSkT, Q = x = l + [3/8(J* + J)], (17) 


J being the inner quantum number. The departures of x from unity 
represent a purely quantum-mechanical effect, without particular 
bearing on the relative correctness of the Lorentz and Onsager models, 
so we shall henceforth use the value x = 1 appropriate to classical 
theory, which corresponds to the limit J = oo. For purposes of com¬ 
parison, we may develop the formulas (3) and (9) furnished by the 
Lorentz and Onsager theories as power series in ^ = ZT^/T. One thus 
obtains 


(Lorentz) P 
(Onsager) P 


(P/4ic) ^<1* + - tl>® + - "t’ + 


9 


(P/4x) ^ ^ + 



(18) 

( 19 ) 


» Van Vleok, J* H. Jour, Chem. Phys. 6: 320 . 1937 . 
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Since both Onsager and Lorentz envisage a dielectric as a continuum, 
one is tempted to replace the sum by an integral vrhose lower limit 
is iiie radius of the Onsager cavity having a volume equal to the mean 
atomic volume. One thus finds 

Q = 8xiyr-» = 8x/3aW = 2(4x/3).* (20) 

With the value (20) of Q, the tibird coefficient in (16) acquires a value 
exactly equal to that —1/9 found in the Onsager formula (19). One is 
consequently tempted to say that the Onsager model checks with the 
exact formula (16) through one more term than in the case of the 
Lorentz model. However, the use of the value (20) of Q appropriate 
to a continuum is not really allowable. When, instead, one evaluates 
Q for a face-centered lattice, which is fairly typical of a discrete 
atomic arrangement, and which is the actual lattice for the solid 
halogen halides, one finds Q = 14.4. The third coefficient in (16) 
then becomes —1/22, about half way between the Lorentz and Onsager 
values -4- 1/9, —1/9, though somewhat closer to the latter than to 
the former. So all that the exact calculation shows is that the truth 
is somewhere between the Lorentz and Onsager models, as one would 
have suspected anyway. In fact, existing theory does not appear 
adequate even to say whether or not dipole-dipole coupling should ever 
make an isotropic medium have a Curie point and exhibit a state of 
saturation analogous to ferromagnetism. A complete rather than 
series calculation would be required to answer this point. 

BEARING OF EXPERIMENTS ON MAGNETIC BODIES 

Perhaps the reader may say that although the e:!q)erimental results 
on dielectric constants, and also the theoretical calculations, are in¬ 
conclusive as to the existence of a Curie point, the question is settled 
by the occurrence of isotropic ferromagnetic substances in the related 
field of magnetism. However, here the ferromagnetic saturation is 
due to exchange rather than dipole-dipole coupling. The exchange 
potential has a different structure — • jiuy than the dipolar one, 

given by the second member of (14), and can be shown theoretically 
to be much more likely than the latter to give a state of spontaneous 
magnetization. The exchange integrals vary esponentially with dis¬ 
tance, rather than as the inverse cube, and so the influence of exchange 
coupling can be eliminated by using materials of high magnetic dilu¬ 
tion. If under these circumstances there is a Curie point, it should 
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be due to dipolar rather than exchange coupling. However, the re¬ 
sulting magnetic Curie points, T# calculated from Eq. (5), if they 
then exist at all, should be only of the order .01® K. This is to be 
compared with 10® degrees in the electrical case—the difference is due 
to the great diversity in the magnitude of electrical and magnetic units. 

Until recently, Curie temperatures of the order .01° K such as are 
to be expected in paramagnetic bodies from dipolar in distinction from 
exchange coupling would have been regarded as far too low to be 
capable of experimental investigation. With the new method of 
producing very low temperatures by means of adiabatic demagnetiza¬ 
tion, however, this is no longer the case. Simon, Kurti and collabora¬ 
tors®^ indeed find that in iron ammonium alum, a material probably 
sufficiently dilute that exchange effects may be neglected, a sort of 
ferromagnetism appears in the neighborhood of .034° K. There they 
find remanence and hysteresis, though the latter is very feeble, i. e. 
with a small area under the loop. At first sight this discovery seems 
to indicate that dipole-dipole coupling does lead to a state of ferro¬ 
magnetism, and that Lorentz is more nearly right than Onsager. 
Nevertheless, this is not really the case. According to the Lorentz 
theory, ferromagnetism due to dipolar forces should exist only for 
specimens which are elongated in the direction of the lines of force. 
For test bodies which are not extremely prolate, there are demagnetiz¬ 
ing corrections which depend on the shape of the test body and express 
the fact that in the presence of the specimen the field H is not the same 
as that Ho which exists in its absence and which is measured experi¬ 
mentally. (The electric analog of demagnetizing conditions does not 
arise in practice, as one measures directly the drop of potential across 
condenser plates, and so determines the field actually present inside 
the body; consequently a 4ar/3 catastrophe, if existent, should occur 
in dielectrics of all shapes.) According to a simple calculation, for 
a spherical body the demagnetizing and Lorentz dipolar corrections 
just cancel, so that the effective local field is not Ho-\-4tM/3 but 
rather Ho. Hence in the magnetic case, a 4)r/3 catastrophe and a 
state of spontaneous magnetism should never be found with a spherical 
body. However, Simon finds his remanence and hysteresis even when 
a sphere is employed.®*® The hysteresis is, to be sure, even feebler 

«K.iirfi,K.,IdusS,P.,Bdlin,B.V.,icSiinott,!'. Oompt. Rend. 202:1576. 1936; 204: 
675. 754. 1937. 

»• In ftirtber nnpnUished work. Adunead, on the othw hand, finds that the saturation 
anozoalles disappear if the ratio of major and minor axes is less tha n 1.8 : 1.0. Sauer 
finds that the critic^ ratio given by the Lorentz fi^d is 6 : 1. Sauer, J. A. Phys. Bev. 
57: 142. 1940. 
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than for an elongated specimen, but occurs at approximately the 
temperature. Because of this anomalous fact, the ferromagnetic con¬ 
dition found by Simon and collaborators must be of a somewhat 
pathological variety, perhaps in some way coimected with the absence 
of complete equilibrium at very low temperature. So it cannot be 
regarded as a confirmation of the use of the Lorentz local field, or as 
throwing any light on our mooted question of whether dipolar forces 
lead to a ferromagnetic or ferro-electric state. Temperley and Sauer®i*> 
suggest that some of the anomalies at low temperatures may be due 
to antiferromagnetism rather than ferromagnetism, i. e., to an ordered 
state in which the dipoles are aligned antiparallel rather than parallel. 


INTERPOLATION BETWEEN THE FORMULAS OF 
LORENTZ AND ONSAGER 

Since all the foregoing considerations seems to indicate that the 
truth lies somewhere between the results of Lorentz and Onsager, it 
is natural to try to use an interpolation formula which is somewhere 
in between the two. The Clausius-Mossotti expression (3), based on 
the Lorentz field, can be obtained from Eq. U2) furnished by the 
Onsager model by replacing the right hand member of (12) by zero. 
Hence one possible interpolation scheme consists in multipl3ring the 
right side of (12) by a correction factor q which is intermediate be¬ 
tween zero and unity, so that (12) becomes 


M s-1 

p 8 + 2 


4xL / 


+ 


3kT 


■) =?(/-!) 


dwip.* 

9kT ■ 


( 21 ) 


R. Cole^® has shown that with certain well-warranted approxima¬ 
tions, (21) reduces substantially to the empirical expression (7) of 
van Arkel and Snoek which represents experimental data so well. 
The same conclusion, that interpolation between Lorentz and Onsager 
yields the formula of van Arkel and Snoek, was also obtained simul¬ 
taneously and independently by BSttcher.®® BHs way of deriving 
this result is particularly simple, and is as follows. We have seen 
that the gist of Onsager’s observations is that the Lorentz expression 
for the local field is in error because it includes the mean value of the 
reaction field, i. e. the average of the projection of the latter in the 
direction of the applied field E. This average is clearly proportional 
to the dipole moment ju and to the mean value of the cosine of the 


Sib Tempeiley, H. N. V. Proc. Cambridge Pbil. Soc. S6: 79. 1940. Saner, J. A., & 
Temperley, H. N. V. Proc. Boy. Soc. 176: 208. 1940. 

S3 BOttdher, C. J. F. Physica 6:685. 1938. 
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angle <p between the molecular moment fi and the field E. It can 
also be shown®* to be proportional to the niunber N of molecules/cc. 
Consequently, according to Bottcher, the local field which should 
be used is 

Bitcai = S + (4x/3)P — R'\jJf cos <f, (22) 

where E' is a constant, which need not necessarily (i. e. with the inter¬ 
polation hjrpothesis) have as high a value as that corresponding to the 
Onsager model. According to a well-known formula of Langevin, 
one has 

cos 9 = {\Ll3kT)Eu>cai, (23) 

provided the effective field acting upon the dipole is independent of 
the latter’s orientation, as Bottcher tacitly assumes. Combining (22) 
and (23), we see that 

_ p. / 4ic \ 

cos 9 =- [E A - P |. 

ZkT + R'Nv?\ 3 / 

The full Lorentz field is considered to act upon the induced polariza¬ 
tion. Thus the basic equations differ from those of the conventional 
theory based upon the Lorentz hypothesis only in that kT is replaced 
by kT -f- %R'NiJ? and so the Clausius-Mossotti formula (3) now is 
modified to become 

JIf g — 1 4icL r p.® 

p g -I- 2 L 3fcT +EWp,® 

Eq. (24) is obviously of the same structure as the formula of 
van Arkel and Snoek given in Eq. (7). The values of R' or of C 
corresponding to Onsager’s hjrpothesis can be shown to be 

(26) 

3 3 2g-t-n® 3 

Usually the empirical value of C is somewhat lower than that given 
by (25). This will be the case if the truth is somewhere between 
Lorentz and Onsager. Sometimes, however, even the Onsager model 
gives insuflScient reduction in the dielectric constant, and it is neces¬ 
sary to use a value of C larger than (25). An example is furnished 
by ethyl bromide, where (25) yields C = 1.32 and 1.06 at — 90“ and 
30“ respectively, whereas Smy&’s® experimental values are 1.49,1.32. 
The corresponding values of the factor q in (21) are 1.05,1.09. 

sspor further discussfon of this point, which leads back essentially to the Onsager 
model, see B5ttcher.s> 
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THE LAW OF CXIRRESPONDING STATES 

We have seen that the problem of dipole-dipole interaction, even 
with free rotation, is one which cannot be solved rigorously. How¬ 
ever, even without detailed calculation, there is one very simple 
result, which follows essentially from dimensional considerations. 
Namely, if we use “reduced units,” i. e. express the polarization in 
terms of its ratio relative to the saturation value Nfi, and the tempera¬ 
ture in terms of a scale in which the imit is the critical temperature 
Te=4^Nii?/9 (cf. Eq. 5) given by the Lorentz h 3 rpothesis (or of any 
other scale proportional to /t®), then for any given type of lattice, 
such as face-centered, body-centered, etc., the curve representing the 



Figure 2. The parameter q of Eq. (21) plotted against the reduced temperature TfTe 
for the alcohols and water at diflerent temperatures. 

polarization as a function of temperature should be the same for all 
materials. In other words, the fimctional relation between P/N'p. 
and T/Te should be a universal one. There should thus be a law of 
corresponding states analogous, for instance, to the well-known ex¬ 
amples encountered in connection with van der Waals equation, and 
especially in the Weiss theory of ferromagnetism. (In the latter, 
the Curie point used in the temperature scale is the real empirical 
one, whereas ours is a purely hallucinary one characteristic of the 
non-existent 4ar/3 catastrophe, but this fact has no bearii^ on the 
universal functional form.) Another way of expressing the law of 
corresponding states, used by Cole, is that the interpolation parameter 
q appearing in (21) should be a universal function of T/Te> In this 
connection g is to be r^arded as a purely empirical quantity which is 
so determined as to make (21) satisfied, and whidi is thus simply a 
device for recording dielectric measurements. Futohe 2, taken from 
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a paper by Cole,“ shows that the law of corresponding states holds 
quite well for a series of alcohols, and that q does in general have 
values intermediate between those zero and unity characteristic of the 
Onsager and Lorentz theories. Since empirically q is approximately 
equal to unity at low temperatures, and is very small at high tempera¬ 
tures, it would appear that the Onsager and Lorentz schemes were 
idealized limits corresponding respectively to very low and very high 
reduced temperatures, but as yet no theoretical basis has been pro¬ 
posed why this should be so. Furthermore, there are many exceptions 
to the law of correspondiug states. Figubb 3 shows the results of a 
large number of substances at room temperatures, for which data are 



Fioube 3. The parameter q of Bq. (21), as computed from Wyman’s data at room 
temperatures, plotted against T/Te. 


given in Wyman’s paper.® The poinis by no means fall on the 
same curve, though tending to decrease with increasing temperature, 
and to lie between zero and unity. Occasionally, however, q is greater 
than unity, as in the example of ethyl bromide quoted above. Some 
of the experimental data may not be very accurate, and further 
measurements on dielectric constants, and hence on q, at a variety of 
temperatures are greatly to be desired. In any event, it can hardly 
be expected that the law of corresponding states will apply to all 
materials. Not merely may the lattices not be the same, as well as 
more or less non-existent for liquids, but also the law will not apply 
if there are short range forces present between molecules in addition 
to those derived from a potential of ideal dipolar structure. Un¬ 
doubtedly such forces are present due to a variety of causes—finite 
lei^th of dipole, h^er order dipoles, interpenetration, exchai^, etc.— 
and the only question is how important they are in determining 
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dipolar orientation. The hypothesis of hindered rotation presents a 
particular, rather extreme form of such short range forces. The fact 
that the lavr of corresponding states holds as well as it does perhaps 
suggests that most of the departures from the Clausius-Mossotti 
formula are due simply to the fact that the latter is not a rigorous 
expression for the results of ordinary dipole-dipole coupling. 

SUMMARY 

Recently two distinct viewpoints, namely the Debye-Fowler 
hypothesis of hindered rotation, and the Onsager field, have been 
proposed which succeed in interpreting a number of phenomena con¬ 
nected with the dielectric constants of liquids and solids. All told, 
the Onsager theory appears fully as fruitful as does hindered rotation 
in explaining the various empirical facts, and furthermore, does not run 
into contradiction with the Pauling explanation of d^continuities 
in specific heats and dielectric constants in terms of a critical tempera¬ 
ture for the disappearance of free rotation. It is doubtful whether 
dipolar forces can ever lead to a ferro-electric condition in an isotropic 
medium. In our opinion, the Debye-Fowler hindered rotation has 
little relation to that of Pauling, and perhaps has reality only to the 
extent to which it can be regarded as tautological with an accurate 
representation of dipole-dipole interaction. It is probably because 
of this tautology that the Debye-Fowler theory has in some ways 
been quite successful. Thus the distinction between the Onse^er field 
with freely rotating molecules and the Lorentz field with superposed 
hindered rotation may not be as great as would first appear. 




THE LOCAL FIELD IN DIELECTRICS 

By John G. Kikewood 

From the Baker Ldboratory, Cornell UniversUy, lOiaca, New Ymk 

The interpretation of dielectric polarization from the standpoint of 
molecular theory demands a knowledge of the average local field 
acting in the interior of a molecule of a specimen of dielectric, subjected 
to the action of an external electric field. An approximation to the 
local field, which has been widely used, is the Lorentz field, 
E 4- 45rP/3. Although the Lorentz field is a fair approximation in 
non-polar substances, it is entirely inadequate in the case of polar 
substances, the molecules of which possess permanent electric dipole 
moments. Even in non-polar substances the Lorentz field is in need 
of correction, and has proved to be moderately successful only because 
the departure of the local field from the macroscopic field is rela¬ 
tively small. 

We shall first discuss the calculation of the local field in non-polar 
substances. The problem has been considered from slightly different 
points of view by Van Vleck ^ and by the writer.® If a slab-shaped 
specimen of dielectric, boimded by two infinite parallel planes, is 
subjected to an electric field normal to the plane boundaries, it may 
be shown that the local field has the form, 

F - E + 4®P - ATTij • Pi (1) 

1 r, .BizRis "1 
Ti2 =- 1 - 3- 

Pi2* L J 

where E is the macroscopic field, P the average polarization, and N 
the nxunber of molecules in the specimen. Tu is the tensor of dipole- 
dipole interaction between an arbitrary pair of molecules 1 and 2, and 
Pi is the indu ced elec tric moment of one member of the pair. The 
average value, Ti 2 *pi, is to be calculated by the methods of statistical 
mechanics as a mean value in a canonical ensemble. In classical sta¬ 
tistical mechanics, it becomes an average in the rotational and transla¬ 
tional configuration space of t he syste m of N molecules constituting 
the specimen of dielectric. If T^-pi is approximated by T^-pT, it 
is foimd to be equal to — SjtP/SAT in isotropic fluid dielectrics, and 
the local field of ]^. (1) reduces to the Lorente field, E -f- 4arP/3. The 

^ Van Vleck, J. H. Jonr. Chem. Pbys. 5: 556. 1937. 

* Kizkwood, J. G. Jour. Ohem. Phys. 4: 592. 1986. 

( 315 ) 
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deviation from the Lorentz field in non-polar fluid dielectrics is there¬ 
fore equal to iV^[Ti 2 'pi — Tm'Pi]- ■A. part of this term arises from 
fluctuations in the relative configuration of the molecular centers, in 
the course of thermal motion. If the molecules are non-spherical and 
optically anisotropic, fluctuations in orientational configuration also 
contribute Mathematical difSculties make it impracticable to cal¬ 
culate Ti 2 -^—Tia-pi in closed form. Calculation as power series 
in the density of the fluid is, nevertheless, possible. In this manner 
an expansion of the dielectric constant c of -^e fluid in a power series 
in the reciprocal of the molal volume v is obtained, which is analogous 
to the virial expansion of the equation of state of a gas. 


8-1 Po 


7 [ 


1 + (1 + Y + ff)— + 


l&\vj 


+ 




AxNa 


c — 


oti — a* 




Y = -r 
0 


( 2 ) 


where a is the mean polarizability of a molecule, and a and b are 
the constants of tiie Van der Waals equation of state. The influence 
of translational fluctuations on the local field is contained in y. The 
rotational fluctuation term <r is given only for the special case of a 
prolate ellipsoidal cavity of eccentricity e, from which an arbitrary 
molecule excludes the centers of its neighbors by the action of inter- 
molecular repulsive forces. The quantities az and ai are the lateral 
and longitudinal principal polarizabilities of the anisotropic molecules. 
The corresponding expansion of the Clausius-Mossotti formula, based 
on the Lorentz field is. 





(3) 


The sum, y + o’? is in general of the magnitude of 0.1. A comparison 
of Eqs. (2) and (3) shows that the Lorentz field leads to an error of 
about ten percent in the coefScient of 1/v*, and to an error of about 
1600% in the coefficient of 1/v^, Fortunately, the latter term is 
usually rather small even at liquid densities. It should be remarked 
that the theory has been developed on the assumption that the molecu¬ 
lar polarizability a is independent of the density of ihe fluid. This 


»See Bamaa* C. V., & Krtehnan, K. S. Proc. Roy. Soc. A 117; 589. 1927. 
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is not necessarily true, and dependence of a on the density noight 
introduce additional terms in the coefficients of the power series of 
Eq. (2). 

The deficiencies of the Lorentz approximation to the local field 
are most spectacularly exhibited in polar liquids. It leads to the 
prediction of eleclric Curie points in liquids at high temperatures, 
although such Curie points have never been observed. They can 
be avoided only by abandoning the Lorentz field or by assigning 
to the molecules of polar liquids dipole moments of unreasonable 
magnitude. Further evidence against the Lorentz field is provided 
by the work of Wyman on the dependence of the dielectric constant 
of polar mixtures on composition.* Attempts have been made to 
salvage the Lorentz field by Debye® and Fowler® by bringing into 
consideration hindered rotation of a molecule relative to its environ¬ 
ment in the liquid. While it is clear that hindered rotation must 
play a role in the dielectric polarization of polar liquids, it is certainly 
responsible for large departures from the Lorentz field. The hypothe¬ 
sis should therefore not be used to supplement the Lorentz field, with 
which it is really incompatible, but should be introduced for the pur¬ 
pose of correcting it. An entirely rigorous formulation of the problem, 
in which deviations from the Lorentz field due to hindered rotation 
are implicit, has been given by Van Vleck.'^ Unfortunately, the 
method of calculation which he proposes becomes prohibitively dif¬ 
ficult in condensed phases. The most successful calciilation of the 
local field in polar liquids is due to Onsager.® He treats the molecule 
as a real cavity in a statistical contiuiun of uniform dielectric con¬ 
stant equal to that of the liquid in bulk. On the basis of this model, 
the electrostatic theory of continuous media leads at once to a simple 
expression for the local field and average torque effective in orienting 
a dipole molecule relative to an external field. The Onsager theory 
fails to be entirely exact because of the assumption of a xmiform 
local dielectric constant identical with that of the fluid in bulk. 

It is possible to generalize the Onsager theory in a form which is 
entirely rigorous within the limits of applicability of classical statis¬ 
tical mechanics.® If optical contributions to the polarization are 
neglected, the theory leads to the following egression for the dielec¬ 
tric constant of a polar liquid, 

* WyxEan, J. Jour. Am. Oliem. Soc. 58:1482. 1036. 

»Debye, P. Physlkal. Zelt. 36:100. 1085. 

« Fowler, B. H. Proc. Boy. Soc. London. 148A: 1. 1035. 

^ Van Vleck, J. H. Jour. Ohem. Pbys. 5: 556. 1037. 

« Onsager, L. Jour. Am. Chein. Soc. 58:1486. 1036. 

• Kirlnmd, J. G. Jour. Cbem. Pbys. 7: Oil. 1089. 
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'where i*. is the molecular dipole moment and )*. is the total moment 
of a molecule and that which it induces in its surroundings 'within a 
sphere of radius ro, exterior to which the local dielectric constant is 
effectively equal to the macroscopic dielectric constant of the hquid. 
A distance r© of molecular dimensions, let us say a thousand molecular 
diameters, certainly exists, beyond which the error in approximating 
the local by the macroscopic dielectric constant Js neglible. If ro is 
assumed to be equal to the molecular diameter, {i. reduces to and 
the Onsager theory is obtained. The next stage of approxinaation 
consists in assuming ro to be the radius of the smallest sphere con¬ 
taining a molecule a^ its first shell of neighbors. In this approxima¬ 
tion the product becomes, 


= (i* [1 -h z cos y] 


( 6 ) 


where z is the average coordination number and cosy is the mean 
value of the cosine of the angle between the dipole moments of an 
arbitrary pair of neighboring molecules in the liquid. When the di¬ 
electric constant is large relative to unity, Eqs. (4) and (6) lead to the 
approximate expression, 


2%N (i* _ 


( 6 ) 


The role of hindered rotation in dielectric polarization is clearly 
exhibited by Eq. (6). Hindered relative rotation of neighboring 
molecules is responsible for a correlation be tween their orientations, 
which may lead to a non-vanishing value of cos y. The mean torque 
hindering the relative rotation of neighbors may be due, in part, to 
electrostatic dipole-dipole coupling and, in part, to other inter- 
molecular forces. The mean value of cosy may be computed from 
the potential of mean torque TTo, 


cos y 


-// 


cos y e Wo/fer dtat 


(7) 


where the integration extends over all orientations of both molecules 
of the pair. The calculation of Wo itself is a problem in statistical 
mechanics, which has not yet been satisfactorily treated due to purely 
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mathematical difficulties. Although Wo is almost certainly a more 
complic ated function of the molecular orientations, a formal calcula¬ 
tion of cos y may be made, if Wo is assumed to depend only on the 
angle y between a pair of axes fixed in the two molecules. We shall 
further suppose that Wo can be adequately approximated by a two- 
term Fourier series, 

— Wo = lOo + loi cos Y +- (8) 

• 

where Wo provides for the normalization of the distribution function, 
and 2wi is the average work necessary to turn a pair of neighboring 
molecules from an antiparallel to a parallel alignment of the axes 
of intermolecular force. Eqs. (7) and (8) lead to the result, 

cos Y = cos®^ L (wi/hT) (9) 

where L(x) is the Langevin function and p is the angle between the 
dipole moment and the axis of intermolecular force of a molecule. 
From the experimental value of the dielectric constant, the molecular 
dipole moment /» and the average coordination number z, it is pos¬ 
sible to calculate in a manner analogous to that of the Debye 
hindered rotation theory. Since the assumptions concerning the form 
of the torque potential Wo can have only a rou^ correspondence to 
the real situation, the results of such calculations cannot be tak^ too 
literally. Nevertheless, they should provide a qualitative measiue of 
the degree of hindered rotation of neighboring molecules relative to 
each other in polar liquids. 

In some liquids, for example water, hindrance is so strong that a mole¬ 
cule and its first shell of neighbors may be treated as a quasi-rigid struc¬ 
ture, and a detailed knowledge of the hindering torque is \mnecessary. 
If we assume a modified Bemal-Fowler^® structure for the liquid and 
a bond ai^le of 100° for the water molecule, the experimental value, 
78, of the dielectric constant of liquid water at 26° C is obtained from 
Eq. (6) with a dipole moment in the liquid 26% greater than that 
of a water molecule in the vapor. Homogeneous polarization of a 
molecule by the dipole field of its neighbors is sufficient to account 
for a 16% increase in moment. With a dipole moment 1.16 times 
that of a molecule in the vapor, a dielectric constant of 67 is obtained 
from Eq. (6). This is to be regarded as a rather satisfactory agree¬ 
ment with experiment, since tiie dielectric constant is very sensitive 
to the exact structure of a molecule and its first coordination shell, 
for which we have made some rather rough assumptions of the 
Bemal-Fowler type. 

» Bemal, J. D., & Fowler, B. H. Jour. Obem. Pbjs. 1; 515. 1933. 
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Althou^ the theory which has been described does not completely 
solve all problems relating to the dielectric polarization of polar 
liquids, it reduces them to a problem of somewhat lower order of 
complexity, namely the calculation of ja, the sum of the dipole moment 
of a molecule and the moment which it induces in its immediate en¬ 
vironment in the liquid. To carry out this calculation, we must as 
yet resort to approximate methods. 



THE DIELECTRIC ANOMALIES OF 
ROCHELLE SALT 

Bt Haits Muelleb 

From the George Eastman Research Laboratories, Massachusetts Institute of 
Technology, Cambridge, Massachusetts 

Until some ten years ago the theories of the dielectric and magnetic 
properties presented a curious dilemma. Langevin’s theory of para¬ 
magnetism, on one hand, could not account for the existence of ferro¬ 
magnetic substances while on the other hand the analogous theory 
for dielectrics, i. e. Debye’s theory of polar molecules in its original 
form, predicted that most polar liqidds should be “ferroeleclaric.” 
According to this theory these liquids (or small regions thereof) should 
become spontaneously polarized below a critical temperature and 
their dielectric properties should be analogous to the magnetic prop¬ 
erties of iron. Such ferroelectric liquids have never been found. 

The theoretical developments of recent years have been successful 
in removing to a large extent these contradictions between theory 
and observation. Wave mechanics has solved the puzzle of ferro¬ 
magnetism. As Professor Van Vleck has discussed in the introductory 
lecture, two modifications of Debye’s theory have been proposed. 
One theory assumes hindered rotation of the dipoles, the other re¬ 
places the Clausius-Mosotti hypothesis by Onsager’s interaction 
theory. Both theories are able to explain why liquids do not become 
ferroelectric. 

In contrast to this theoretical work the experimental physicists 
have succeeded in discovering substances with ferroelectric properties. 
Since they are found only in certain crystals, this discovery is not 
contrary to the recent theories. It can be shown that in an anisotropic 
arrangement of dipoles the conditions are more favorable for a 
spontaneous polarization to occur. On the other hand we are not 
justified in considering the discovery of ferroelectricity as a confirma¬ 
tion of any of the present theories. It is indeed doubtful whether the 
phenomenon is caused by the orientation of dipoles. 

THE FERROELECTRIC CRYSTALS 

Ferroelectricity has been found in two groups of crystals. The 
beet known representant of the first group is Rochelle salt (Seignette 
salt). It is the tetrahydrate of Potassium-Sodium-Tartrate. 

( 321 ) 
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K-(X Hv 

C - C -C - C +4 H2O 
O'^Oh/ \h No-Na 

The isomorphous Ta-Na and Rb-Na salts also are ferroelectric, but 
the NHi-Na-Tartrate, though it is also an isomorph, has normal 
dielectric properties. Rochelle salt has been studied extensively 
because large uniform crystals can easily be grown. The crystals 
belong to the ortho-rhombic hemiedric (sphenoidal) class, they are 
transparent, colorless and have a small biaxial birefringence. The 
elementary lattice cell of Rochelle salt has the dimensions^ o = 11.9 A, 
b = 14.3 A, c = 6.2 A and contains four molecules. The space group 
is 7g, but the lattice structure has not been determined. The ferro¬ 
electric properties occur only for electric fields in direction of the a 
axis, and only withm a limited temperature range between the 
“upper” Curie point at 23.7° C and the “lower” Curie point at — 18° C. 
For fields parallel to the 6 or c axes the dielectric properties are 
normal (e, = 12.5, ^ = 10.2 at 30° C). 

To the second ferroelectric group belong the crystals of Dihy¬ 
drogen-potassium-phosphate H2KPO4 and Arsenate H2KASO4. The 
isomorphous Ammonium salts H2NH4PO4 and H2NH4ASO4 probably 
also are ferroelectric, but the evidence is not complete. These crys¬ 
tals become ferroelectric at temperatures below —120° C. The exist¬ 
ence of a lower Curie point is doubtful. The spontaneous polariza¬ 
tion is in the direction of the tetragonal c axis. For fields parallel to 
the o or 6 axis the dielectric behavior is normal, but the dielectric 
constant changes at the Curie point. The lattice structure of H 2 KPO 4 
has been determined by West® and is shown in piqueb 1. The 
most interesting features of this structure are the hydrogen bonds 
between neighboring PO4 groups. The crystal contains no water 
molecules or other dipoles. If the atomic mechanism re^onsible 
for ferroelectricity is the same in both crystal groups (there is 
no evidence either for or against this assumption) it can therefore 
not involve rotatii^ dipoles. It seems more likely that the hydrogen 
bonds play an essential role in this mechanism. 

Both groups of crystals have the property of piezoelectricity. An 
electric field parallel to any of the crystallographic axes of Rochelle 
salt or to the c axis of H 2 KPO 4 produces a reversible deformation 
which in both crystals is a shearing strain in the plane normal to 


> Emiter, H. M., & Watren, B. E. Phyg. Rev. 4 S: 600. 1933 . 

> West, 3 . Zelt. EElst8]logia.phle. 74: SOS. 1930. 
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Fiottbh 1. Blementaiy cdl of crystal lattice of HtKFOt. 

the field. For fields in the ferroelectric direction the piezoelectric 
constant is very large, as much as a few himdred times larger than 
in, other crystals. Ilie symmetry of both crystalline groups excludes 
the occurrence of psrroelectric phenomena. 


fflSTORY AND THEORIES OF FERROEI^CTRICITy 

Cady® and Anderson* seem to have been the first to observe the 
anomalous dielectric behavior of Rochelle salt, but the credit for 
discovering its ferroelectric properties in 1921 goes to Valasek.® The 
second group of ferroelectric crystals was discovered in 1935 by 
Busch and Scherrer.® Valasek was the first to observe dielectric 
hysteresis and saturation and to recognize the analogy with the 
magnetic properties of ferromagnetic substances. There exists, how- 

* Cady, W. G. Rep. Nat. Res. Ooundl. 1918. 

* Anderson, J. A. Rep. Nat. Res. Council. 1918. 

* Valasek, J. Fhys. Rev. 17: 475. 1921; IB: 478 1922; 20; 689. 1922; 24: 560. 1924. 

«Bnseh, G., & Scherrer, P. Naturwiss. 28: 737. 1935. 
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ever, an earlier investigation of Pockels'^ which came very close to 
mulriTig the discovery in 1893. Pockels was studsring the relation 
between the piezoelectric, electro-optical and photoelastic constants 
of crystals. In the course of this work he found the large piezo¬ 
electric and the linear electro-optical effects in Rochelle salt. In 
addition Pockels detected a new electiro-optical effect which has not 
been observed in any other crystal. 

The linear electro-optical effect is common to all piezoelectric 
crystals. It manifests itself in a change of the birefringence propor¬ 
tional to the applied electric field. The symmetry properties of 
Rochelle salt require that this linear effect cannot influence the 
propagation of a light wave which passes in the direction of a crys¬ 
tallographic axis. Pockels found, however, that the field altered the 
birefringence even when the light beam was parallel to an axis. 
Since for these directions the change of double refraction could not 
be reversed by reversing the field Pockels called the new phenomenon 
a quadratic electro-optical effect. It is similar to the well known 
electro-optical Kerr effect in liquids, though it manifests itself in a 
somewhat different way. In liquids an electric field creates a bire¬ 
fringence proportional to the square of the field strength, in RocheUe 
salt it produces a change of the already existing natural double re¬ 
fraction. These changes are much larger (1000 to 100000 times) 
than those produced by the Kerr effect in liquids, but though they 
are not reversible they xisually are not proportional to K®. 

Pockels realized that the anomalous magnitude of the piezoelectric 
and of botii electro-optical effects might be the result of an abnormal 
dielectric behavior, but he decided against such a correlation be¬ 
cause, some years previous, Borel had measured the dielectric constants 
of Rochelle salt by a method employing very short Hertzian waves 
and had reported quite normal values of between 4 to 6 for all 
crystallographic directions. Instead Pockels suggested that the Kerr 
effect was due to some new kind of conduction process, and he pro¬ 
duced a series of curious facts which, seemingly, supported his point 
of view. We know now that, while his observations were perfectly 
correct, the interpretation was wrong. Pockels overlooked that the 
dielectric properties may be quite different for static fields, which 
were employed in his researches, from those for high frequency fields. 
It is most probable that, had Pockels realized this fact, the phenom¬ 
enon of ferroelectricity might have been discovered 30 years earlier 

’Pockeb, P. Abh. Ges. Wlss. Gottingen 39:161. 1893. 
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and it is interesting to speculate how this would have influenced 
the history of dielectric research. 

The significance of Valasek’s discovery was not realized for a num¬ 
ber of years. This was partly due to the fact that he encountered 
great difficulties in securing reproducible data and partly because he 
suggested no explanation of the phenomenon. Two causes were 
mainly responsible for a renewed interest in Rochelle salt during the 
last ten years. One cause is the development of technical application 
of this substance. Its large piezoelectric effect is utilized for the trans¬ 
formation of sound energy into electrical energy or vice versa in 
crystal microphones, loudspeaker units, phonograph pickups and 
recorders and in oscillographs. As a result of this development excel¬ 
lent crystals, cut in any desirable shape, have become commercially 
available to the investigators.^ The second impetus was given by 
the work of Kurtschatow^ and his collaborators. This group of 
Russian physicists proposed the first theory of ferroelectricity. They 
assume ihat the phenomenon is due to the orientation of the polar 
molecules of the water of crystallization in Rochelle salt. In a 
manner analogous to Weiss’ interpretation of ferromagnetism they 
ascribe ferroelectricity as due to a spontaneous orientation of these 
dipoles. This occurs at the upper Curie point where the energy of 
the Lorentz-Lorenz interaction between the dipoles becomes larger 
than the energy of the temperature motion. The disappearance of fer¬ 
roelectricity at the lower Curie point has been interpreted by Fowler^® 
as due to a gradual freezing in of the rotating dipoles. The assump¬ 
tion of freely rotating water molecules is supported by the fact that 
Rochelle salt is strongly effiorescent. At room temperatime the water 
molecules are therefore very loosely bound to the framework of the 
crystal. On the other hand this theory cannot explain why the 
dielectric properties in Rochelle salt are anomalous only for fields 
in the a direction and it neglects the important interaction between 
dielectric polarization and piezoelectric deformation. Most investi¬ 
gators^^ are now of the opinion that this theory needs further elabora¬ 
tion or a modified foundation. 

The oiigin of ferroelectricity must involve some kind of cooperative 
or autocatalytic phenomenon. A spontaneous polarization can be 
created if the polarization of one atom or the orientation of a dipole 

> Supplied by the Brush Devdopment Co., develand. Ohio 

• Eurtschatov, L T. Seiguette-Blectricity, in Busstan. Moscow. 1933. French Trans, 
entitled; Le Champ Mol^culair Dans Les Diglectriques. Faria. 1930. 

» Fowler, B. H. Proc. Boy. Soc. 149A: I. 1935. 

» Seherrer, P. Zeits. Elektrochem. 45:171. 1939. 
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influences the neighboring atom to become polarized in the same direc¬ 
tion. The Lorentz-Lorenz theory of the inner fleld, as used in Weiss’ 
theory, provides such a cooperative action. Cady“ has suggested 
another tsrpe of autocatalsriic process involving the piezoelectric prop¬ 
erties of the crystals. Due to secondary effects riie dielectric con¬ 
stant of piezoelectric crystal is larger when the crystal is permitted 
to deform freely than when the deformation is suppressed.^ If an 
electric field is acting on a “free” crystal its deformation creates an 
additional polarization which in turn further increases its deformation 
and so on, and it is easily seen how such an autocatal 3 rtic interaction 
eventually can create a spontaneous polarization in some crystals. 
The experimental evidence shows that this interaction between me¬ 
chanical deformation and electric polarization plays an important role 
in the behavior of Rochelle salt.^* If the piezoelectric deformations 
are suppressed in a crystal its ferroelectric properties are much less 
pronounced and the ferroelectric phenomena would most probably 
disappear if the deformations could be completely avoided. It is 
difficult to accomplish this because the crystals usually crack during 
the experiment. 

This fact pla 3 rs an important role in all technical applications of 
Rochelle salt. The crystals are always used in pairs in such a way 
that one caystal constrains the other. This procedure reduces some¬ 
what the sensitivity of the various crystal devices without reducing 
their efficiency (hysteresis losses are greatly reduced) but it has the 
important advantage of eliminating the strong temperature de¬ 
pendence of the ferroelectric properties of free crystals. 

It is probably not accidental that, so far, ferroelectricity has been 
found only in crystals which also are strongly piezoelectric. Future 
research will have to decide whether or not this factor is essential, 
and if so, whether the large piezoelectric constants arise as a result 
of the orientation of dipoles or of peculiar properties of the hydrogen 
bonds. 

Von Jaffe^® has discussed a somewhat different aspect of the ferro¬ 
electric problem. He has pointed out that at the transition tempera¬ 
tures the orthorhombic structure of Rochelle salt undergoes a poly¬ 
morphous transition and that in the ferroelectric state the crystals 
are monoclinic hemimorphous. This conclusion is undoubtedly cor- 

»Cadr, W. a. PbTs. Ber. 33: 278. 1929. See also Beferance 20. 

« Cady, W. O. Am. Phyedcs Teacher. 3:227. 1988. 

Sawyer, C. B., & Tower, C. H. Phys. Bot. 35:269. 1980. 

« Von raSe, H. Phya. Eer. 61:48. 1987. 
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rect. In the ferroelectric state the spontaneous polarization creates 
a spontaneous piezoelectric deformation which alters the symmetry- 
properties of the crystal. By the same argument we should consider 
ferromagnetic iron to be tetragonal and not cubic, because the unit 
ceil is deformed through magnetostriction. This point of -view in¬ 
volves the danger of confusing cause and effect, it seems to emphasize 
the deformation as a primary cause and the polarization as secondary 
effect, while the other theories prefer the opposite. The importance of 
von Jaffe’s contribution lies in the fact that it explains many ferro¬ 
electric phenomena (as e. g. the infinite dielectric constant and the 
change of specific heat at the Curie point, the pyroelectric and electro¬ 
caloric effects), on the basis of fundamental laws of crystal physics, 
without resorting to any special h 3 T)othesis. 

THE PHENOMENOLOGICAL THEORY 

Although we have no adequate atomic theory of ferroelectricity it 
is easy to formulate a simple phenomenological theory. The auto- 
catalytic nature of the phenomenon suggests ^e assumption of a func¬ 
tional relationship of the form P = 9 (P, P). For small fields E and 
small polarizations P this leads to the first approximation 

P = a(PH-/P) ( 1 ) 

where a and / are positive constants which may vary with the tempera¬ 
ture T. (1) is the most simple but not necessarily the correct rela¬ 
tionship. For H 2 KPO 4 Buscy® has proposed a first approximation 
of the form P = o(P-ff P-f f' F')=P' + F', because it may 
be argued that the polarization consists of various parts (atomic, 
lattice, polar) and they will play different roles in the cooperative 
action. From the simple law ( 1 ) it follows that the susceptibility *© 
for small fields is *0 = P/E = o/(l — af) , or if we substitute 
0 / = ®/T 

l=l(T-@) ( 2 ) 

Ko © 

This relation is analogous to the Curie-Weiss law for the paramagnetic 
susceptibility. Ferroelectricity sets in when the susceptibility be¬ 
comes infinitely large, i. e. when the temperature T reaches the “Curie- 
temperature ®.” Since Rochelle salt has two Curie points we must 
assume that the Curie temperature is not a constant, as in Weiss’ 
theory, but is a function ®(T) of the temperature. There must be 

uBoMbiO. HdT. Phys. Acta. Ufsec. 1938. 
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two solutions to the equation ®{T)=T which determines the Curie 
points To and T/. For H2KPO4, where the existence of a lower 
Curie point is very doubtful, 0 might be a constant. The second 
parameter / is generally assumed to be a constant. No reliable method 
has as yet been found to verify this assmnption for Rochelle salt, and 
the absolute value of / is not known. If one chooses an arbitrary 
constant / value the course of the ©(F) curve can be calculated with 
Equation (2) from the observed susceptibilities for small fields. The 



Fioubb 2. The Cxuie temperatore of Rochelle salt* calculated lh>m the susceptibility 
data for / « 2.19 and for / - 4/3 t (dotted curve). 

results of such a calculation, for / = 2.19 and / = 4s-/3, are shown 
in FiQUSB 2. From these curves it follows that if / were smaller 
than 2.19 the ®{T) curve would show a maximum. Since this is im¬ 
probable one infers that / cannot differ greatly from 4jr/3. This result 
agrees, of course, with the prediction of the Lorentz-Lorenz theory 
of the irmer field. Nevertheless it cannot be interpreted as a proof 
the dipole hypothesis, because Cady’s theory also leads to an / value 
of this order of magnitude.^^ 

17 Oady*s theory gives ico » ki + eifdu, where a is the susceptibility of the oonstraJned 
crystal. From P * «IS it follows P « « and hence by comparison with (1) 
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On the basis of Fowler’s theory ©(T) is proportional to the num¬ 
ber of effectively free dipoles. This quantity increases continuously 
with the temperature and may reach asymptotically a constant value 
near the melting point where all dipoles become free. The experi¬ 
mental results do not support the assumption, made by some writers, 
that the dipoles are suddenly frozen in at the lower Curie point. 
This temperature cannot be identified with a “Pauling temperature.” 
The process of “freezing in” occurs gradually, and even far below 
the ferroelectric temperature range a large number of dipoles must be 
free to account for the large dielectric constant at low temperatures. 

According to the ®{T) curves in figubb 2 the occurrence of ferro- 
electricity in Rochelle salt is somewhat accidental. It seems likely 
that the dielectric susceptibility of other crystals might furnish similar 
®(T) curves, but only a very few become ferroelectric because these 
curves usually have no intersect ® = T. In Rochelle salt the temper¬ 
ature range where ® > T is narrow and (® — T) is always small. If 
its ©(T) curve would be only slightly different Rochelle salt would not 
become ferroelectric. We can therefore expect that slight changes of 
the structure of this crystal will produce appreciable shifts of the 
Curie points and may eventually suppress &e occurrence of ferro- 
electricity. 

This expectation has been verified in a number of different ways. 
It has been found®* that hydrostatic pressure raises both Curie- 
points by several degrees. In Rochelle salt with heavy water^® the 
two Curie points are farther apart (34.5° and —24° C). In solid solu¬ 
tions of NHi-Na-Tartrate in Rochelle salt® the Curie points are closer 
together, they merge and disappear when more than 3% of the £ ions 
are replaced by NH 4 groups. For molar concentrations of NH 4 up 
to 20% these mixed crystals are not ferroelectric, but if still more K 
is replaced by NH* they show again a single Curie point below —70°. 
This point shifts rapidly to lower temperatures with increasing NH* 
concentration and the pure NHi-Na-Tartrate is again non-ferro- 
electric. 

Since the difference (® — T) is never more than about 10° the di¬ 
electric properties of Rochelle salt should not be compared with the 
magnetic properties of iron at room temperature, but rather with 

/ *■ ^or since io»«t / «• i ■■ ~ The dlelecMc constant n for a constrained 
xoia n. Cl — 1 

crystal is smaJl, but its exact value is not known. 

» Bankroft, t>. Phys. Rev. 58 : 587. 1938. 

u Holden, A. N., Kohxnaa, O. T., Mason, W. P., & Moxgan, S. O. Phys. Rev. 56:378. 
1939. Habltttael, J. Helv. Phys. Acta. 12: 278. 1939. 



330 


ANNALS NEW YORK ACADEMY OF SCIENCES 


those of ferromagnetic substances at temperatures near their respec' 
tive Curie points. For temperatures near the Curie points the polari¬ 
zation becomes extremely large and the first approximation (1) is no 
longer adequate. Since (@ — T) is limited to small values it seems 
appropriate to try a second approximation of the form 

P=^iE+JP)-^{E+fPy (3) 

This again is the most simple of all possible generalizations of Equa¬ 
tion (1). It introduces only one new parameter p, which is assumed 
to be independent of temperature. Equation (3) is based on the 
analogy with Weiss’ theory but its justification is largely empirical. 
(3) implies that the ferroelectric properties depend primarily on the 
inner field F = E + fP. In accordance with this postulate it is 
natural to assume that all other properties of ferroelectrica depend on 
F in the same manner as they depend on E in ordinary dielectrics. 
Thus we postulate for the piezoelectric deformation 

Vz == duF (4) 

and for the birefringence A of the Kerr effect 

A = pF* ( 5 ) 

In what follows we shall attempt to show that Equations (3), (4), 
and (5), together with the empirically determined fxmction ®{T), 
are sufficient to accoimt in a quantitative, or at least semi-quantita¬ 
tive manner, for all electrical, optical and caloric data on Rochelle salt. 

EXPERIMENTAL DIFFICULTIES 

Before discussing the e^erimental results we wish to call attention 
to some of the peculiar experimental difficulties which are encountered 
in the investigation of Rochelle salt. Most ferroelectric effects are 
large enough to be observed by very simple methods, but it is difficult 
to obtain reproducible and consistent data. Uniform crystals can 
easily be grown or bought and even poor samples can be improved 
by heating them to a few degrees below the melting point at 54° C. 
Efflorescence of the crystals can be prevented by controlling the hu¬ 
midity or by coating it with a dilute solution of balsam in xylene. 
The large temperature variation of all properties and the low heat 
conductivity of the material call for very careful temperature control. 
The electrical conductivity, though small, is a disturbing factor par¬ 
ticularly in measurements witii static fields. The largest errors arise 
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from the fact that it is practically impossible to keep the crystal free 
from any constraints. They can be minimized by using electrodes of 
graphite or thin foil and by suspending the crystal by flexible leads. 
The electrodes should cover the entire crystal surface because if the 
edges are not in the electric held the outer parts of the crystal prevent 
the deformation of the interior. The method of guard rings for di¬ 
electric measurements can therefore not be used and is also not neces¬ 
sary, because the dielectric constant e is so large that very few lines 
of force pass outside the crystal. Due to the large value of e it is 
necessary that the electrodes be in direct contact with the crystal. 
Even a very thin layer of air or glue between electrode and crystal 
reduces the potential drop in the crystal to a fraction of that across 
the electrodes. This fact also makes it impossible to observe the 
dielectric anomalies in a powder of Rochelle salt. 

In static measurements the results depend on the time during 
which the field has been acting. These “creep” phenomena are due 
either to electric conduction or it may be that processes with a large 
relaxation time are involved.®® Dsmamic a. c. methods usually give 
reproducible results if the frequency is sufficiently hi^ (over 100 
cyeles/sec). In experiments, where these methods cannot be used, 
as e. g. in the electro-optical investigations, the influence of the time 
factor can be reduced by repeating every reading a large number of 
times and by short circuiting the crystal for some minutes after every 
reading. Successive observations are made with the field reversed 
and the time of observation is reduced to a Tninimum 

THE DIELECTRIC PROPERTIES OF ROCHELLE SALT 

The dielectric measurements depend on the intensity of the electric 
field. Measurements in weak fields (less than 10 Volts/cm) are per¬ 
formed with the capacitance bridge or by the resonance method. 
They furnish kq. Excepting frequencies below 100 cycles/sec and 
regions where the frequency is near a mechanical resonance frequency 
of the crystal the variation of ko with frequency is small up to 60 
Megacycles. Pigubbs 3 and 4 give the dependence of I/kq on temper¬ 
ature. The ®(r) curve in figubb 2 for temperatures above the upper 
and below the lower Curie point have been calculated from these 
data. Within small temperature ranges the I/kq cmrve can be ap¬ 
proximated by a Curie-Weiss law 1/ko = (i — U) /c, as follows: 

Scholvas-Sorokixi, B. D., & F 0 SI 107 , M. V. Phys Bev 47: 166. 1935 
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imperature range 

Ci 

U^C 

50to Z2 

136 

25.3 

32 to 24 

178 

23 

-18 to -28 

-93.8 

-17.9 

-28 to -42 

-68.5 

-20.6 

-42 to -80 

-47.9 

-27.1 

-80 to -140 

-80.6 

16.6 


Below —160° C the dielectric constant is about 9 and is independent 
of temperature. Its largest value is reached at the two Curie points 
where values from 1400 to 10000 have been recorded. 



FiGtTBB 3. Taurladon of the reciprocal susceptibility and of the Kerr constant of 

BocheUe salt with temperatures above the upper Curie point. Inset: Yeiiflcation of H « 
9(f - tc) and of »« M(f - Uh 

The older measurements in strong electric fields use either the bal¬ 
listic galvanometer or the electrometer. Greater accuracy is obtained 
with the a. c. method of Sawyer and Towers in which the charge 
of the crystal condenser is recorded as function of the potential on 
the screen of a cathode ray oscillograph, A series of photographs 
of these P(E) curves are given in figure 5. This figure illustrates 
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the gradual metamorpliofeis of the dielectric properties as the tempera¬ 
ture is changed from the normal to the ferroelectric temperatui'e range. 
At the lower Curie point the transition occurs in exactly the same 
manner. Above 32° C and below —26° C the crystal is “para-electric/' 
?. c. the polarization is proportional to the applied field (up to 1500 
Volt cm). With closer aproach to the Curie points the initial slope 
of the P{E) curves increases rapidly, it becomes infinite at these 
points, and simultaneous!}" the curvature increases. At the Curie 
points the curves split to produce a hysteresis loop. Height and 
width of these loops increase very fast for temperatures near the 
Guide points, both are a maximum near 0°. For strong fields the 



Figure 4. Tlie reciprocal susceptibility of Rocbelle salt below the lower Curie point. 


polarization approaches satm'ation but it should be noted that even 
at 0° the “satmation curve” has a finite slope. Much higher fields 
would be requii'ed to effect complete saturation because at all tempera¬ 
tures I® — T) is small. 

A second method for dielectric investigations in strong fields has 
been developed by the writer.-^ By measmdng the capacity of the 
crystal condenser with a bridge while a constant D. C. voltage is 
applied across the electrodes one obtains the “reversible suscepti¬ 
bility” KE = dP dE, i. e. the slope of the P\E) curve for a series of 
field strengths E. A typical result is shown in figuee 6. The curve 
represents the derivative of a hysteresis loop. This second method 
has been used for a study of the dielectric properties in the transition 

=1 Mueller, H. Phys. Rev. 47: 175. 1935. Tliis work was done in collaboiation 

with Forbes, J. E. M.A. The^it. M. I. T. 1934; Phjs Re^. 46: 736. 1934. 
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range from 32° to 24°. The results in fkjure 7 show that for not 
too strong fields = ko( 1 — GE-}, Avhore G increases rapidly with 
decreasing temperature, but this equation fails for stronger fields 
when the temperature is near the Curie point. 

The most logical procedure for testing the phenomenological theory 
consists in comparing its consequences with the experimental results 
above the Curie point, whore the dielectric properties are less com¬ 
plicated and where the data are more accurate. This comparison 
will furnish information about the numerical values of the parameters 
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PiGX’RE 5. Polaiizaiion ctu’xes of IloclH*lle salt. Upper low for temperatures above tbe 
upper Curie poinc, lower row Hysteresis loops for ten’peratures between the Curie points. 

/, ®, and /S?. As a final test the theory should then be able to account 
for the behavior below the Curie point. 

From the fact that near the Curie point l/'/co= 178 one 

infers that in this temperature range one can approximate {T — ®) = 
y I f — ftd where yf = c = 1.67. For not too large fields E we may 
assume that the solution of Equation (3) is given by a power series 
P = SSmF". This method furnishes = /cod — GF-), in confirma¬ 
tion of the empirical relation. The theoiy requires that G^^s = 

git — fch and g= The temperature dependence of 

I 

G it. verified in figvhe 3 (inset) which gives g = 1.05. To e.vplain 
the I'esults for stronger fields it is convenient to introduce a new 
quantity X = ) (1 + /««) (1 + /k^) . Since kq and ke are 
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' s « /> 

FiGUBB 7. Yariatlon of the reyerslble susceptibility of BodieUe salt ^th fidd intensity 
for temperatures aboTe the upper Curie point. 
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Kigubb 8. Verification of the law » M(t — fc) + NX* whereby 
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Figubb 9. Theoretical i>olarization carves for Bochelle salt above the upper Cnile point. 
0 and X Indicate experimental values calculated from the photographs in Figubb 5. 
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large, X is for all practical purposes identical with X= (.ko —kb)/ 
KO The theory predicts then EX-^ = M{t — tc) +NX, Af = 
■y//!re(3j8)%, iV= 1/3/2 (3j8)%. The measurements verify also this 
relations (hgubes 8 and 3 inset) and give M = 13.5, N = 800. The 
theory can be checked also by using the data furnished by the cathode 
ray oscillograms. Figube 9 shows that the relation between charge 
and potential as computed from the photographs in FiGUBii 5 agrees 
with the theoretical curves. 

Althou^ these experiments furnish the values of 4 constants c, g, 
M, and N we caimot determine the 3 parameters, 6, /, because, in 



Figubb 10. TheoretlcaJ hysteresis curve. 

accordance with theory, they satisfy the relations ^ = M^/c and 

AT = I cM. The measurements furnish therefore only two quantities 

fy = 1.67 and pf* = l/9cMJ\r = 6.8 10-«. 

If the dipole theory is applicable and if one assumes that near the 
melting point (where c = 136) all dipoles can rotate freely we should 
have / = Te/c = 2.19, c = N/i^/Zk and = Nn*/4SikT)^. The num¬ 
ber of water molecules in 1 cc of Rochelle salt is AT = 1.62 lO®* and 
their moment (in the vapor) is fi = 1.85 10”^®. Hence on the basis 
of this theory c = 127, ;8 = 6 10~^^ Althou^ the observed value of 
/8 is considerably larger it does not appear impossible to reconcile the 
results witii this theory. 

For the ferroelectric temperature range tiie phenomenolo^cal 
theory predicts a hysteresis loop of the form shown in bigubs: 
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10. This diagram gives <p = F/F<, versus i=zE/Ee, where Eo-= 

~ I is the coercive force and 

Fe —fPo, where Po is the remanent polarization and should have the 
value Po® = (® — T)/f^T — yf{ta — t)/Tf*p. To calculate the curve 
for any particular temperature it is only necessary to adjust the scale 
factors according to llie above equations. If one assumes that the 



FzauBB 11. Bemaiiezit i)olaiizatio]i P«, coerdTe fozt^ Ee and didlectric constant for «mAiT 
fields of Rochelle salt In the ferrodectrlc temi>erature range. 

bridge measurements record the slopes of the P(E) loops at P = 0 

T 

the theory furnishes *0 = ^ — 1/f or approximately l/*o = 

2it, — t)/c, and the relation Po®i£o = l/2/*j8 = 8.6 10® should hold. 

The oteerved values®® of €0 = 1 + Po and are recorded 
in FI6XIBB 11. We note that the relation Po®ito = 8.6 10® is sur¬ 
prisingly well satisfied. Similarly the modified Curie-Weiss law 


M Prom measorements by Bradford, S. B.S. Thesis, M. I. T. 1984. The remanent 
polarization P« Is obtained from cathode ray oscillograms by extrapolating the saturation 
curve to Intersect with the P axis. (See tiqvss 5 .) 
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seeiiib to hold for temperatureb near the Curie point. Figure 3 
&ho'\\> indeed that the slope of the 1 /c(, curve ib twice as large below 
than above the Curie point. The couice of the and EAt) 

curves, iiarticularly their bteep gradient near both Curie points, albO 
correbpond- to the theoretical predictions. A closer inspection of 
the data i\vca\s, however, that quantitatively the agreement ib not 



Figure 12 H>steiei»is cui^es of stiained costals of Rochelle salt a fiee crjstal, b. 
pressure pre\eiits deforniation, c same AMtii larger piessuie d piessure acts during half 
c.Ncle, e san e duiing other 1 alf c.Ncle, d same with lartrer pie-dUie Ten peiature 0°, Max. 
field 2 k \ /cm 

satibfactoiy. In coinparibon with the theoretical values (F() = 310 
stat U., Ec 200 volt cm for t = 11 the measured values of 
Ec are about 10 times too small, those for Po are twice too small and 
#co is found too large. These discrepancies may in part be due to the 
inadequacy of Equation <31. The observed Po values indicate that 
at 0° the inner field F = /Po is at least million volt cm, and it is 
therefore doubtful whether higher powers of F can be neglected. On 
the other hand we should consider also the possibility that the data 
are inaccurate or that the interpretation of the data is inadequate. 
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Figube 13. Influence of circuit constanis on the hjsteresit loop oscilloKranis: a. Miriation 
of mea.'suring condenser, 1). \ariatlon of compemating resistor, c. same a's b., d. this loop is 
t^ans^e^sed in the “Tvrong” direction. 

It obvious that the theoretical curve (figure 10), \\’hich has an 
infinite slope, cannot be verified by experiments. The steepest slope 
of the observed hysteresis curves corresponds to a dielectric constant 
of between 30000 to 100000.-^ The form and shape of the curves 
depend somewhat on the dimensions of the crystal and the frequency 
of the field and they are very sensitive to small strains (figure 12). 
The conductivity of the crystal influences the width of the loops. It 
is imiiossible to correct properly for this error by introducing a 


David, R. HeU. PU>s Acta. 8: 431 1035. 
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compensating resistance into the measuring circuit, because the 
capacitance of the crystal condenser varies between large values 
(ratio 1 : 5000) during each cycle. By varying the circuit constants 
the loops can be deformed to very grotesque figures (figxjbb 13). 
It is therefore quite likely that the measured Eo values are not reliable. 
The measurements of Po and of kq are not affected by this difficulty. 
That they are fairly accurate is shown by the fact that the data of 
the various observers in America, Eussia and Switzerland differ by 
less than 20%. 

The difference between the theoretical and observed values of Po 
can probably be ascribed to a fundamental difference between the 
theoretical and esperimental concepts of polarization. The measure¬ 
ments record as polarization the induced surface charges on the 
electrodes. The theory, however, considers the volume polarization 
within the crystal. In normal dielectrics and in Rochelle salt above 
the Curie point these two concepts are identical. In the ferroelectric 
state, however, they may differ. This fact is well known in the field 
of ferromagnetism where every Weiss region is polarized, tliough tlie 
substance as a whole may not show any magnetization. Rochelle 
salt probably also has its Weiss regions, some are polarized in the 
-J- a and others in the —o direction and the measurements record 
only the algebraic sum of the polarizations of all regions. If one 
takes into account that there must be a strong interaction between 
neighboring regions the discrepancies between theory and observation 
are not altogether incomprehensible, although a further clarification 
is desirable. 


THE PYROELECTRIC EFFECT 

According to the dielectric data the polarization of Rochelle salt 
in tile ferroelectric temperature range does not vanish when the field 
is removed. The crystals should therefore show a ^ontaneous polar¬ 
ization equal to the remanent moment. To be sure, if both kinds of 
Weiss regions were present in equal numbers in all crystals, this 
polarization could not be observed. The facts indicate that tins is 
not the case in small cr 3 ^als, though it may occur in large samples 
with areas larger than 2X2 cm. Due to the spontaneous polariza¬ 
tion opposite faces normal to the a axis become oppositely electrically 
charged. Under normal condition these charges cannot be observed 
because compensating charges are carried along the surface. If, how¬ 
ever, the crystal is cooled rapidly &om 25“ to 0“ the polarization in¬ 
creases so fast that the small conductivity cannot produce charge 
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compensation and appreciable potential differences are created. 
Sparks of a few millimeter leng& can thus be produced between wires 
attached to the electrodes. If powders with two kinds of oppositely- 
charged and differently colored particles are sprayed on the crystal, 
the two faces normal to the a axis become differently colored. In 
the case of large crystals the colors frequently form a regular checker 
board on one surface. In small crystals the spontaneous polarization 
always has the same direction, even if the crystal is cooled in an op¬ 
posing electric held or if it is heated to near its melting point between 
successive tests. 

To measure this pyroelectric effect one measures the charges 
which are developed during a very slow and small temperature 
change. This is done either by counting how often they can charge 
a large measuring condenser to a small fixed potential (1/10 volt, 
Qaugain’s method) or by measuring the compensating charge re¬ 
quired to prevent the creation of a potential difference across the 
electrodes. The compensation method is more accurate and has 
lately been improved by using a vacuum tube, instead of an elec¬ 
trometer, for the potential control.®* 

Fiotibb 14 presents the results for two crystals and fig-dhes 27 and 
28 contain additional data obtained with another sample. Contrary 
to expectation, most small crystals ^ve the same results, -within 
an error limit of about 20%, and the pyroelectric moment is very 
nearly the same as ihe remanent polarization as measured from the 
hysteresis loop of much larger crystals. Near the upper Curie point 
the theoretical law Po® = — f) is satisfied (see hgubb 14 inset), 

but the observed value h = 2.3 10* (according to the latest data) is 
four times smaller than the theoretical value yf/Te^f*=:9MN=: 
9.7 10*. The difference can again be blamed on the oppositely 
polanzed Weiss regions, but it is difficult to imderstand, on this 
basis, why the results are so consistent. It is only in large crystals 
where the pyroelectric effect becomes very erratic, but tins can be 
due to the difficulty of uniform heating. 

The spontaneous polarization assumes tremendous values. Fields 
of the order of magnitude of several million volts/cm would be re¬ 
quired to create such large polarizations in ordinary solids. Accord¬ 
ing to the measurements of Busch** the crystals of the second ferro- 

** The principle of the method is due to Ackennasn, W. Atiw. d. Fhysik. 46: 197. 
1915. Measurements on Bochelle salt, using an Edelmann electrometer, were made in 
collaboration with Taxnopol, L. M.S. Thesis, M. I. T. 1984. The tube method, employing 
a Western Electric D-96475 electrometer tube, was dev^oped by tomderSj H. O. M.S. 
Thesis, M. 1. T. 1939. 
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FiotTBiB 14. Pyroelectric polarization of Bochdle salt. O measurements ^th electrom¬ 
eter, # 'With electrometer tube. 

electric group become between 60 to 100 times stronger polarized 
than Rochelle salt. 

THE PIEZOELECTRIC EFFECT 

Due to its importance for technical applications Idle piezoelectric 
effect of Rochelle salt has been the object of a large number of in¬ 
vestigations. They include the direct effect, where the polarization 
is measured as a function of applied strains or stresses, and the 
inverse effect, where the deformation of the crystal is studied as 
function of the electric field. The observation verify, in a general 
way, the assumption (4) that the strains are proportional to the 
inner field F = E-]-fP. Since in the investigated temperature 
range fP is always much larger than E, the strains for small fields 
will be proportional to the polarization, and we can write 
y* — dufP ~ ^iP — 814 IC 0 J&. 

where S 14 is the piezoelectric strain coefficient.®® Hence we expect 

^ According to its definition differs from the plezodectrlc constants of the classi c al 
theory. Becentiy Mason, W. F. Phys. Bev. 55:775. 1989 , has given a new verification of 
the proportionaility between P and Mason gives — Y* •* fnP, /u ■■ 7.8 10*. Hence, 
since —Y» * C 44 /«, where C 44 is an elastic constant, we should have Su » fn/ct*. Prom 
Mason's data we derive au » 62 10-< which Is of the same order of magnitude but 3 times 
larger than the value derived firom Norgorden’s data. 






24 22 


14 r 


20 Id 16 
Temperature 

Figubb 16. Verification of the Cuiie-Weiss laTV for the inTerse ixiezoeiectric effect in 
BocdieUe salt for temperatures above the Curie point, (acc. to NorgorcLen). 


that the temperature variation of y, is the same as that of the 
susceptibility ko. The measurements of Norgordetf* verify this 
conclusion. Figubb 15 gives ^r/r^Yzya as function of tempera¬ 
ture for various field strengths. The reciprocal r/Ar is expected 

h 

to satisfy a Curie-Weiss law r/Ar = — (t — t*) at temperatures 

E 

above the Curie point, and r/Ar = 2fc(fo —t)/F in a short range 

"KoiKOideii, O. Pliys. Bev. 820. 1936. 
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Figubb 17. Verification of the modified Corie-Weiss law for the inverse piezoelectric 
effect in Rochelle salt for temperatures below the upper Curie point, (acc. to Norgorden). 



Fiqtjbb 18. Hysteresis loop of the inverse piezoelectric effect In a mixed Rodielle salt 
cr yst al containing 0.37 per cent Na-Tl tartrate, (acc. to Bloom en th aD 
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below this point. Within the probable errors this is verified, as 
shown in figtibes 16 and 17. These data furnish Su = 22 10“®. 

In strong fields the yz{E) curves are similar to the P{E) curves. 
At temperatures between the Curie points the curves form hysteresis 
loops” (see bigubb 18). No sufficient data for a quantitative test 
of the theory are available. 

In the ferroelectric range the spontaneous polarization Po is ex¬ 
pected to create a spontaneous strain Si^Po. This spontaneous de¬ 
formation has not as yet been observed. It should manifest itself 
as a change of the angle between the crystallographic b and c axes 
and should amoimt to at least 30" at 0°. 

OTHER LINEAR EFFECTS 

It is to be ^ected that other effects, which in normal substances 
are proportional to the electric field, will in Rochelle salt show a 
behavior similar to the piezoelectric effect. A study of the linear 
electro-optical effect, which has not been investigated since Pockels’ 
discovery, would therefore be of great interest. Other linear effects, 
which are not directly related to the electric properties, as /. i. 
elasticity, photoelasticity and temperature expansion have no large 
anomalies in Rochelle salt, though Davies®® reported a sudden 
change of about 1% of the elastic constants occurring at the upper 
Curie point. It is probable that the constants of all these effects 
imdergo slight changes when the crystal is in an electric field or 
when it becomes spontaneously polarized at the Curie points, be¬ 
cause x-ray investigations have shown that a field alters somewhat 
the crystal structure. Staub®® and Nemet®® have observed a change 
of the intensity of certain x-ray diffraction spots when an electric 
field is applied, and Staub®® reports a similar change due to the 
spontaneous field (see figube 19). These intensity changes are 
reversed with a reversal of the field. They must be ascribed to dis¬ 
placements of atoms within the unit cell. 

An interesting verification of the pyroelectric effect in Rochelle 
salt is furnished by the linear electro-caloric effect. It is well known 
that in a spontaneously polarized medium the sudden application 
of an electric field AE produces an adiabatic temperature change AT 


irBkMmenihal, S. Physics 4: m. 1933. 
a DaTles, R. H. K&tore 120:332. 1927. 

a Stsob, H. Hdv. Phys. Acta. 7: 1934; Phys. Zelts. 84: 292. 1983. 
a Hemet. A. Helv. Phys. Acta. S: 1986. 

« Steiib, E. Phys. Zelt. 85; 720. 1984. 
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Figttbb 19. VariatiOD of the intensity of the (222) x-ray reflection in Rocheille salt with 
changes of temperature in the ferro^ectric range, (acc. to Staub). 



Figitbb] 20 . Adiabatic change of temi>eratare with application of an electric field, caused 
by the electro-caloric effect in Bochelle salt. (acc. to Kobeko and Kurtschatow). 


—j aEj where c is the heat capacity of 1 cc. The exist- 

ence of this effect in Eochelle salt has been established by Kobeko 
and Kurtschatow.®® In accordance with the observed P© (T) curve 
they find (fioube 20) that the effect is largest at the Curie points 
and reverses it sign near 0°, The order of magnitude of the tempera¬ 
ture changes (10“® “C for a field of 1 volt/cm) agrees with the 
formula but the data are not complete enou^ for a quantitative 
comparison. 



» Kob^, P. P., & KurtsdiatoT, J. Zeit. Physik. 66:192. 1980. 
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THE KERR EFFECT 


A new type of anomalies will occur in Rochelle salt for effects 
which normally are proportional to the square of the field strength. 
A study of the Kerr effect offers therefore an independent test of 
the phenomenological theory. This effect is measured by sending a 
beam of monochromatic light through the crystal. The incident 
light is polarized at 45° to the a axis, it transverses the crystal 
parallel to either the c or b axis and the state of polarization of the 
transmitted beam is determined with a Babinet compensator. This 
instrument serves to measme the changes A, and Ab of the bire¬ 
fringence (tta —ni)/A or (»B —»«)/A which arise when a field is 
applied in direction of the a axis, tia, nt, no are the refractive in¬ 
dices for light vibrating parallel to the a, b or c axis, and X is the 
wavelength of the light. 

Figubes 21 and 22 show the dependences^ of A^ and A, on the 
field at various temperatures above the upper Curie point. For both 
light directions the results are similar but A^ is 40% larger than 
the corresponding value of A*. Hence the “Kerr constants” /> in 
Equation (6) have ihe ratio pt/pa = 1.4 and we conclude that 

Aj — Ao = = Ao is a similar function of E and f. There 

exists therefore in Rochelle salt a “longitudinal” Kerr effect, i. e. a 
change of birefringence for light passing parallel to the electric field. Its 
existence has been verified directly by sending a li^t beam through 
holes in the electrodes. 

For small fields and high temperatures the Kerr effect is propor¬ 
tional to for stronger fields the curves assume iS shape and at 
the Curie point the simple law A = I) F®/* is satisfied. This is 
exactly the behavior predicted by the theory. From Equations (3) 
and (5) it follows that for small fields A — pT^E^/{T — ®)^ = K^ 




According to these equations 


and at the Curie point A = o f — i 
_ 1 1 

l/yJK — must have the same temperature dependence as 

I/ko- This is verified in mgpbb 3 which furnishes an average value 
of Ppr, — 6 10”’^ (it varies from 6.1 10“^^ at hi^ temperatures to 6.6 
10 “^ near the Curie point®*). From the measurements at the Curie 


»Tbe electaro-optical and optical loeasurements were made in collaboration with 
Groat, L. M. M.S. Thesis. M. I. T. ld82. 

»* Whence m (4.3 ± o.5) 10-^ This Tolue was given incorrectly in a prevlons 
publication: Phys. Bev. 47:189. 1935. 
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point we deduce D = numeri¬ 

cal values we find = (6.9 ± 1.5) 10 ~®. Within the large probable 
error this result agrees with that derived from the dielectric data 
which gave fif* = (5.8 ± 0.7) 10~®. This agreement between two 
entirely independent sets of data proves the validity of the phenom¬ 
enological theory. The electro-optical data cannot furnish any new 



FiauBB 21. Kerr effect in Bochdle salt for light traversing the crystal in the 6 direction 
at temperatures above the upper Ourle point. 



FtaxTBu 22. Kerr effect in Rochelle salt for llg^t traversing the crystal in the e direction 
at temperatures above the upper Curie point. 

information concerning the value of /. This is true even if we use 
all the data contained in pigubes 21 and 22. In accordance with 
theory tiiey can be represented by E/y/A = B (t—1«) + 0 A, as shown 
in FIQT3BE 23 where Bt — 6.9 and Oj = 150. These new constants 
ar^ related to K and D by the equations Q = and 1/B — 
■\/K(t — tc) , as may easily be verified. 

In the ferroelectric temperature range the Kerr effect gives re¬ 
sults (mgtjbb 24) which, at first, appear very curious. The effect 
is in first approximation a linear function of the field, but it does 
not reverse its sign when the field is reversed. A simple e 3 q)lana- 
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tion, which was first suggested to the writer by Professor Debye, 
is as follows: Since the crystal has a spontaneous inner field Fo = fPo 
the Kerr effect is A = p (Fo + JS?) 2 = pFo® + 2pFoF + pF®. Since at 
a given temperature the first term is constant, and the last term is 
negligible (Fo>>F), the measurements record only the term 
2pFoS which is linear in E and does not reverse its sign, because in 



PiGUKB 23. Verlficatioii of tbe law H ■* B(t — te) + QA for the Kerr effect of Bochelle 
salt above the upper Curie point. 



Figttbjs 24. Kerr effect in Bochdle salt for temperatures in the ferro^ectiic range. 

a strong field the inner field Fo reverses its sign with a reversal of 
E. A more careful study of the data reveals, however, that this 
argument is not adequate. The slope of the A(F) curves, instead of 
increasing, actually decreases with increasing field strengths. 
Furthermore, the slope is smaller at 0° than at 20® C while the above 
derivation predicts the largest slope to occur at 0® where F© is 
a maximum. The correct explanation is found by using the funda¬ 
mental equations (3) and (5). For any quadratic effect they pre- 
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diet the behavior illustrated in figure 25. For small fields we 
must find a quadratic hysteresis curve. It is difficult®® to measure 
this loop with any degree of accuracy but the results in figure 26 
demonstrate its existence. The strong fields used in electro-optical 
measurements correspond to fields in the “saturation” branches of 



Fiqtjbb 25. Theoretical hysteresis loop and *'satiiratioxi’* curve for quadratic dectric 
effects in Bochelle salt. 



Figubs 26. Quadratic hysteresis loop of the Kerr effect in Rochelle salt. 


the hysteresis loops, but saturation is never reached because the 
temperatures are too near the Curie temperature. The closest ap¬ 
proach to saturation occurs when the temperature is near 0®, or 
when a strong field is applied. This e^lains tiie observed fact that 
imder these conditions the slope of the A{E) curves is reduced. The 


theory predicts for tbe initial slope of tbe A{E) curves 



** The difficulty arises from the fact that in these static measurements the precaution 
of apjAying the fi^d for a very short time cannot be followed because observations of the 
hysteresis loops require a continuous change of the field. 
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kf - where L — p^Te/ffiy = 1/RQ. The data pve L* = 3.2 

V 0 

10 “^. Since Be — 10 , Qe = 310 the theory is therefore verified. 

THE SPONTANEOUS KERR EFFECT 

In the ferroelectric temperature range the spontaneous polariza¬ 
tion gives rise to a spontaneous Kerr effect Ao = This effect 

is superposed upon the normal variation of birefringence with 
temperature and manifests itself in abrupt changes of the tempera¬ 
ture gradient of the double refraction at the two Curie points. Ao 
is found by subtracting from the observed values of (na — ne)/X 



FiGUBB 27. The spontaneous Kerr effect and the spontaneous polarization o « P (Gau- 
gain's method) at the lower Curie point of BocheUe salt. 

and {na — ni)/X the values corresponding to the normal change, 
which are obtained by extrapolation from the measurements above 
the upper and below the lower Curie points. The results in hgtibes 
27 and 28 show how sharply this effect sets in at the Curie points 
and how accurately Aq can be measured. They demonstrate the 
expected proportionality between Ao and the observed value of Po®. 
According to the theory the factor of proportionality should have 
the value ptf = 6 10”'^; according to the data this factor is at least 
3 to 5 times larger. This discrepancy is not surprising. We have 
pointed out that the observations furnish too small values for the 
polarization Po because the induced surface charge depends on the 
number of Weiss regions and the orientation of the volume polariza¬ 
tion within these regions. The spontaneous Kerr effect, however, 
is not influenced by these factors because it is a quadratic effect. 
Since, furthmmore, the Kerr effect is determined by the conditions 
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in the interior of the crystal, it provides a much more reliable method 
for obtaining information about the volume polarization -within 
Rochelle salt. If, therefore, we are able to show that -die spon¬ 
taneous Kerr effect leads to a spontaneous polarization identical 
•with that predicted by the theory, we gain not only a new and better 
confirmation of the theory, but we also justify thereby our discussion 
concerning the difference between volume and surface polarization. 
For temperatures near the upper Curie point the theory predicts 

Ao (® - r) = ^ (tc - f) = 4.6 10-2 (tc -t). This agrees 

indeed very closely with the observed value Ao = 0.04 {to —t). Or, 



Eigxtbb 28. Tlie spontaneous Kerr effect and the spontaneous polarization c *■ Fo at the 
upper Curie point of Bochelle salt. 


■vice versa, the optical measurements furnish for the spontaneous polar¬ 
ization near the Curie point Pq^ z= Ao/pj^ = (7 ± 1.6) lO^Cte—t) 
which is only slightly smaller than the theoretical value Po® = 


^ {to- t) = (9.8 ± 1.3) 10*{to-t) 
measurements above the Curie point. 


as deduced from the dielectric 


THE SPECIFIC HEAT OF ROCHELLE SALT 

Though we possess an imusually large amount of dielectric, piezo¬ 
electric, pyroelectric, optical and electro-optical data on Rochelle 
salt, they do not furnish enough information for the evaluation of 
the important Lorentz factor /. To determine its value we must 
resort to caloric measurements. In the ferroelectric state the heat 
capacity of a crystal differs from its normal value because energy 
is required to alter the spontaneous polarization. The additional 
heat capacity is 
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The thermod 3 niamical derivation of this relation is based on the as¬ 
sumption that there exists a functional relationship between P and 
(jB 4- fP) • Tb® equation must therefore be valid for Rochelle salt. 

1 d 

It should, perhaps, contain an additional term — - — (c^l/*®), whidi 

2 dt^ 

arises from the fact that an additional energy is needed to change 
the spontaneous deformation. However this correction is neglible be¬ 
cause C 44 j/,® = C 4 t 8 i 4 *Po* = 6 10 “®Po* amounts to less than 1 % of /Po*. 
This effect should manifest itself in a sudden increase of the specific 
heat at the upper Curie point and a similar decrease at the lower 
Curie point. On the basis of our previous data this shift should be 
less than 2.3 / 10 “® joules/gr = 0.15 / cal/Mol at the upper Curie point. 
A sli^tly larger value is found for the decrease at the lower Ctirie 
point. 

The change of the specific heat at the upper Curie point was first 
predicted and measured to 5 cal/Mol by Kobeko and Nelidow®* 
Later Rusterholz®^ confirmed this result. A value of AC = 6 cal/Mol 
would lead to />30 and seems altogether too hi^. Two other 
features of Kobeko and Nelidow’s and of Rusterholz’s results do not 
agree with the dielectric data. For tiie temperature of the Curie 
point they find 26.2® and 25.8° C respectively, while in all other 
measurements it is below 24°. Below the Curie point the observed 
values of AC vanish much faster with decreasing temperature than 
Equation ( 6 ) could account for on the basis of any of the measured 
Po curves. It is difficult to account for these discrepancies, thou^ 
a number of causes mi^t be suspected, e. g. impurities, pressure, 
condition E = 0 not satisfied, etc. To clarify the situation three 
new investigations of the specific heat of Rochelle salt were under¬ 
taken by Hicks and Hooley,*® Wilson®® and Wildberger.*® Neither 
of these investigations could verify the lai^e AC values, in fact 
neither foimd any discontinuity of the specific heat at the upper 
Curie point and only Wilson detected a small negative AC at the 
lower Curie point (see figubb 29). These results do not imply that 
the effect does not exist, but rather that it is too small to be measured 

» Kobeko, P. P., & Ndidov, I. O. PtaysIlEal. Zelt. Soy. Union. 1:883. 1932 
» RnsteiholB, A. A. Heir. Fhys. Acta. 8: 89. 1934. 
n EQeks, 3. F. O., & Ho<dey, 3. O. Jour. Am. Obem. Soc. 60:2994. 193S 
» Wilson, A. J. C. Phys. Bev. 64:1103. 1938. 

" Not publisbed, quoted In Reference ». 
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by the calorimetric methods used. Since these methods have a 
probable error of about 1%, it is concluded that the marimum value 
of AC at the upper Cmrie point is certainly less than 1 cal/Mol and 
probably less than % cal/Mol. Consequently / cannot be appreci- 
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ably larger than - % and the new measurement are compatible with 
3 

all other data on Rochelle salt. 

Stevenson and Hoole]^*^ recently have measured a very large 
change of the specific heat at the Curie point of HsKPOi. Since 
this crystal has a much larger permanent polarization than Rochelle 
salt its large AC value can be accounted for without assuming an 
excessive / value; in fact the data lead to / = 0.7. 


CONCLUSION 

The experimental research of the properties of Rochelle salt has 
furnished a fairly consistent set of data which can be correlated 
by a simple phenomenological theory. A clearer understanding of 
the ferroelectric phenomena and of the empirical constants of the 
theory can only be obtained after the crystal structure of Rochelle 
salt W been determined. Since the substance is made up of many 
light atoms the prospects for an early solution of this problem are 
rather remote. 

It appears more likely that further progress in this field can be 
made through a study of the second group of ferroelectric crystals 
H2EFO4, H 2 EAs 04 etc. Their lattice structure is known and is 
rather simple. They have a much larger polarization and it should 
therefore be easier to obtain accurate data. Hence the writer ven¬ 
tures the prediction that the problem of ferroelectricity will find its 
solution in a theoretical investigation of the binding forces and 
lattice properties of these crystals.** 

41 SteyeBSoni C. C.» & Hooley, J. G. Phys. Rev. 66: 121 . 1939. The same result has 
since been reported also by Bantle, W., & Sdieixer, P. Nature 143 : 980. 1939, and by 
Mend^sohn, J., & Mendelssolm, K. Nature 144: 595. 1939. 

*» This paper presents the state of the problem of ferroelectricity at the time of the 
conference in the spring of 1939. Since then, partly as a result of the discussions during 
the conference, considerable progress toward a final solution have been made. Mason, 
W. P, Phys. Rev. 65 : 775. 1939; 68: 744. 1940, and the writer Phys. Rev. 67: 829. 
1940; 68 : 565. 1940, have analysed the role of the piezoelectric effect and have shown 
that ferrodectricity is a true dldectiic anomaly. The inner fidd theory has been aban¬ 
doned in favor of a new interaction theory and the Kerr-eflect is Interpreted as a “morphlc” 
effect. (Mueller, H. Phys, Rev. 68, Nov. 1. 1040). The structure of Rochdle salt 
has been determined by Beevers, C. A. & Hughes, W* Nature 146 : 96. 1940. Slater, 
J. C* (to appear soon) has extended the statistical theory of the hydrogen bonds, which 
was presented by Dr. L. Onsager at the conference, and has given a new theory of the 
ferro-deotric transition in HsKPOi. 



ROTATION OF SOME LARGE ORGANIC 
MOLECULES" 

By S- O. Morgan 

From the Bell Telephone Laboratories, New York, N. Y. 

It has been observed experimentally that molecular rotation in 
the crystalline solid state, as shown by the existence of high dielec¬ 
tric constants, is a property of a large number of organic compounds 
of very different chemical structure. The earliest work on this 
subject appeared to indicate that this type of molecular rotation 
was to be found only among small compact molecules. This paper 
describes experimental results which indicate that the geometrical 
symmetry of the molecule rather than size alone is the most im¬ 
portant factor in determining the ability of molecules to rotate in 
crystalline solids. 

The materials which are considered belong to four different 
chemical classes and are all solids at room temperature, some of 
them having melting points above 200° 0. All of the measurements 
of solids were made on pressed sheets having tinfoil electrodes 
aflfcced. The dielectric constant measurements on these solids are 
similar in many respects to the behavior usually observed in liquids. 
These measurements indicate that with respect to molecular inter¬ 
actions and the properties which are related to rotational motions 
of the molecules there is no sharp distinction between liquids and 
solids. 

One of the prominent features of the dielectric behavior of polar 
liquids is anomalous dispersion. Anomalous dispersion may be de¬ 
scribed in terms of the static and infinite frequency dielectric con¬ 
stants and the time of relaxation of the polarization. If the relaxa¬ 
tion time is short compared to the period of the measuring field 
the dipole or other absorptive polarization has time to build up before 
the field reverses and thus to contribute to the dielectric constant which 
measures the total dielectric polarization from all causes. This is what 
is called the static dielectric constant. However, if the relaxation 

I The work described here is the result of a cooperative study of dielectric behavior 
which has been in progress at Bell Jjaboratorles for several years. It is largely the work 
of Messrs. Addison H. White. W. A. Yager and B. S. Biggs. Some of the results have 
been described earlier in the following references: Yager, W. A«, & Morgan, S. O. Jour. 
Am. Ohem. Soc. 57: 2071-78. 1985. White, A. H., & Morgan, 8. O. Jour. Am. Ohem. 
Soc. 57 : 2078-86. 1985. White, A. H., & Morgan, S. O. Jour. Ohem. Phys. 5: 655-65. 
1037. White, Addison H. Jour. Ohem. Phys. 7: 58-80. 1039. 

(357) 



358 


ANNALS NEW YORK ACADEMY OF SCIENCES 


time of the dipole polarization is of the same order as or longer 
than the period of the applied field, the polarization will not have 
time to build up completely, or possibly even at all, and so there 
will be a smaller contribution, or none at all, to the dielectric con¬ 
stant arising from orientation of dipoles. The dielectric constant 
measured at frequencies too high for dipole or other absorptive polar¬ 
izations to form is called the infinite frequency dielectric constant. 
The relaxation time is the ratio of the viscous or dissipative force con¬ 
stant of the force opposing the displacement of the dipole to the restor¬ 
ing force constant. If the viscous force is very low or the restoring 
force very high, the time of relaxation will be short. For liquids it has 
been customary to express the viscous force constant in terms of 
the coefficient of viscosity. For dipole polarizations the restoring 
force is the thermal energy tending to cause a return to random 
distribution. 

Experimental studies show that anomalous dispersion is not limited 
to liquids or glasses but is also observed in crystalline solids in which 
there is no ■vdscous fiow. In describing the dielectric behavior of 
solids, then, it is preferable to discard the term “viscosity” and to 
describe the restriction of motion of the molecules or parts of mole¬ 
cules as due to potential barriers arising from the interactions be¬ 
tween neighboring molecules. Thus the molecule, or the polar group, 
is restricted by barriers to a rotational oscillation and only when it 
acquires enough energy to overcome these barriers can it move to 
a new equilibrium position. This new position need not differ from 
the old by 180®, as in an end-for-end rotation, but may differ by any 
angle. 

For each temperature there is a certain probability tiiat the mole¬ 
cule or polar group will be able to acquire enough energy from 
thermal collisions to get over the barrier into a new equilibrium 
position. If this probability is high, then in a large number of 
the 10^ or so rotational vibrations per second which the molecule 
is normally undergoing it will succeed in surmounting the barrier. 
This would be a case of short relaxation time. If the energy of the 
barrier is very large compared to the thermal energy, the probability 
that the molecule or group will be able to surmount the barrier is 
small. This is a case of long relaxation time. Thus if the time of 
relaxation be short compared to the period of the measuring field, 
the molecule will appear to the field as if it were continually jump¬ 
ing from one equilibrium position to another and so there will be 
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a dipole contribution to the dielectric constant. If the tiime of re¬ 
laxation be long compared to the period of the applied field, the 
dipole will contribute little or nolhing to the dielectric constant. 
With this picture it is not necessary to have free rotation of the 
molecule or of a polar group but a restricted motion. 

In some dielectrics there is evidence of a cooperative effect such 
that when one molecule starts to rotate it makes it easier for its 
neighbors to do so and the effect spreads. These materials are 
usually distinguished by a sharp transition above which rotation 
takes place with the same ease as in the liquid and does so up to very 
high frequencies. Below this transition there is no rotation even at 
very low frequencies. Many of the materials to be discussed show 
this cooperative effect; they have transitions, and at these transition 
temperatures there is evidence of a sharp change in density and heat 
capacity indicating a change in packing and freedom of motion of 
the molecules. Such density changes have not been observed in those 
solids which do not have transitions but change from a high to a low 
dielectric constant with anomalous dispersion. These latter materials 
apparently are not able to collapse to a more dense packing. 

This picture is generally accepted for small compact molecules 
which are nearly spherical. One of the objects of this paper is to show 
that some very large molecules also are able to rotate, provided cer¬ 
tain requirements are met as to symmetry. 

The fact that the dielectric constant curve is practically continu- 
oxis throu^ the melting point in many cases is believed to be good 
evidence that it is the restricted orientation of the polar molecule 
which explains the high dielectric constant in the crystalliae solid as 
well as in the liquid state. However, some other mechanism such 
as the rotational vibration of the polar group also may explain liie 
result equally well in certain cases, but not in all. 

The first figure shows the data for the dielectric constant plotted 
against temperatiure for d-camphor and a number of substituted 
camphors. These compounds differ chemically from camphor in hav¬ 
ing one or both of the hydrogens on the adjacent C atom substituted 
by polar groups. The melting point is marked by the heavy arrow. 
The curves given here have been somewhat smoothed out from the 
actual curves to eliminate some of the irregularities which complicate 
the picture in some minor respects but do not change it in its essen¬ 
tials. For example, there are in some cases hysteresis effects and 
dispersion effects, but only a single typical curve has been selected. 
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In two of these compounds, camphoric anhydride and camphor 
quinone, there is a considerable decrease of dielectric constant upon 
solidification but in the others there is no significant change. These 
compounds have different polar groups attached to the same carbon 
and all of them show a behavior similar to camphor but with different 
values of dielectric constant and different transition temperatures. 
The transition temperature is higher than that of camphor in every 
case. The temperature range in which the material is a solid but 



Figubb 1. Curves of dielectric constant vs. temperature for camphor (1), chlorocam- 
phor (2), mtrocamphor (3), cyanocamphor (4), camphor quinone (6) and camphoric 
anhydride (6). Meltmg point indicated by heavy arrows. 

still has a high dielectric constant, and therefore presumably in 
which the molecules are still able to orient with much the same ease 
as in the liquid state, differs widely for these compounds. For 
chlorocamphor and also nitarocamphor it is about a 40° range but in 
camphoric anhydride, camphor quinone and camphor it is 85, 160 
and 215°, respectively. These are long enou^ ranges to make it 
certain that the effects are not due to the co-existMice of liquid and 
solid phases. 

Except for camphor, the electric mom^ts of these compounds 
have not been measured but the calculated moments, using accepted 
values of group moments, are in the same order as the dieleotrie con- 
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stants and they are all hi^er than that of camphor. This is a good 
reason for believing that it is the rotation of the entire molecule 
rather than individual group rotations with which we are dealing. 

Flgvse 2 shows the dielectric data for a number of other compoimds 
related to d-camphor; in this comparison other groups have been 
substituted for the carbonyl oxygen. The curve for camphor has 
been repeated for reference to the data of figdbb 1. Bomyl chloride 
has H and Cl groups instead of the C = 0 group. The dielectric 
constant is much lower than camphor, as it should be because of its 
lower electric moment, but it is higher than the square of the refrac- 



Figubs 2. Di^ectiic behavior of camphor (1), thiocamphor (2), bomyl chloride (3), 
bomyl bromide (4), bomeol (5) and isobomeol (6). 


lave index and it retains its high value down to — 115®, 245° below 
the melting point. Bomyl bromide shows an unusual behavior. The 
dielectric constant increases regularly in the solid state down to — 55°, 
when it takes a jump to another form and then rises at a much more 
rapid rate down to — 80°. 

Bomeol has H and OH groups instead of the carbonyl oxygen and 
shows a much lower value of dielectric constant althou^ its electric 
moment, as measured in dilute solutions, is much the same as for 
bomyl chloride or bromide. Isobomeol, which differs in the exchange 
of positions of the CH« groups of the bridging carbon with two 
hy(kogens of one of the ring carbons, likewise has a low value of 
dielectric constant. The data for the bomeols suggested that perhaps 
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here we were dealing with only the rotation of the OH group and if 
the measurements were carried up to the melting point, a much hi^er 
value of dielectric constant would be found in the liquid. This was 
not the case. The value was lower, but such an experiment is un¬ 
satisfactory because of the hi^ melting point of bomeol and the 
fact that the dielectric constant of any polar material normally de¬ 
creases with increasing temperature. There is apparently a con¬ 
siderably greater restriction to rotation in the bomeol and isobomeol 
than in the bomyl halides. 

Thiocamphor behaves very much like camphor at the hi^er tem¬ 
peratures but has a much less sharp transition which occurs at a 
slightly higher temperature. The curve for thiobomeol is almost an 
exact duplicate of that for bomyl chloride. However, it does not 
show a transition but the dielectric constant decreases with anomalous 
dispersion at about —120®. Three of these compounds have their 
transitions at lower temperature than that of camphor, but in the 
bomeols it is much higher. 

This is not the complete list of compounds related to camphor 
which show molecular rotation but it covers the most important ones. 
Most of the materials discussed thus far have transitions above which 
the dielectric constant is high at all frequencies up to 100 kiloeycles, 
the upper limit of the measurements. Below the transition the dielec¬ 
tric constant is practically equal to the square of the refractive index, 
showing that there is no appreciable contribution from dipole 
rotations. 

Not all of the camphor compounds show this property of molec¬ 
ular rotation in the solid state and so there is some other requirement 
than simple membership in a certain chemical class. Briefly this 
additional, and probably most important, requirement is sjunmetry. 
Unless the molecule is sufficiently s 3 nDQmetrical, molecular rotation 
will not be possible in the solid state. This is nicely illustrated by 
certain camphor derivatives. The chaise from camphor to ohloro- 
camphor results in a shift of the center of gravity of the molecule 
away from the center of figure. In chlorocamphor, however, the 
molecules can still rotate in the solid state but there is one important 
difference. In camphor the molecules can rotate at relatively low 
ihermal energies, that is, at all temperatures above about — 30®, but 
in chlorocamphor this rotation can take place only above 
The change from chlorocamphor to bromocamphor results in a still 
larger shift of center of gravity from the center of figure and in 
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bromocamphor rotation is not possible below the melting point. An 
equally striking example of such a change is the difference between 
camphor and fenchone, which is isomeric with it. Fenchone is a 
liquid freezing at about -{• 5° as against -f 176® for camphor; this it¬ 
self is one evidence of lack of S3nnmetry in fenchone. Althoi^ its 
dielectric constant in the liquid is comparable with that of camphor 
at the same temperature, on freezing the dielectric constant of 
fenchone decreases to less than three. 

From another and different class of compounds we also have a num¬ 
ber of examples of molecules which rotate in the crystalliae solid 



Figukb 3. Dielectric behavior of cydopentanol (1), cydohezanol (2), cydohexanone 
^8), 1.3 cydohexadlene (4) and camphene (5). 

state. Figuee 3 shows some polar derivatives of cycloparafBns, cyclo- 
pentanol, cyclohexanol and cyclohexanone. The data for cyclopen- 
tanol are of interest because of the appearance of a second solid 
transition similar to that of bomyl bromide. Phase II, however, 
appears to be metastable and is obtained only on cooling. With heat¬ 
ing, the molecules start rotating at about — 72° but the dielectric 
constant rises only to a curve which is a continuation of tiiat for 
phase I. 

It is of interest to note that the values of the dielectric constant 
for solid cydopentanol are strikingly large as contrasted to ihose for 
bomeol and isobomeol. They are comparable with those of methyl 
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and ethyl alcohol and considerably higher than the values for normal 
amyl or hexyl alcohols. The hindrance to rotation must be small in 
botii the liquid and solid state. 

In the same figure, but using a different scale, are the curves for 1, 
3 cyclohexadiene, which is polar only because of the unsymmetrical 
distribution of the double bonds, and of camphene, which has one 
double bond and also an unsynunetrical distribution of methyl groups. 
Both show small transitions, that of the cyclohexadiene having a 
hysteresis. 
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Fxgttbe 4. Dielectric behavior of ethylene cyanide (1), tetramethyl ethylene diloride 
(2), and tettramethyl ethylene bronude (3). Use rightrhand scale for curves (2) and (3). 


Still another group of compounds in which molecular rotation ap¬ 
pears to be possible in the crystalline state is the substituted ethanes. 
These are of interest because of the possibility of rotation about the 
C-C bond and the possible effect of this rotation upon the dipole mo¬ 
ment and ability of the molecule to rotate in the solid state. The most 
striking of these compounds is ethylene cyanide. It has a hi^ di¬ 
electric constant in the liquid state as is shown in nGUBn 4 and thus 
there is evidence that the molecule is not in the trans form. The 
value of the electric moment as measured by Williams^ also indicates 
that it is not entirely in the cis form and so it is probably changing its 
form due to rotation about the C-C bond. The observed moment 


‘WUBams, J. w. Zelt. jATsIkal. Ohem. A13S: 76. 1028. 
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corresponds almost to that calculated on the assumption that the 
molecule is continually changing from cis to trans. The dielectric con¬ 
stant increases almost perfectly continuously through the melting point 
and has a transition at — 40°. The related compound ethylene di¬ 
chloride has been extensively studied and it does not rotate in the 
solid state although its moment value and change of moment with 
temperature indicate considerable motion about the C-C bond at 
higher temperatures. Similarly with ethylene bromide. We have 
found, however, that tetramethyl ethylene dichloride and tetramethyl 
ethylene dibromide do rotate and the curves are shown in figtjbb 4. 
Whether or not the ability of the molecule to rotate in the solid state 
depends upon the ease with which it can undergo internal rotation is 
a question for the theorists. Perhaps in the case of the tetra¬ 
methyl dihalides and ethylene cyanide the whole molecule is not 
rotating but we are merely observing the restricted rotation of the 
parts of the molecule. The data for the tetramethyl dihalides are 
not complete enoi^ to show whether or not there is a continuity of 
dielectric constant at the melting point. The ethylene cyanide does, 
however, show a practically continuous curve of dielectric constant 
through the melting point. 

In a molecule having such freedom of motion about the C-C bond 
it is very tempting to set up a picture of rotation of parts of the 
molecule which differs from rotation of the whole molecule only in 
the matter of time. For example, one part of the molecule may move 
over a potential barrier to a new position and then a little lat^ the 
other part move to resume some average equilibrium configuration 
of the two parts. The result of both motions is the same as thou^ 
the molecule as a whole had moved. If, then, these motions of the 
parts of the molecule take place very rapidly as compared to the 
frequency of the measuring field, the effect is the same as though the 
molecule as a whole were rotating. When we speak of the molecule 
rotating it is probably some such process as this that we are ihinking 
of and not a free imrestricted rotation of a rigid molecule. If this 
picture be valid it is easy to see how molecules which have the free¬ 
dom of motion of camphor, cyclohexanol or ethylene cyanide should 
be able to rotate in the solid state and have hi^ dielectric constants 
while more ripd ones cannot. Also it is easy to understand why 
putting a long side chain on such a molecule should make it more 
difficult or even impossible for it to rotate, which has beai our ex¬ 
perience. 
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The next class of substances in which molecular rotation has been 
observed is the aromatics or derivatives of benzene. Nitrobenzene 
and chlorobenzene have been extensively studied in both the liquid 
and solid state and it is quite certain that both have low dielectric 
constants in the solid, showing that the rotation which takes place in 
the liquid is impossible in the solid. Most of the benzene derivatives 
which have been measured heretofore have behaved in this way and if 
it is spherical symmetry or freedom of motion about 0-C bonds which 
is required, then that is quite the expected behavior. However, in 



Figubs 5 Dielectric behavior of hexasubstltuted chloromethyl benzenes at 100 kc; 
structure Indicated on curve. 

considering the rotation of molecules from the standpoint of S 3 rm- 
metry it appeared that for benzene derivatives we should strive for 
circular symmetry. If we achieve that symmetry by substituting 
six of the same groups in benzene we have no polarity and so chains 
in rotation do not directly affect the dielectric constant. By reason 
of the difference in moment between a CHs group and Cl, however, 
and their approximately equal size, we can by a suitable combination 
of substituents attain both polarity and reasonably good geometrical 
S3rmmetry. 

Figubb 5 shows the results of measurements on a number of hexa- 
substituted chlorometiiyl benzenes. All but one of the possible polar 
combinations of CH 3 and Cl completely substituted benzenes are 
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shown on the curve. All of these compounds have high melting points, 
about 200°, as is to be expected for S3mimetrical compounds, and in 
the few cases where measurements have been made in the liquid as 
well, the dielectoic constant has been shown to increase on solidifying. 

All of these compounds show molecular rotation. However, this 
rotation drops out with anomalous dispersion instead of at a transi¬ 
tion as in the camphor, cycloparafSn and ethane derivatives. As the 
temperature decreases the frequency with which the molecule can 
turn through some angle and pass over a barrier into the next valley 
becomes less and finally when it becomes less than that of the measur¬ 
ing field, as it does at lower temperatures, the dielectric constant 
begins to decrease and approaches a value of about three, which is 
approximately equal to the square of the refractive index. 

The curves for three frequencies are shown for one material, the 
dichloroprehnitene, while for the other isomers the curves are all for 
100 kilocycles. In the lower group of compounds there is one effec¬ 
tive Cl vector moment, the others cancelling each other. For these 
compounds the dielectric constants at room temperatmre ran^e be¬ 
tween 6 and 6, which compares with the value 6.5 for liquid mono¬ 
chlorobenzene at the same temperature. This provides food for 
thought about the extent of hindrance in the crystalline solid as 
compared to that of the liquid. The two compounds having two 
adjacent effective Cl vectors directed at 60° angles have dielectric 
constants ranging from 8 to 9; that for liquid orthodichlorobenzene 
is 10. The 1, 2, 3 trichloro, 4, 5, 6 trimethyl benzene, which should 
have a slightly higher moment than dichloroprehnitene, for example, 
shows a slightly higher dielectric constant at high temperatures but 
it shows a greater interaction reducing the dielectric constant at 
lower temperatures. 

Thus it seems that these hexasubstituted benzenes are sufficiently 
synometrical for the molecules to rotate in the solid state. It seems 
almost necessary that such rotation be about an axis perpendicular 
to the plane of the ring; the symmetry is decreased about any other 
axis by substitution. The effect of the substitution of other groups 
in benzene has been only very sketchily investigated. It appears 
clear, however, that a longer group such as ethyl or a nitro group 
which would extend out of the plane reduces the likelihood of rotation. 

During this work some pentasubstituted dbloromethyl benzenes 
were prepared and they were also found to rotate; thus complete 
^mimetry is not essential. However, the tetra and lower substituted 
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compounds which have been prepared do not rotate. Figueb 6 shows 
data for three of these pentasubstituted chloromethyl benzenes. They 
differ from the hexasubstituted compounds in that they show the di¬ 
electric constant decreasing at a transition more like the camphor or 
cycloparaffin compounds instead of with anomalous dispersion. In 
these less symmetrical compounds it seems likely that this is be¬ 
cause of the possibility of a collapse to an interlocking and more 
densely packed form. This is indicated also by measurements of 
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FiGxrBB 6. DlelecMc beha-vior of pentasubstitated chloromethyl benzenes. Structure 
Indicated on curve. Arrows on curve Indicate direction of temperature change where 
hysteresis was observed. 


molecular volume, which show that below the transition the penta¬ 
substituted compounds have a lower value than that of the hexasub¬ 
stituted compounds. Above the transition point, i. e. when the mole¬ 
cules are rotating, the molecular volume of the pentasubstituted com¬ 
pounds increases to approximately the same value as that of the hexa¬ 
substituted compounds. 

The picture has been simplified somewhat in order to make it 
possible to cover such a large number of different compounds. Many 
of them show some peculisuity such sis a hysteresis or effect of fre¬ 
quency but it does not seem possible that f^ consideration of these 
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would change the essential picture, which is that large organic mole¬ 
cules do rotate in the crystalline solid state. Some, like camphor, 
because they approach very closely to a sphere in their structure and 
therefore have low fields opposing rotation. Others, such as cyclo¬ 
hexane derivatives and ethylene cyanide, perhaps because their free¬ 
dom of motion makes it easy for them to wriggle or flop their way 
around or possibly because this motion endows them with a dynamic 
symmetry. And finally, the benzene compounds, which can rotate 
because of symmetry about a single axis. 

The physical properties of these materials are strikingly in con¬ 
trast (except for the hexasubstituted benzenes) to those for so-called 
normal organic crystals in which molecules are not rotating. They 
are almost all soft and waxy and have high vapor pressures, which 
is to be expected if they have very low internal fields. It has been 
known for a long time that camphor had an anomalously high freez¬ 
ing point depression constant. Pirsch has shown that also to be the 
case for many of the other compounds which dieleciric evidence 
shows to be capable of rotating. Unlike the normal organic materials 
they pass from the liquid to the lower energy solid state in two steps, 
losing only a part of their energy at the fusion point and the rest at 
the transition point. The high freezing point constant is a con¬ 
sequence of this low heat of fusion and like the high dielectric constant 
of the solid is traceable to the symmetry of the molecules. 




THE DIELECTRIC PROPERTIES OF 
PROTEIN SOLUTIONS 

By J. L. Onclby, J. D. Peeey, and J. Shack 

From the Department qf Physical Chemistry^ Harvard Medical School, Boston, 

Massachusetts 

The behavior of a dipole molecule in the frequency r^on where 
2flvr is of the order of unity, t being the so-called “relaxation time” 
of the molecule and v the frequency, was first discussed by Debye.^ 
Several systems showing this phenomenon of anomalous dispersion 
have been investigated, and their behavior is at least approximately 
as predicted by the equations of Debye. In recent years advances in 
the technique of dielectric measurements upon conducting solutions 
and in the interpretation of results in polar solvents have made pos¬ 
sible the systematic investigation of a number of protein solutions, 
and interpretation of the data in terms of the Debye theory. The 
results obtained are of considerable interest in both the theory of 
dielectric dispersion and the study of the fundamental structure of 
protdns. 

THEORY 

It is hardly necessary to review the fimdamental aspects of the 
dielectric dispersion of large molecules in non-polar solvents. When 
dealing with polar solvents, as we must in the case of all protein solu¬ 
tions, we introduce certain empirical relations of Wyman,® supported 
by the calculations of Onsager.® The typical behavior of a simple 
binary mixture involving two relaxation times of widely differing 
magnitude is illustrated in yigttbe 1. The three quantities plotted are 
defined as follows: 

1. Dielectric constant (real part); «' = C/C* 

2. Specific conductivity; k = 0.0885 Q/C* 

3. Dielectric absorption; A/'={G —(?o)/(2jrvC*) =1.80(»c —ko)A 
Here C and G represent the capacitance in ^i/afds and conductance 
(parallel) in ftmhos of the cell filled with solution (the effect of lead 
capacitance being eliminated), C* the change in cell capacitance 
caused by a rmit Grange in the dielectric constant, v the frequency in 
megacycles, and Go (and ko ) the conductance (and specific conduc- 

» Debye, P. “Polar Molecules.” Ohem. Cat. Oo.. New York. 1929. 

3 Wyman, J. Jour. Am. Chem. Soc. 58:1482. 1986. 

* Onsager, L. Jour. Am. Obem. Soc. 58: 1486. 1936. 
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tance) of the solution at very low frequencies in ;«inhos. The figure 
is divided into five regions. In region A the frequency of the alter¬ 
nating voltage is sufficiently low to allow orientation of dipoles of 
both types. In region B, however, the orientation of the (fipoles of 
larger relaxation time lags, and is no longer independent of the fre¬ 
quency, giving a re^on of decreasing dielectric constant and increasing 
specific conductance. The dielectric absorption goes throu^ a masd- 
mum in this region and the frequency of this ma x i m u m (also of mean 



Frequency (Cycles per Second) 


1. Schematic diagram of anomalous dispersion of the dielectaric constant (»0. 
the spedflc conducti-vity (jc), and the dielectric absorption (Ag'O* for two widely separated 
critical frequencies. (Shade, Ph.D. Dissertation, Harvard University 15. 1939.) 

dielectric constant and conductance) characterizes the repon and is 
called the critical frequency. In region C the frequency is so great 
that there is no orientation of the larger molecules, and we have a 
region of constant and intermediate dielectric constant and specific 
conductance and practically no dielectric absorption. Repons D 
and E indicate similar behavior of the smaller molecules. 

The equations r^resenting the behavior in repon B are: 

s' = So — (so — Soo) V*/(v® V«®) = Soo + (so — Soo) Vc®/(v® + Vc®) 

As" = (so — Sas) VV«/(l^ -1- V.®) (I) 

K = Ko -f (Koo — Ko) v®/(v* -f- Ve®) = Koo — (iCao — Ko)Vo®/(v® + Vl®) 
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If more than one relaxation time be present, these equations can 
be urritten in the more general form: 

e' * So — AejiV®/(v® + Vci®) — As<,v*/(v* + v^j*) —- 

= 600 + AejiVei*/(v* + Vci®) + As<,Vo,V(v* + Vo,*) +- 

As" = As,iVVo,/(v* + Vq*) + Ae«,VVq/(v* + Vq*) +- 

K = Ko + AKt,V*/(v® + Vq*) + AKqV*/(v® + Vo,®) +- (2) 

= Koo — AKiiVq®/(v® + Vq*) — Ak«,Vo,V(v® + Vq®) —- 



Eigxtsb 2. OomparatiYe magxiitudes of didectric and conductance incremeiits for dis¬ 
persions at different critical freQuendes. (SliftclCi PI 1 .D, Dissertation* Harvard University 
12. 1939.) 

Here Ac**, and Aie#* are the critical frequency, the dielectric in¬ 
crement, and the conductance increment of the tth dispersion region. 
There is always a relation between and Aic** of the form 

Ak*^ = Azti Vci/1.80. (3) 

This relation gives us the important fact that dispersion regions with 
large values of va (high critical frequencies) will give larger con¬ 
ductance increments for equal dielectric increments. Figubb 2 shows 
this fact in graphic form. 

Relaxation times n are calculated from the critical frequencies by 
means of the relation 

Tt = l/(2lCVcJ. (4) 
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These relaxation times are intimately connected with the size and 
shape of the molecule. Perrin has derived equations for relaxation 
times for ellipsoids of revolution of both elongated and flattened na¬ 
ture, to be referred to later. The dielectric increment Ae*, is directly 
related to the polarizability of the molecule, and this in turn to the 
electric moment. 

METHODS 

The measurements of dielectric constants have been made by both 
resonance and bridge methods,*'® the bridge being used for fre¬ 
quencies below 2.5 megacycles and the resonance method for h^er 
frequencies. The measurements of conductance have been carried 
out with a calorimetric apparatus described elsewhere.® The solution 
to be studied is contained in a dilatometer; the heating produced by 
the applied field causes an expansion of the solution, which is measured 
by observing the rate of rise of the level in the capillary. The specific 
conductance is proportional to this rate of rise and the reciprocal 
of the square of the applied voltage. The proportionality constant 
depends upon the cell constant, the radius of the capillary, the density, 
the coefficient of cubic expansion, and the specific heat, these three 
latter quantities varying slightly for different solutions. It can be 
determined by measurement of the rate of rise at a very low frequency 
where the specific conductance can be measured with an ordinary con- 
ductsmee bridge. 

RESULTS 

A survey of the dielectric constant literature for protein solutions 
reveals few data of significance before those of Wyman'^ on the plant 
protein zein. Up to this time most workers had made measurements 
at such high frequencies that the results obtained fell in region C 
(figueb 1) where the contribution of the protein molecules to the 
dielectric effect was very small; and even these measurements were 
very uncertain. The development of new techniques of measure¬ 
ment, together with the low conductance of zein solutions (zein has 
a very small niunber of dissociable groups and dissolves in about 70% 
ethyl or propyl alcohol) made it possible to observe for the first time 
the dispersion region, and to obtain extrapolated values for eo which 

4 Wyman, r. Phya. Rev. 85:623. 1930. 

* Ondey, J. L., Fany, D., * Shade, J. Odd Spring Harbor Symposia Quant. Biol. 8: 

21. 1988. 

• Shaek, J, Ph.D. Diasertatlon, "Dielectric Absorption of Protein Solutions.” Harvard 
University. 1989. 

’ Wyman, J. Jour. Bid. Ohem. 90:443. 1981. 
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could be considered as a measure of fhe polarizability and dipole 
moment of the protein molecule. The results obtained thus indicated 
that to a first approximation, at least, one could use the Debye dis¬ 
persion theory to explain the dielectric measurements, and that the 
relaxation times and dipole moments were of a reasonable order of 
magnitude. Since these original measurements of W3nnan in 1931, 
results on a considerable number of proteins have been obtained in 
several laboratories, and the measurements have definitely progressed 
beyond the first approximation. These results have been contributed 
largely at first by Errera® and Marinesco,® and currently by Andrews, 
Arrhenius, Elliott, Ferry, Oncley, Shack, and Williams. Measure¬ 
ments have also been made at low frequencies by Shutt.^® 

From an experimental viewpoint the proteins can be divided into 
several classes: fiirst, those soluble in alcohol-water mixtures and of 
relatively low conductance, called the prolamines (zein, gliadin and 
secalin); second, those sufficiently soluble in water without the addi¬ 
tion of salt, which have a considerably larger conductance (egg 
albumin, serum albumin, hemoglobin, serum pseudoglobulin, and 
the slightly soluble lactoglobulin); third, those which can be dis¬ 
solved in certain solvent mixtures of water, urea, glycine, ethylene 
glycol, propylene glycol, glycerol, etc. This third class is being 
investigated in our laboratory at the present time, and is represented 
by ins ulin in this review. Solutions of those proteins requiring the 
addition of salt before becoming soluble are of too hi^ a conductance 
to be measured at the present stage of development. 

Hemo^obin 

Perhaps the simplest dielectric behavior we have observed for any 
protein is that of hemoglobin. Measurements of Oncley on crystal¬ 
line CO-hemoglobin (horse) ^ showed that both the low frequency 
dielectric increment Aeo and the high frequency increment Ac,, are 
linear functions of the concentration, and that the dispersion curves 
are characterized by a single critical frequency (and hence relaxa¬ 
tion time). These results are reproduced in figtjbes 3 and 4 (curve 
3). Measurements by Shack® on the conductance increment are in 
agreement witii these observations and are reproduced in figubb 6. 

> Exrera, J. Jour. Cblm. Pliys. 29: 577. 1932. 

• Mazinesoo, N. EoUoid Zelt. 58: 285. 1982. 

» Shutt, W. J. Trans. Faraday Soc. 30: 893. 1934. 

Onday, J. L. Jour. Am. Chem. Soc. 60: 1115. 1938. 

11 The hemoglobiii of the pig has been studied by Airheniiis, S. Fhysik Zelt. 89: 559. 
1938. 
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The ctirves in notJEES 4 and 5 represent the values calculated from 
equations (1) and no significant deviations are observed. The 
numerical values for critical frequencies and increments obtained by 
these two methods are shown in a later table. 


O 



Concentration, Grams/Liter 

Figitbsi 8. Low (1) and bigli (2) frequency dielectric Increznente of carboxyliemoglobin: 
o, Errera?; Q, Wymans; Ondey^i. (Oncley, Jour. Am. Ohem. Soc. 60: 1121. 1938.) 

Serum Albumin 

The behavior of crystalline serum albumin fractions (horse) of 
various solubilities is only slightly more complicated.^® It was 
shown that preparations whose solubility in ammonium sulfate solu¬ 
tions varied by a factor of about five had low frequency dielectric 
increments varying from 0.12 dielectric constant units per gram per 
liter for the least soluble to 0.39 for the most soluble. This is shown 
by curves 2 to 5 in jtgtjeb 6. When reduced to the same scale 


1* Feny, J. D., & Ondey, J. L. Jour. Am. Obem. Soc. 60: 1123. 1988. 
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these preparations were all found to give identical dispersion curves, 
as indicated by curve 2 in raouBB 4. This result was of considerable 
importance from the standpoint of protein chemistry, since it gave a 
new method for differentiation of the fractions with varying solu¬ 
bility but almost identical size and charge. 


LactoglobuUn 

Solutions of lactoglobulin in water (about 0.1% concentration) 
or in glycine solutions of various concenixations show the same 


Dispersion Curves of Blood Proteins (Hors^ 



TiauBB 4. Dispersion of the dielectaic constant of blood proteins of the horse: 1, semm 
pseadogloboUn^*; 2, serum albumins^*; 8* carbozyhemoglobin^^ (G(^hzii Chem. Bev. 24: 
217. 1939.) 

simple behavior as observed for hemoglobin and serum albumin.^* 
The results obtained by the calorimetric method^ are similar, except 
for a very small component of high critical frequency (12 mega¬ 
cycles). 

Tnaiilifi 

Insulin, which is almost insoluble in water at the isoelectric point, 
has been studied in mixtures of water and propylene glycol.^ The 

Fezxy, J. D., Cohn, E. J., Oncloy, J. L., & Blanchard, M. H. Jour. Bicd. Ohem. 128: 
Proc. 28: 1939. 

1 C Cohn, E.J., Ferry, J.D.,Livingood| J.J., 8 b Blanchard, M.H. SdenoeSO: 183. 1939. 
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Dielectric Absorption of 
Carboxyhemoglobin Solutions. 



FiouBB 5. DIdectric absorption ot carbosybemog^obin solatioxis: o, experimental measure¬ 
ments^ of (x ~ n)/oi curve A, (x — in)lg, and curve B, calculated from equation (1) 
using the constants recorded In tabi.s> 1 for the calorimetric method (Shack, Ph.D. 
Dissertation, Harvard University 50. 1939.) 

(iielectric increment varies somewhat with composition of solvent, ia- 
creasiDg with increasing water content. The dispersion curves, when 
analyzed for single critical frequencies, yield relaxation times which 
are directly proportional to the viscosities of the respective solvents 
(within 10%) . They are shown in bigubb 7. 

Zein^® 

The results on certain other protein solutions cannot be explained 
on the basis of a single critical frequency (and hence single relaxa- 

u The prolamines gUadln and secalln have also been studied. See AzrheziiiiB, S. Jour. 
Ohem. Phye. 6: 68. 1937. Williams, J. W., & Watson, C. C. Cold Spring Harbor 
Symposia Quant. BloL 6:208. 1938. Andrews, Dissertation Univ. of Wisconsin. 1938. 
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tion time). The measurements of Elliott and Williams^^ on zein 
are typical of this group of proteins. Eigtjbb 8, taken from their 
paper, shows how two Debye cmves may be used in the interpreta¬ 
tion of these data. 



ConcentraHon, Gm/Llter. 

Fioxjrd 6 Low frequency dielectric increments of horse serum proteinsw: 1. pseudoglohu- 
lin; 2-5, albumins of successlyely decreasing solubilities in concentrated ammonium sulfate 
solutions. (Ferry 55 Oncley, Jour. Am. Ohem. Soc. 60; 1129. 1938.) 


“Egg Albumin 

Egg albumin solutions are observed to eidiibit effects similar to 
those described from zein solutions.®' Here the experimental 
determination of the dispersion data is much more difiScult, how¬ 
ever, since the dielectric constant increment is small, the solutions 

Elliott, M. A., & Williams, J. W. Jour. Am. Ohem. Soc. 61: 718. 1939. See also 
Williams, J. W., & Watson, 0. C. Cold Spring Harbor Symposia Quant. Biol. 6; 208. 
1938. 

I* Ondey, J. L. Unpublished data. 
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Dispersion of the Dielectric Constant 
of Insulin Solutions 



-2 H 0 

Log^Q Frequency in Megacycles 


Fiqttbb 7. Dispersion of the dl^ectxic constant of insulin » in propylene glycol (vis- 
ooslty relative to mter, nr ■ 47.5); Cl, propylene glycol ^th 10% water (nr - 28); o, propy¬ 
lene glycol witli 20% water (i)r - 17). (Coluii Ferry, livingood, & Blanchard, Science 
90: 184. 1039.) 

are much more conducting, and the two dispersion curves are much 
closer together and hence more difficult to resolve. The results 
given here are for a fairly concentrated solution of about 9% egg 
albumin. More dilute solutions are being studied. Figubb 9 shows 
the disp^ion curve of such a solution, resolved into two Debye 
curves. The broken curve in this figure represent values calculated 
by means of equation (2) from conductances measured independently 
by the calorimetric method. 

Serum Pseudt^^bulin 

Similar results were also obtained by Ferry and Oncley^" “ in 
the ease of serum pseudoglobulin solutions. Curve 1 in figubb 4 il- 


u In this paper. Feny, J. D., a Ondey, J. Ik stated that the obserred dlqperaion coold 
be represented by a sum of two terms. Several possible interpretations of these two 
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lustrates this result, the heavy curve representing the result calcu¬ 
lated from equation (1) for a single critical frequency, and the 
broken curve representing the sum of two terms of equation (2). 
The low frequency dielectric increments Aeo are plotted as a func¬ 
tion of the concentration in pigxjee 6, curve 1, and show the same 
type of behavior as described for hemoglobin and serum albumin, 
except that the curve deviates from a linear relationship at the 
higher concentrations—an effect that may be related to the very 
high dipole moment of the pseudoglobulin molecule.^® 



Figube 8 . Dispersion of tlie dielectric constant of zelni?, sho'wing resolution into two 
Deb> e curves. (SSliott & Williams, Jour Am. Chem. Soc. 61: 721. 1939.) 

terms were discussed; thus, on p. 1130, they . . might be ascribed either to rota¬ 
tion of the same asymmetrical molecule about diflerent axes, or to the presence of two or 
more symmetrical molecular species.'* In the absence of Information concerning the 
molecular weight of the pesudoglobulin preparations employed, no attempt was made to 
eliminate either of these i> 08 sibilitie 8 . It was, however, pointed out that the calculated 
and observed relaxation times did net agree If the scanty data available were used with 
the interpretation involving two molecular species. This statement was presumably 
misunderstood by Elliott, M. A., & Williams, J. W. (Jour. Am. Cbem. Soo. 61 ; 724. 1939), 
who write “. . . the attempt was made to associate the two times of rdaxation with 

two diflerent molecular units of weight of 175,000 and 400,000 which were assumed to be 
present. In other words, the question of molecular asymmetry is not Involved here." 
Further investigations on pseudoglobulin preparations of known sedimentation constant, 
diffusion constant, and electrophoretic mobility are in progress; from these it should be 
possible to distinguish between the above hypothetical interpretations of the dielectric 
dispersion curves. The investigations referred to here have been discussed by Onolay, 
Jour. Phys. Chem., in press. The first interpretation of Ferry and Oncley, namely that 
the behavior **. . . might be ascribed ... to rotation of the same asymmetrical 
molecule about diflerent axes . . . has been borne out by these new data. 

30 Of. Fuoss, B. M. Jour. Am. Ohem. Soc. 56: 1031. 1984; 982. 1936. 
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of both parts of the complex dielectric constant throughout the dis¬ 
persion region for protein solutions. The mean values in this table 
are weighted, more weight being given to the low frequency bridge 
data and to the high frequency calorimetric data. Values enclosed 
in parentheses are calculated from equation (3). Fiotnasi 9 also 
compares the data obtained by these two methods in the case of egg 
albumin. 

Relaxation Time 

The values of the relaxation times for practically all proteins 
which have been investigated in a comprehensive fashion are 
recorded in columns two and three of table 2. The last four pro¬ 
teins recorded there have yielded two relaxation times, the others 
only one. If we assume that the protein molecule may be repre¬ 
sented by an ellipsoid of revolution, the treatment of Perrin®^ may be 
used to reduce the two observed relaxation times to and rt to values 
of the relaxation time of a sphere of equal volume, t®, and the axial 
ratio a/h. Here a is taken as the half-length of the ellipsoid along 
the geometric axis of rotation, and b as the equatorial radius. These 
values are recorded in columns four and six of table 2. The values 
to' column five, are calculated from the molecular volumes of these 
proteins as obtained from a combination of sedimentation velocity and 
diffusion measurements,®* using the equation V = BriV/BT, -q being 
the viscosity of water at 25® C, V the molecular volume, T the absolute 
temperature, and B the gas constant (8.31 X 10’^ ergs per ®C per 
mole). When only one relaxation time has been observed, calculations 
of this type cannot be made, and the asymmetry ratio a/b is obtained 
from the observed and the calculated relaxation times. The absence 
of a second relaxation time might be caused by any of at least three 
things; (1) the relaxation time may be so large as to fall in a 
frequency region not studied, (2) the magnitude of the dispersion 
may be so small as to make its measurement very difficult, and (3) 
the two relaxation times may be very nearly the same. The second 
of these suggestions is the most likely, since at present a dispersion 
would have to amount to at least 10 or 15% of the total dispersion 
if it were to be observed with much certainty. In cases where only 
one relaxation was observed, therefore, it is possible that this rota¬ 
tion may have involved either the long or the short geometric axis, 

» P«ais, 7. Jonr. Pbys. Badlnm. 5:497. 19S4. 

Tbese znolecnlar Tolomes are in some cases incompatible with the molecular weights 
given in column ten, tablb 2, which are weighted means of the molecular weights as 
obtained by various methods. (Cohn, S. Ohem. Bev. 24; 203. 1089.) 
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and there is some uncertainty in the calculation of a/b since the one 
observed relaxation time may be either to or tj. There is one re¬ 
striction, however, in that n/ro cannot be greater than 4/3 according 
to the equations of Perrin. All of the cases in t&bim 2 where only 
one relaxation time was observed have values of t/to' in excess of 4/3, 
so that any assumption of rotation about the long axis would neces¬ 
sitate the further assumption of sufficient hydration to reduce this 
ratio to at least 4/3. This seems to be the proper explanation in 
the case of gliadin, where the ratio is only slightly greater than 4/3 
and where the asymmetry is known to be high. In all other cases 
we have used the observed relaxation time as in the calculations 
in TABin 2. The agreement between the observed and calculated 
relaxation times for spheres of equivalent volmne is very satisfactory 
in most cases. However the observed relaxation times for serum 
pseudoglobulin are too large by a factor of almost two; and for in¬ 
sulin too small by a like factor. These discrepancies cannot be ade¬ 
quately explained on any simple basis, and require further investi¬ 
gation. 

Asymmetry 

The values obtained for the asymmetry, a/b, by the treatment 
just discussed are recorded in column six of table 2. For comparison 
we have also recorded assmimetries calculated from diffusion con¬ 
stants, using another equation of Perrin,^® and from viscosity, using 
equations of Guth.®* We are indebted to Dr. John W. Mehl for 
these comparisons. The agreement is quite satisfactory except in 
a few cases. The different asymmetries of horse and pig hemoglobin 
need further study. The assumption of a moderate degree of hydra¬ 
tion would make slight modifications of the asymmetries. The 
dielectric method for evaluating the shape of molecules when two 
relaxation times can be measured represents perhaps the only method 
as yet available for the calculation of asymmetry which is entirely 
independent of hydration. 


Dipole Moment 

The dipole moments of these proteins are recorded in column 
eleven of table 2. They are calculated from the equation’-^ 

_ tt = 2.9 VMAttIg, (5) 

Mpenin, P. Jour. Pliys. Radium. 7; 1. 1936. 

« Guth, S. KoUoid. Zcit. 74; 147. 1936. For more recent calculations of this type 
we haye used the newer equations of Slmha, which give somewhat smaller asymmetries. 
See Mehl, J. W,, Oncley, J. L., & Simha, &. Science 92:132. 1940, 
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Tiaing the values of the total dielectric increment and of the molecular 
weight recorded in colimms nine and ten. These dipole moments 
are seen to vary over a wide range, and to be of quite a different 
order of magnitude from known moments of other t 3 q)es of mole¬ 
cules. These large moments are due largely to the high molecular 
weight of the proteins, however, and really represent a high degree 
of electrical symmetry in these structures. Thus hemoglobin with 
at least seventy-five positively and negatively charged groups^ 
could have a moment of the order of 500 Debye units if only two 
pairs of charged groups were placed at a maximum distance apart 
(assriming a spherical shape). In the cases where two terms were 
observed in the dispersion equations, we may calculate the com¬ 
ponents of the dipole moment along the long and the short axes; 
this result can also be expressed in terms of a “dipole angle,” ®, 
representing the angle between the axis, a, of the ellipsoid and the 
dipole moment vector. This dipole angle is thus defined by the 
equation 


tan © = yi/yio = V^etJAtta (6) 

and is recorded in the last column of table 2. This angle has been 
measured only in cases where it is in the general region of 35 to 45°, 
probably because the experimental studies have given resolvable 
curves only when tan © is of the order of unity. It would seem 
rather unlikely that this angle should be much larger than 45° in 
the case of the more asymmetrical molecules; gliadin may, how¬ 
ever, be an exception to this statement. 

SUMMARY 

Dielectric dispersion data for protein solutions can be obtained 
with a satisfactory degree of accuracy by two totally different 
methods, one for capacitance and one for conductance. The inter¬ 
pretation of these measurements in terms of critical frequencies and 
increments can be made with but little ambiguity. When compared 
with similar studies on other macromolecules they seem to indicate 
a characteristic degree of rigidity in protein structures. Absolute 
values of size, shape, and dipole moment calculated from these 
measurements will be slightly affected by the application of various 
equations for the dielectric behavior of protein solutions, but the 
empirical relations of Wyman as used in the calculations of this 

" Cobn, B. J. Chem Bev. 19: 241. 1936. 
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paper cannot give results far in error. The minor discrepancies in the 
interpretation of certain points must first be checked to eliminate 
any possibility of experimental errors, and then we may have to 
attempt to describe the structure of the protein molecule to a higher 
degree of approximation. It may be that the assumption of elongated 
ellipsoids of revolution is not of sufficient generality, and that the 
assumption of fixed charge distribution, and therefore definite per¬ 
manent moment, must be modified by a more detailed study of the 
ionization of the various acidic and basic groups of the protein. 
Furthermore, the development of experimental methods capable of 
dealing with solutions of higher conductance would be of great 
value. It is clear, however, that dielectric measurements inter¬ 
preted on the basis of the simple theory which has been developed 
are capable of contributing considerably to our knowledge of the 
size, shape, and electrical symmetry of protein molecules. 



POLARIZATION MEASUREMENTS ON CARBOX¬ 
YLIC ACIDS IN DILUTE SOLUTION IN 
NON-POLAR SOLVENTS 


By Hebbebt A. Fohl,* Mabcus E. Hobbs, and PauIj M. Gboss 
From {he DeportmerU of Chemtsiry, Dvke Unweraity, Durham, North Carokna 

The effective use of dielectric polarization measurements in in¬ 
vestigating the association of polar molecules in non-polar solvents 
has been largely confined to a study of the association of alcohols. 
These show significant changes in their state of aggregation in a 
range of concentrations suiSciently high so that the equipment and 
methods hitherto available for dielectric constant measurements in 
solutions can be successfully applied to the investigation of their 
extent of association. 

The case of the carboxylic acids in non-polar solvents is quite 
different. Freezing point determinations show that extremely low 
concentrations must be attained before significant changes in the 
state of aggregation occur. This range of concentrations in the 
case of many of the acids lies below 2 X 10~® mole fraction. As 
a consequence it has been difficult to make sufficiently accurate 
measurements by most of the methods for molecular weight deter¬ 
mination in solution to yield quantitative information about the 
molecular state of these acids in dilute solution in non-polar solvents. 
While it has been possible to use the freezing point method, this is 
applicable only at a single temperature and so gives information 
about temperature coefficients and energies of association only 
through the use of estimates made at other temperatures by other 
methods. 

In this paper a description will be given of some of the improve¬ 
ments which were made in apparatus and methods in order to cany 
out dielectric polarization measurements in very low concentrations 
in non-polar solvents under anhydrous conditions. In view of the 
low concentrations involved it is necessary to include a comprehen¬ 
sive statement of the errors of the method. A detailed discussion 
of the methods employed for int^reting and analyzing the results 
from the standpoint of the association of the solutes is also included. 

♦ Part of a thesis by Herbert A. Pohl submitted in partial folfliment of the require¬ 
ments for the degree of Ph.D. in Chemistry at Duke University. 

( 389 ) 
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THE CALCULATION OF POLARIZATION IN SOLUTIONS 

The Debye equation for the determination of polarizations in solu¬ 
tions serves as a basis for the discussion of the modifications in 
experimental methods and procedure. 

Mifi + M 2/2 En ~ 1 fi — 1 Ml 
Ilis + 2 ~ ^ ‘ El+ 2 ' 

The subscripts 1 and 2 and 12 refer to solvent, solute and the solu¬ 
tion respectively. P is the polarization, E the dielectric constant, 
M the molecular weight, d the density and / the mole fraction. 
Since in the dilute solutions under consideration the experimental 
problem is essentially one of precise determination of increments in 
E and d due to increasing additions of solute it is convenient to 
rearrange equation (1) by use of the relations 

1 TFi Idt 

— ~ 1 = — • —, ^E — Eii ~ El and Ad = di 2 ~ di 

ft Ml 

where Wi and W 2 refer to the wei^ts of solvent and solute. On 
putting E — Ei and d = di, (1) becomes 

WirE + kE -I 1 jE; - 1 1 T 

Ft =» Mt— —--1- 

Wt U1 + kE +2 id + kd) E + 2 dj 

E+ kE -1 1 

Mt— -(2) 

E+kE + 2 d + kd 

As the difference e:q)ression in the first term is the chief source of 
difficulties in computation it is advantageous to expand (2) giving 


M^iKikE - Kikd 
Wt 


Kf kE- kd) + MtiE + kE - 1) 


where 


Ki = 


E + 2 


iE kE -f- 2) (d “h Ad) 

E-l E-1 

’, - ;—> — 


(3) 


E + 2 


£ 

T 


Equation (3) is an exact form of the Debye equation. It allows 
a very rapid computation especially if the specific rather than tiie 
molar polarization is calculated. For purposes of approximate cal¬ 
culation the term containing AF'Ad may be dropped at concentra¬ 
tions less than 0.02 mole fraction with negligible error in most cases. 
The changes in the values of (F-4-AB-f 2), (E-fAE —1) and 
(d -j- kd) produced by variation of Ai? and Ad are small and readily 
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made by inspection. As AE and Ad approach zero, equation (3) 
becomes the same as the Hedestrand^ equation which has the form 




3 Pi 


AE 


where 


E^ + E -2 
Pi *■ 


/* 

E-1 Ml 


d 


Ad Pi 
— + —-Mt 
h Ml 


(5) 


P “f" 2 d 
AE Ad 

This equation, which assumes that — and — are constant for small 

ft ft 

values of / 2 , is useful for rapid approximation of Pa from the observed 
AE Ad 

values of — and — at any particular concentration. It is also a 
ft ft 

useful form to employ in discussing the magnitude of various errors 
as will be seen later. 

For associated solutes which exist in solution in several different 
molecular states the value Pa in the Debye equation is the average 
polarization per monomeric formula weight of the solute if the mole 
fraction fa of solute is calculated on the basis of the formula of the 
monomeric form and Ma is taken as the molecular weight of the 
monomer. 


EXPERIMENTAL EQUIPMENT 

1. The oscillators and electrical circuits have been described 
previously.2 In the present investigation they are used in conjunc¬ 
tion with a liquid instead of a gas condenser. 

2. The liquid condenser consists essentially of three concentric 
cylinders of monel, the second cylinder being the hi^ potential 
one. The capacity was approximately 450 mmfd. and the liquid 
volume approximately 400 cc. The completed condenser was made 
so that it could be submerged completely. Two small tubes lead¬ 
ing down to the condenser served to admit and withdraw the con¬ 
tents. The whole condenser was tubular in shape and permitted a 
flow of the thermostat water inside and out thus insuring a rapid 
and effective temperature control. Fiquhe: 1 show the details of the 
condenser. The hi^ potential cylinder was insulated and supported 
by six quartz rods, two of which are shown in the figure. A device 
for switching from the liquid condenser to a 2000 mmfd. reference 
condenser has been previously described.^ 

1 Hedestnad, G. Zelt. phyeikal. Ohem. B 2: 428. 1929. 

3 Hobbs, M. E., Jftcofces, J. W., & Gross, P. M. Rev. ScL Instnuuents April, 1940. 
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3. The high potential leads ■were constructed as shown in bigtjbe 
2. Polystyrene discs may be substituted for the quartz without 
loss of insulating value. 

4. All transfers of solvents, solute, and solutions wore under an¬ 
hydrous conditions insofar as possible. A “dry box” made from a 



F1G17BB 1. 

section of an alcohol drum, greatly facilitated carrying out the trans¬ 
fers (hqxjbb 2). CaCU on the floor of the box was used as the 
desiccating agent. The transfer of solvent to the condenser was 
made by distilling directly into a transfer flask (iigxjbb 3) and forc¬ 
ing the liquid from the flask into the condenser with dry nitrogen. 

5. Stodr solutions of the solute were introduced into the condenser 
by means of a weight burette (figdbbi 4). The stopcock was lubri¬ 
cated with “glydag.” This lubricant was found to be quite satis¬ 
factory. 
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GROUNDED ^H/EID 
fBRA5S Pi PE 


D/SKG 







HIGH ‘ POTSNTIAL 
CONDUCrOfi 


HIGH POTENTIAL LEAD 



6. The assembled equipment including the receiving flask (biqube 
5) is shown in piquee 6. All outlets were protected from atmos¬ 
pheric moisture and only dry Na was allowed to enter the condenser 
during the period of a measurement. 

7. The pycnometers used in the density determinations were of the 
type described by Connell, Vosbiirgh, and Butler.® 

8. The water tiiermostat used maintained an average temperature 
constant to ± 0.003“ G over a period of one day, and did not vary 


s Connell, L. C., Vosbnrgh, W. C., & BnUer, J. A. V. Jonr. Chem Soc 933 1933. 
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more than ± 0.03° C during two months of operation. The usual 
vacuum tube type control was employed. 

9. The only calibration necessary was that of the capacity of the 



TRANSFER FLASK 

Fzgubs 3. 


liquid condenser. This was done with benzene and dry air assuming 
a value of 2.2627 for the dielectric constant of benzene at 30° C and 
a value of 1.00057 for that of air at 30° C and 1 atmosphere. The 
other parts of the apparatus had been previously calibrated.® 
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WEIGHT BURETTE 


FiauBB 4. 

DETAILS OF MEASUREMENTS 

Prior to starting a measurement all equipment was carefully 
cleaned, dried and then rinsed witti pure <hy dust-free solvent. 
All equipment except tiie liquid condenser was then dried with 
dust-free air. The liquid condenser was further rinsed several 
times with pure dry solvent and then finally dried with a stream 
of Ns which had passed over PsOg. 
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A portion of the solvent present in the transfer flask was removed 
to be used in making the stock solution of solute. The condenser 
was then filled with some of the remaining solvent from the transfer 
flask and rinsed. Then it was filled again with solvent and a sample 
of solvent taken from the condenser for the density measurement. 
The volume of solvent in the condenser was accurately adjusted 



FiauBB 5. 

at this time. The solvent was then displaced several times from 
the condenser to the receiving flask by the pressure of dry N 2 . The 
value of the capacitance of the condenser was found to shift very 
slightly during these displacements as will be noted in the section 
on errors. 

After the value of the capacity of the solvent filled condenser 
had been determined a small quantity of stock solute solution was 
introduced into the receiving fiask. The solvent and solute were 
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then mixed by two displacements of the liquid from the condenser 
into the receiving flask. This was shown to be adequate. Fifteen 
minutes after the mixing the solution had come to constant tempera¬ 
ture so the capacity increment, AC, in the capacity of the condenser 
could be meastured. Readings of capacity were alwasrs referred to 
a reference capacity so that drifts in the oscillator frequencies were 
practically eliminated. Successive additions of solute were made in 



ASSEMBLED APPARATUS 


Fzqubb 6. 


the maimer described above and AC measured in each case. The 
density of the final solution was determined in the same pycnometer 
used for determining the density of the solvent, thus the total density, 
increment. Ad, was determined rather precisely. Ad is given by 
AM 

where AM is the different in mass of the pycnometer when filled 

with solvent and then filled with solution. F is the pycnometer 
volume. The values of AE, or dielectric constant increments for the 


various solutions were calculated 
capacity of the liquid condenser. 


by 



where C«,o 


is the vacuum 
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All measurements were made at 30.00 ± .06“ C. The variation 
of the condenser temperature during a particular measurement did 
not exceed ± 0 . 002 “ C. 

PREPARATION AND PURIFICATION OF MATERIALS 

Benzene 

Kahlbaum benzene which had been dried over P 2 O 5 was refluxed 
over sodium for at least ten hours and then distilled through a 
180 cm. Dufton column. All except a small low-boiling fraction 
distilled within 0.01“ range. The benzene was fiurther purified by 
fractional crystallization until a freezing range of 0 . 01 ° C or less 
was obtained. Before use in a measurement, the benzene was re¬ 
fluxed over sodium for at least two hours and then after two hundred 
cc. were distilled to rinse moisture from the distilling column, the 
remainder was distilled directly into the transfer flask. 

The boiling point found was 80.10“, = 0.86835. Timmer¬ 

mans^ gives B. P. = 80.20“, d 4 «®®“ = 0.86844. Wojciechowski® gives 
B. P. = 80.093“ ± 0 . 002 “ on benzene from four sources. Cohen and 
Buij® give B. P. = 80.2“ and d 4 o®®“ = 0.86844. 

Heptane 

The heptane used had been previously washed with sulphuric acid, 
sodium hydroxide and then fractionally distilled from so^um. This 
material was twice redistilled from sodium before use in the presrait 
work. It boiled over a 0.04“ C range. This was refluxed for six 
hours over sodium before distilling it into the transfer flask for the 
measurement. d 4 »®®“ = 0.67475. 

Acetic Add 

Two liters of C. P. acid was found to freeze at 16.0“. This was 
fractionally crystallized until the freezing point was 16.4, and was 
then fractionally distilled in a Widmer column. Tlie freezing point 
of 16.63“ ± 0.06“ was unchanged by further crystallization. Tim¬ 
mermans^ gives 16.55“ C as the freezing point. 

Formic Add 

A sample of Kahlbaum formic acid was fractionally crystallized 
once and then distilled in an all-glass Widmer still. B. P. 100 . 2 “, 

4 TbmnemiaDS, 3., & Mutts, F. Josr. Ohlm. Phys. S3; 7S8. 1926. 

• Wojeieehovdd, BoczbIM Obem. 16; S34. 1936. 

* *■' * Physlkal. Obem. B 35: 270. 1937. 

» Tmnnwmiaiw , M. J., & Bennutt-Bolud, Mme. Jour. Ohlm. Phys. 27; 401. 1980. 
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FiauBE 7. 


uncorr., range 0.15® C. This acid was fractionally crystallized six 
times and was found to melt at 8.6® C =ii 0.1 over a range of 0.07® C. 
Timmermans’’^ gives 8.40® C. The critical solution temperature in 
anhydrous benzene according to the method of Ewins® was deter¬ 
mined and found to be 73.4® 0.3® C. thus indicating that the 

present sample probably contains less than 0.02% water. 

■Ewins, A. J. Jonr. Ohem. Soc. 105: 5S0. 1914. 
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Propionic Acid 

Fractional distillation is regarded by Timmermans’ as a satisfac¬ 
tory method of purification. A sample of Kahlbaum acid was frac¬ 
tionally distilled in a Widmer column four times. The final sample 
of 45 grams boiled over a range of 0.07° 0. B. P. = 141.5 ±0.2°; 



Figitbs 8. 

Timmermans'^ gives 141.35® C. A rough determination of the freezing 
point gave a value of —22° C ± 1° C. Timmermans gives —20.8° C. 

Trimethyl Acetic Acid 

A sample of Eastman Kodak material was fractionally distilled, 
B. P. 164.15 ± 0.20° C. After distillation it was fractionally crys¬ 
tallized three times, redistilled and the crystals dried over P 2 OB for 
twenty-four hours. 
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Monochloro Acetic Add 

An Eastman Kodak sample was fractionally crystallized three 
times and was then recrystallized six times from benzene. The crys¬ 
tals after each precipitation were washed with cold benzene and dried 
over 99% H 2 SO 4 in a vacuum desiccator in accordance with the 
method suggested by P. M. Gross.® M. P. = 62.3 ± 0.5®, range 
= 0 . 2 ®. 


> GrosSi P« M. Ph.P. Dissertation, Ckilumbia University. 1919. 
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Benzoic Add 

A sample of standard benzoic acid from the Bureau of Standards 
was used without further treatment. 


Butyric Add 

Kablbaum acid was fractionally distilled three times in a Widmer 
column and then fractionally crystallized twice. The product of the 
second crystallization gave a melting point of —5.7° C with a range 
of 0.1° C. 

EXPLANATION OF TABLES 

The following tables contain the data obtained by measurement of 
the dielectric constants, densities and mole fractions of the various 
solutions. 

fi — mole fraction of the solute 

AE = increment in the dielectric constant of the solution over that 
of the solvent 

Pz = average polarization of the solute per molecular weight Ma 
of solute stated 
Ad 

—= ratio of the increment of density to mole fraction. 

j^or convenience of reference the constants for the solvents which 
were used in calculating the polarizations are listed below. 

^Benmne — 78.06 
^BeptoiM — 100.19 
d*®® Benzene = .86836 
d 4 ®® Heptane = .67475 
(30°) =2.2627 
Eh»pu», (30°) =1.910 

The last value is an average of the value given by Smyth^® and 
that of d^ruyne.^^ 


» Saiyai, C. P., & Walls, W. S. Jour. Am. Obem. Soc. 64; 1850. 1082. 
u daBrnjme, 9. M. A., Davis, S. M., & Oioss, P. M. Jour. Am. Obem. Soc. 66: 3086. 
1033. 
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Tabmi 1 

Chlobobenzbne in Benzene (30® C) 


X 10» 

AE X 10» 

Pa 

0.0683 

0.236 

81.6 

0.2408 

0.836 

81.8 

0.3408 

1.189 

82.1 

0.3730 

1.284 

81.4 

0.5192 

1.810 

82.1 

0.6606 

2.317 

82.4 

0.7756 

2.710 

82.2 

0.8690 

3.020 

81.9 

1.089 

3.829 

82.5 

2.140 

7.517 

82.4 

2.642 

9.280 

82.5 

5.810 

20.470 

82.6 

8.300 

28.870 

82.0 

Ad 

— =0.264 

/i 

Pa®® = 82.2 

/i = 1.58 X 10-18 

Mt = 112.56 

Rji = 31.4 



Table 2 

Formic Acid in Benzene (30® C) 


St X 10» 

AE X 10« 

Pt 

0.1121 

0.423 

68.8 

0.1601 

0.479 

57.2 

0.4902 

1.280 

51.5 

0.6981 

1.673 

48.4 

1.634 

3.161 

41.5 

2.286 

4.045 

39.0 

6.392 

8.376 

32.2 

8.464 

10.294 

30.7 

12.965 

14.129 

28.8 

15.103 

15.931 

28.3 

Ad 

= 0.0946 Mi = 46.03 
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TablbS 

Fobmic Acid in Haptanb (30“ C) 


A X103 

AE X 103 

p. 

0.2877 

0.091 

20.9 

0.3235 

0.123 

22.8 

0.8806 

0.240 

19.6 

0.9900 

0.218 

18.1 

2.233 

0.454 

17.6 

3.368 

0.677 

17.5 

3.459 

0.639 

17.1 

9.162 

1.572 

16.7 

15.515 

2.812 

17.0 

M 

A 

* 0.0820 M , « 46.03 



Tablb 4 

Acbtic Acid m Benzene (30® C) 

Series 

/» X 10* 

AEX10> 

p» 

(1) 

0.0548 

0.150 

58.7 

(2) 

0.1351 

0.299 

50,9 

(1) 

0.2506 

0.475 

46.0 

(2) 

0.2885 

0.631 

45.3 

(2) 

0.5894 

0.865 

39.8 

(3) 

0.7380 

1.017 

38.5 

(1) 

1.039 

1.249 

35.8 

(4) 

1.541 

1.634 

33.7 

(2) 

1.657 

1.661 

33.8 

(3) 

2.498 

2.315 

31.7 

(1) 

2.826 

2.454 

30.9 

(4) 

2,931 

2.502 

30.6 

(3) 

4.940 

3.709 

29.1 

(1) 

7.946 

6.146 

27.6 

(1) 

12.37 

7.236 

26.6 

(3) 

14.18 

8.323 

26.5 


o 

II 

Mi «= 60.05 
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Table 5 

Acetic Acid in Heptane (30® C) 


/a X 10» 

AE X 10» 

Pa 

0.1543 

0.072 

28.2 

0.3771 

0.136 

25.2 

0.6091 

0.198 

24.2 

1.3903 

0.418 

23.5 

1.7120 

0.499 

23.2 

3.3053 

0.911 

22.8 

5.544 

1.497 

22.6 

6.218 

1.650 

22.5 

11.302 

2.917 

22.2 

11.531 

2.998 

22.8 

Ad 

h 

-0.1164 21/2 = 60.05 



Table 6 

Pbopionic Acid in Benzene (30® C) 


ft X 10» 

APX10» 

Ft 

0.0191 

0.078 

80.0 

0.1037 

0.237 

66.7 

0.1112 

0.249 

56.1 

0.4248 

0.660 

45.9 

0.4780 

0.694 

44.4 

1.277 

1.333 

38.3 

1.302 

1.371 

38.5 

3.474 

2.616 

34.0 

3.883 

2.631 

32.9 

6.908 

4.245 

32.0 

7.695 

4.281 

31.1 

Ad 

ft 

= 0.0781 Afa = 74.05 
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Table 7 

Butyric Acid in Benzene (30® C) 


ft X 10** 

X lO-J 

?2 

0.0569 

0.188 

76.4 

0.0842 

0.193 

61.2 

0.1493 

0.331 

60.2 

0.3080 

0.508 

51.8 

0.5408 

0.856 

50.8 

0.6787 

0.923 

47.4 

0.8907 

1.221 

47.6 

1.063 

1.198 

43.8 

1.517 

1.588 

42.8 

3.223 

2.534 

38.9 

5.627 

3.977 

37.7 

8.510 

5.000 

36.0 

10.330 

5 798 

35.6 

10.565 

6.428 

36.3 

M 

ft 

= 0.0906 88.06 



Table 8 

Trimethyl Acetic Acid in Benzene (30® C) 

/» X 10® 

AE X 10» 

Pi 

0.0376 

0.090 

72.4 

0.1082 

0.205 

61.8 

0.4162 

0.482 

52.4 

0.6252 

0.604 

47.9 

1.118 

0.899 

46.6 

2.102 

1.411 

43.6 

3.247 

1.746 

42.3 

3.764 

2.027 

41.6 

8.235 

3.195 

39.9 

M 

/* 

= 0.0423 102.13 
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Table 9 

Benzoic Acid in Benzene (30® C) 


/a X 103 

AE X 10® 

P2 

0.1154 

0.361 

77.7 

0.1627 

0.465 

73.7 

0.3516 

0.856 

67.5 

0.5825 

1.266 

63.6 

1.342 

2.473 

58.7 

2.368 

3.919 

56.9 

4.357 

6.528 

53.6 

5.482 

7.967 

52.9 

8.096 

11.134 

51.7 

9.727 

12.150 

51.4 

h 

= 0.3357 ilfn* 122.12 



Table 10 

Monochloboacetic Acid in Benzene (30® C) 

/s X 10» 

AE X 10» 

Pt 

0.1051 

0.665 

114.3 

0.1358 

0.841 

112.2 

0.6193 

3.120 

95.1 

0.6328 

3.189 

95.2 

1.862 

7.901 

83.3 

1.884 

7.970 

83.1 

4.729 

17.516 

75.1 

5.248 

19.167 

74.4 

10.066 

33.984 

70.1 

11.095 

37.196 

69.7 

M 

/a 

= 0.3846 Ms = 94.70 
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DISCUSSION OF ERRORS 

As will be indicated later tlie present measurements extend to a 
range of concentrations considerably lower than the measurements 
of most previous workers. It is desirable therefore to discuss in 
some detail, at this point, the sources and magnitudes of the errors 
which may affect the measurements. 

The Hedestrand approximation formula^ for the molar polariza¬ 
tion given by 

+ E-2) h 

is well adapted to the discussion of errors in dilute solution polariza¬ 
tion measurements. 

Most of the errors in Pz noay be conveniently considered from the 
standpoint of separate errors in the quantities E, Mi, Mz, d, fz, and 
aE, and Ad. As may be anticipated errors in aE will be the ones 
which seriously limit the precision obtainable in the dilute solution 
region. The effect of an imcertainty in E, Mi, Mz, and d may be 
shown^^ to be given by 


SP2 

1 

< 

1 

•r> 

1 


(1) 

P2 

\ d-fzPz) d 


8Pa 

/ Pi AE\ 

E - ^E 

1 

(2) 

Ps 

' (B -1)(.E+ 2) ■ E 

8P2 

P* 

P 1 M 2 

~ PzMi Mz 


( 3 ) 

8P* 

r 3AP 

Ad 1 Pi 8M1 

(4) 

P* 

~l(E^ + E-2)-fz 

/2-dJp* Ml 


Similarly the effect of an uncertainty in AE, Ad, and fz is given by 
iPz P, • 3 • AS 3(AP) 

— ■— - .. (u) 

Ps Pz- (.E^ + E-2)-fz AE 

SPs Pi • Ad 8(Ad) 

— -—i (6) 

Ps Ps • d • /* Ad 

8P2 _ r Pi • Ad Pi • 3 • A£f 1 8/2 

P* ~\.Pz-d-fz ~ Pz{E^ + E - 2) • fz jir 
In general the values of the variables are such as to make the frac¬ 
tional error in Pz approximately equal to the fractional errors of d in 


Midler, F. H. Ph^sikal. Zdt. 83: 689; Trans. Faraday Soc. 30; 729. 1930. 
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(1), of M 2 in (3), of JIfi in (4) and of Ai? in (5). The fractional 
errors in P 2 are less than the fractional error in Ad in ^6) and about 
equal to the fractional error of /2 in (7). In certain cases the frac- 



Fioubb 10, 


tional error of P 2 may become as much as eight times the fractional 
error in in (2), however, the factor will usually not exceed foiur. 
The estimated errors in parts per thousand for d, E, M 2 , and Jkfi are 
respectively 0.1, 0.3,1.0, and 1.0. Thus we may in general expect an 
error in the absolute magnitude of P 2 , from these sources of the order 
of about 4 parts per thousand, or 0.4%. The errors in A® are, in 
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the present experiments, the most important, and will be given de¬ 
tailed consideration. aE is defined experimentally by 


AE 


Acap, 



where Aoap. is the change in capacity of the liquid condenser and 
Ceoo is that part of the vacuum capacity of the liquid condenser 
which is available for change by means of introduction of a dielectric 
medium. Since Ctae may be rather easily established to a precision 
of 0,2 — 0.4 parts per 1000, we may e^ect the errors in AE to 
originate almost entirely from errors in Atop. 
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The chief errors in Aoap. may be listed as the following, (1) 
Errors due to the inductance of the leads between the measuring 
condenser and the liquid condenser. (2) The effect of the resistance 
of the solution being measured on the effective capacitance of Cuq, 
(3) Change of the reference air condenser capacitance during a 
measurement. This may be caused by a change in pressure, or by a 
change in temperature of the air. (4) Change of the temperature of 
the liquid in the liquid condenser during a measurement. (5) A 



change in frequency of the oscillators during the course of a measure¬ 
ment of the reference capacitance and the liquid capacitance. (6) A 
change which appears as an apparent change in the E of the liquid in 
the course of repeated displacements of the liquid from, and its 
return to, the condenser even though no solute is added. (7) The 
uncertainty in setting and reading the position of the meter arm on 
the calibrated glass scale. (8) A calibration imcertainty of approxi¬ 
mately 1 part per 1000. There may be other small error contribu¬ 
tions such as failure of a linear relation between measured capacity 
differences of the liquid condemser and computed dielectric values 



412 


ANNALS NEW YORK ACADEMY OF SCIENCES 


even in the small range of dielectric values involved. It is felt, how¬ 
ever, that the lumped effect of all these would not significantly change 
the estimates which follow. 



Considering these uncertainties in the order named and without 
regard to sign we find that the inductance correction may be made 
relatively small if the value of C®oo is determined through the same 
lead system as Apop. The remaining error is of the order of 3-5 
parts per 1000 in the absolute value of AE. 
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The resistance of the solution changes with each addition of solute, 
but as may be seen from the following equation the changes produced 
are very small if C, B and W are large. 

_ 1 + W^C<‘R!‘ ^ 

— -- C 

Here is the effective capacitance of C if it is in a circuit where 
W = 2vf, the frequency being /, and iZ is the resistance considered 
as a shunt across the condenser. Estimation of B offers some dif¬ 
ficulty but if one assumes as an approximation that the conductivity 
of acetic acid solutions in benzene is proportional to the mole frac¬ 
tion and uses the value of P. M. Gross® for the specific conductivity 
of pure acetic acid of 2.6 X 10”* ohms”^, the conductivity may 
be calculated by 

Cii — fl Cl + fi fj 

where ci 2 , ci and ca are conductivities of the solution, the solvent, 
and the solute, and fi and U are mole fractions. Using ci = 3 X 
10“^® one obtains 

jB = 1.6 X 10® ohms. 

Since W = 3 X 10® and C = 6 X 10”^® farads, one obtains 

1 + 5X10^° 

6 X 10>® 

In this case the effective capacity is practically identical with the 
real capacity and the resistance factor is negligible. 

The change of the reference air capacitance due to pressure may be 
calculated in the following way 

3P 

lE =-Sp 2=: 8 X 10”^ Sp 

BT 

where F= molar polarization of air, and p is pressure, B the gas 
constant, and T the absolute temperature. If Sp = 0.2 mm. 

IE X 10-® 

and if the 8p occurred during a measurement of Acrov. the error in 

AE is (SE) — and is then S(AB) s^s (0.2 X 10”®) (2) ^0.4 X 10”®. 
Ela 

The error due to change of temperature is readily seen to be 

3P 

iE => -8T ~ 2 X 10”* hT 

PT® 
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and since the reference condenser is thermostated we may assume 


sr = O.^C. 


ZE 0.2 X 10-“ 

^i^B) (0.2 X 10-*) (2) c^O.4 X 10"* 

The effect of the change of temperature of the liquid on AS is 
readily obtained by the relation for benzene 

8S = - 0.00261’ 

« 

Since the liquid condenser was thermostated so that maximum ex¬ 
pected change during a measurement of Aoop. was less than 0.002® C 
we may write 

8(AS) = 4 X 10-* 


The uncertainty in AS due to a change in the frequency, /, during 
the time needed for comparison of the liquid condenser capacitance 
with the reference condenser may be calculated in the following 
manner 



and since C 4700AiSi units and / ^ 5 X 10“* cycles/sec one ob¬ 
tains 


SC 19 X 10-* 6/ 

Since f was stable to better tlian 0.2 cycles per second for this interval, 
we may write 


or smce 


36'=:: 3.8 X 10-* 

„ 8C 3.8 X 10-* 

8S =-~-cii 4 X 10-* 

Cvaa 912 


or 6(AS) ~ (2) (4 X 10-«) = 8 X 10-* 

Since two E readings must be made to obtain AS. 

The uncertainty in AS due to the apparent changes in S when the 
liquid is diplaced from, and then returned to the condenser was found 
by repeated trial, to be an effect amounting on the average to ap¬ 
proximately 7 X 10”* in AS, therefore from this source 


8(AS) = 7 X 10-* 

The uncertainty in reading the difference between the capacitance 
of the reference and of the liquid condenser is approximately 2 X 
10“® in S and since two such differences mtist be measured 


8(AS)=!i4 X 10-* 
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The calibration uncertainty of 1 in 10® for Acap. leads to 

= 1 X 10-6 

In order to calculate the total variable uncertainty in aE with¬ 
out regard to sign we must sum all contributions except that con¬ 
tributed by the inductance. These are tabulated below. 


Source 

Reference condenser 

P —^variation. 

T —^variation. 

Liquid condenser 

Temperature. 

Frequency changes. 

Displacement changes... 
Reading of arm positions 
Calibration. 


Error in {AE) X 10« 

.0.4 

.0,4 

.4 

.8 

.7 

.4 

. 1 

26 


This total S(AB) of 25 X 10~® leads one to anticipate rather larger 
deviations in P 2 than are actually observed. This might well be the 
case as cancellation of errors of opposite sign occurs and no account 
has been taken of this in the summation. In general the observed 
deviations are of the order of 2-3 cc. in P 2 in solutions where /s = 
1 X 10"^ and approximately 0.2-0.3 cc in P 2 where /2 == 1 X 10“®. 

The error in Ad is not particularly important as the entire Ad term 
in the Hedestrand formula is relatively small and seldom exceeds, 
in the present cases, 25% of the total P 2 value. Since Schulz^® has 
shown that the densities of several carboxylic acids in benzene, cy¬ 
clohexane and dioxane vary linearly with concentrations over the 

Ad 

range /2 = 5 X 10“^^ to 6 X 10“®, the assumption that-is con- 

h 

slant was made in all calculations. The measurement of Ad in¬ 
volved the measurement of aM, the increase in mass of a pycnometer 
when filled with a solution over that when filled with solvent, and V, 
the volume of the pycnometer respectively, viz. 


5(Ad) 

d 


M 


AM 
V 

a(AM) B(Ad) 
M ' d 


87 

7 


13 Schulz, G. Zeit. Physdkal. Chem. B40: 151. 1938. 
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Now 8F is of order of 0.2 per 1000 therefore 8 (Ad) is negligibly 
effected by an error in V. The actual error in AM from adjusting 
levels is approximately 0.4 mg., from temperattire changes ap¬ 
proximately 0.3 mg., and from weighing approximately 0.2 mg. 
Choosing an average value of AM = 100 mg. one obtains a fractional 
error in Ad of 9 parts per 1000. In general the actual observed 
reproducibility of the Ad is about 4 parts per 1000. 

The imcertainty of /a may be evaluated from the following relations. 


1 Wi Mi 

IT ~ WiMi 


8/j 

-/2- 

M2 Wi 

Wi 

/s 

8/* 

Ml IT* 
Mi Wi 

Wi 

STF 2 


fi ■ 

MiWi 

W2 


where Wi is weight of solvent, Wz weight of solute, and Mi and Mi 
the molecular weight of solvent and solute respectively. As may be 
readily seen the fractional error in /a is approximately equal to the 
fractional error in Wi and in Wi and /a is small compared to 1. 
Becaiue of the very dilute solutions required it was found necessary 
to use stock solutions made up from the solute and solvent in suit¬ 
able proportions. A detailed consideration, based on experimental 
measurements of losses during transfer and calculation of losses due 
to vaporization, leads to an anticipated average error in /a of about 
1-2 parts per 1000 in very dilute solutions and about 0.5 part per 
1000 in more concentrated regions. 

A source of error not previously mentioned is that arising from 
impurities. The impurity may bo in the solute, or in the solvent. 
Inspection of the freezing point, and boiling point ranges of the 
solutes used in this investigation indicates that, as a close approxima¬ 
tion, the total impurities present did not exceed 0.5%. It is esti¬ 
mated that their water content in no case exceeded 0.1%. 

The impurities in the solvent may be either of two kinds, (1) those 
that have no specific effects, or reaction on or with, the solute and 
(2) those which do react with the solute, e. g., water. Reasonable 
purification of the solvent in regard to impurities of the first class 
is sufficient to reduce this source of error until it is negligible. For 
substances of the second class a much more careful purification and 
continued care in handling is necessary. This case may be illustrated 
by supposing an equi-mole fraction mixture of water and acid in 
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benzene as a solvent. As an estimate vre might anticipate a 50% 
change in the Pz which would be observed as compared with that 
which would have been observed if no water had been present. 
Thus, if we wish to measure compounds at concentrations where 
fs = 10“^ with a precision of 1 part per 1000, impurities such as 
water woiild have to be reduced to less than 2 X 10“’ mole fraction. 
This estunate shows how important it is that reactive impurities 
be removed from the solvent. 

In TABLE 11 the errors which effect the reproducibility of P 2 are 

Tabus 11 


Ebrobs Comfutbd bob thb Cask or Acbtic Acid in Benzene 



0.15X10“^ = 

=0.40X10-» AE=1.0X10-» 

Aff =6.0X10-* 

Errors in AE /2 = 

5X10-® fz 

=2X10-*^ 

/s=lX10-* 

/,=ixio-* 

Source 


S(AE)X10-^ 


Reference Condenser 





P variation. 

0.4 

0.4 

0.4 

0.4 

T variation. 

0.4 

0.8 

1.2 

1.6 

Liquid Condenser 





Temperature. 

4 

4 

4 

4 

Frequency changes. 

8 

8 

8 

8 

Displacement changes.. 

7 

14 

21 

28 

Reading of arm x)ositiona 

; 4 

4 

4 

4 

Calibrations. 

1 

1 

1 

1 

Total. 

25 

32 

40 

47 

Pi • 3 • d{AE) 

7.2 cc. 

2.4 cc. 

0.6 cc. 

0.07 cc. 

(E^-f'E •“2) • fi 





Errors in Ad 


B{Ad) in parts per 1000 


V . 

0.2 

0.2 

0.2 

0.2 

AJkf. 

9 

9 

9 

9 

Total. 

9 

9 

9 

9 

. 

0.03 cc. 

0.03 cc. 

0.03 cc. 

0.03 cc. 

d> fz 





Errors in fz 


dfz in parts per 1000 


Making up stock 





solutions. 

+0.3 

+0.3 

+0.3 

+0.3 

Additions of stock 





solution. 

-6,0 

-4.0 

-1.0 

-0.2 

Miring losses. 

+0.4 

+0.8 

+1.2 

+2.0 

Total. 

5 

3 

0.5 

2 

5Pi =» equation (7). 

0.2 cc. 

0.1 cc. 

0.01 cc. 

0.02 cc. 

Errors due to impurity 





In solute~ (0.005) (60) 

0.3 cc. 

0.3 cc. 

0.3 cc. 

0.3 cc. 

Overall estimate of ex¬ 





pected reproducibility 





of Pj. 

8 cc. 

2.8 cc. 

0.9 cc. 

0.4 cc. 
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applied to the particular case of solutions of acetic acid in benzene 
in different ranges of concentration. 

The estimate above for the lowest /a values is definitely larger 
than the spread of our observed points, the latter being of the order 
of 2-3 cc. in the more dilute regions. As mentioned previously this 
difference is doubtless attributable to cancellation of errors of op¬ 
posite sign, or possibly to an overestimate of the magnitude of some 
of the errors. The error in the absolute value of Pa is probably 
of the order of 0.5 cc. to 1.0 cc. for the more concentrated and most 
dilute points respectively. 

DISCUSSION OF RESULTS 

Certain of the results which bear on the experimental precision 
attained in relation to the work of others may be considered first. 
The upper part of piguke 14 shows a comparison of our results for 
chlorobenzene solutions in benzene with those of TiganM^ and 
Muller.^® It will be observed tliat tlic scattering of our points is 
little if any greater than theirs, although the lower limit of the con¬ 
centrations which we have measured is an order of magnitude lower. 

With the exception of some recent results of the Le Fevre and 
Vine^® the earlier measurements of the polarizations of carboxylic 
acids in non-polar solvents made at higher concentrations showed 
little or no indication that a change in molecular state with further 
dilution was to be anticipated. Le Fevre and Vine were able to 
demonstrate an increase in polarizations for mono-, di- and tri¬ 
chloroacetic acids in the lower range of concentrations in which they 
were able to make measurements. From this they calculated an 
equilibrium constant for the dissociation of dimer and monomer 
assuming no other forms were present. 

However with reference to their measurements on unsubstituted 
acids they state “the orientation polarizations of acetic, butyric 
and hexoic acids only show a slight tendency to increase in most 
dilute solutions.” In this connection a comparison of our results 
for acetic acid in benzene with theirs is of interest for the present 
discussion of the precision of our results. This is shown in the lower 
half of piGUBB 14 in which their three most dilute points (the only 
ones which overlap ours) have been recalculated to our units and 
plotted together with our acetic acid results. It will be noted here 

i< Ticaaik, L. Zelt. Phyailml. Chem. B IS: 425. 1981. 

“ Le Ferre, B. 3 . W., ft THae, H. Jour. Ohem. Soc. 1795. 1938. 



POHL, HOBBS, GROSS: POLARIZATION MEASUREMENTS 419 


again that the scattering of our points from the best curve tltrough them 
in the concentration range 2 X 10~* to 3 X 10~® is little if any greater 
than the scattering of their points in the concentration range above 
4 X 10-®. 

Consideration of the present results should include the possibility 
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Figure 14. Comparison of measurements of Chlorobenzene and Acetic Add with those 
of other investigators. 

that as a particular dilution is reached the polarization curves would, 
because of systematic errors in apparatus, or method, or through 
contamination with traces of moisture, begin to show a false up¬ 
ward trend in the case of the carboxylic acids which was absent for 
the chemically different molecule chlorobenzene. A comparison of 
the results for acetic acid in benzene and heptane shown in ixgusei 8 
indicates that this is unlikely as the rise in polarization occurs at 
widely different concentrations in the two cases. The upward curva- 
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ture found may thus be considered real. Its most likely 
seems to be tiie increased concentration of monomer molecules of 
higher moment from dissociation, as dilution increases, of riitnar 
molecules of lower moment. This is in accord with Lassettre¥® 
conclusion, “the organic acids polymerize in non-polar solvents, 
largely into double molecules . •.” 

As a basis for a quantitative interpretation it will be flj^antnA^ 
that only the dimer and monomer forms are present in the range of 
concentrations under consideration and that an equilibrium exists 
between these which can be expressed as follows: 



Where A, and Ad are the activities of the single and double molecules. 

If the activities are assumed proportional to C, the number of 
moles per imit volume, we obtain: 


Kc 


C.* 

Cd 


Now if /j is the mole fraction of solute computed on the basis of 
the monomer molecular weight and fi that of the solvent on the 
same basis, dis the density of the solution and g, the fraction of the 
above number of moles (computed as singles) present that arc 
actually single molecules and go the corresponding fraction of the 
molecules computed as singles that are present as double molecules, 
then we have g* + ffx) = 1 and. 


C,=g,- fi 


[*12 


fiMi+fiMi 


and Cd 


gofi dii 

2 /iMi +fiMi 


fiMi fiMi 

since- 

then obtain. 


is the molar volume of the solution. We may 


Kc 


2j7*‘ 


fi • dji 


( 6 ) 


qd fiMi + 

It may be shown anal 3 rtically that if calculation of P 2 is made 
according to equation (1) of the introduction in the form 


■P 12 = flPl + /2P2 

where P 12 is the polarization per mole of nabeture, Pi is that of the 
solvit and P 2 is the polarization per mole of solute calculated all as 


M Lassettre, E. N. Ohem. Rev. 20:301. 1987. 



POHL, HOBBS, GROSS: POLARIZATION MEASUREMENTS 421 


single molecules and /i and fs are the corresponding mole fractions, 
the resulting value of P 2 is the average polarization per mole of 
solute, computing all solute molecules as single. Then the value of 
P 2 is made up of weighted contributions from the single and double 
molecules present, as follows: 

P* = ff.P* + ~ • 

where P« is the polarization per mole of single molecules and Pq that 
per mole of double molecules. 


Since g, + gD = l 


P2- 


Pd 


g» = 


P.- 


Pn 


and go = 


P. - P* 



By substitution in (6) we obtain 


Ko 



da 


(7) 


The last term of this equation is the reciprocal of the molar volume 
of the solution. In the dilute solutions here under consideration 
this is to a close approximation equal to the molar volume of the 
solvent and may be regarded as constant. With this approximation 
equation (6) becomes 



It is advantageous to define a new constant Ko by 


Jfo 

K, 



and hence to write from (8) 




•/* 


(P. - P*) 
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Expaiision of this leads to 


PJC, 


PD+fi 



+ PsA'o 


( 9 ) 


In this equation, there are three unknown constants, P„ Pj, and 
Ko and we may solve for these if we use three points from the experi¬ 
mental data for P 2 vs. /a. The solution was actually carried out 
by using a number of points taken from the best curve drawn through 
the experimental points. Each Pa vs. /a value was set up in an 
equation of the expanded form and these equations summed up in 
groups of two, three or four, to give three final equations which were 
subsequently solved for Pjj and Kq and then for P*. The method was 
applied to the data for each acid. The values found for P„ Pd and 
„ 2X0 . . __ 

p 

2 

Tablb 12 


Constants or Acids 


Add ZX10‘ Ps Pd Ps(A)Ps—Ps^)Pd—2Ps(M)P‘s /‘d 

Formic.9.4 72.6 39.4 8.3 64.3 22.8 1.77 1.06 

Formic*.<0.08 (70) 32.1 8.3 (62) 16.5 (1 75) 0.87 

Acetic. 3.2 67.3 43.0 13.0 64.3 17.0 1.63 0.91 

Acetic*.<0.04 (60) 43.8 13.0 (47) 17.8 (1.6) 0.93 

Propionic. 2.3 76.7 61.1 17.6 68.1 15.9 1.68 0.88 

Butyric. 0.72 110 62.2 22.2 78 17.8 1.9 0.93 

Trimethylacetic.. 0.60 100 73.2 26.8 73 19.6 1.9 0.98 

Benzoic. 4.4 87.4 91.0 32.4 65.0 26.2 1.64 1.13 


Monochloroacetic 9.2 124.8 114.8 17.7 107.1 78.8 2.29 1.96 

* Heptane measurements; aU others In benzene. 


The close relation of the computed values of the constants of equa¬ 
tion (8) to the experimental results is shown clearly in tabm 13 
where we have tabulated the values of the polarization Pa for acetic 
and benzoic acid, computed by the use of the constants K, P, and Pp 
under the column P^. In the last column under Pext. are given the 
values taken from the best drawn curve at the same mole fractions 
as used to calculate P^. Comparison of the differences between the 
values of Ps and Peep, and the deviations of the observed points from 
the best experimental curves of figtjebs 8 and 12 will show that 
these differences are, on the whole, less than the average deviations of 
the e^erimental points themselves. It is thus proper to say that 
the equation adequately represents the relation between Pa and /a- 












POHL, HOBBS. GROSS: POLARIZATION MEASUREMENTS 423 


This of course does not exclude the possibility that some other equa¬ 
tion based on a different assumption as to the molecular state of the 
acids in these solutions might not also represent the observed points 
adequately. However, in view of the related evidence as to molecu¬ 
lar state, particularly from freezing point data, it seems justifiable 
to state that the monomer-dimer equilibrium we have assiimed is 
substantially correct. 

Before proceeding to a consideration of the significance of the 

Table 13 


/i X 10» 

Acetic Acid in Benzene 

Pk 

PexP. 

0.06 

57.1 

58.5 

0.10 

53.6 

54.5 

0.20 

48.2 

46.4 

0.40 

42.8 

41.1 

0.80 

38.0 

37.4 

1.60 

34.0 

33.8 

3.20 

30.7 

30.4 

6.40 

28.3 

28.1 

12.80 

26.4 

26.7 

0.12 

Benzoic Acid in Benzene 
75.5 

77.6 

0.20 

72.1 

71.9 

0.60 

64.3 

63.4 

1.00 

61.1 

60.7 

2.00 

57.2 

57.4 

4.00 

54.2 

64.1 

7.00 

52.2 

52.1 

9.00 

51.5 

51.5 

10.00 

51.2 

51.3 


monomer and dimer polarization values, P, and Pj, for all the acids 
listed in table 12 it is desirable to emphasize the limitations of these 
values. In evaluating the constants of equation (8) it is found that 
the value of P, obtained is rather sensitive to the choice made for 
K and vice versa. On the other hand the value found for Pd is 
relatively insensitive to the choice of P, and K. This is apparent 
from the form of the curves themselves. The values of Pd th^e- 
fore have greater reliability than the values of P*. 

In TABLE 14 a comparison of the present results with those of 
previous workers is made. On comparison of n, values for acetic 
and propionic acid with fiiose of Zahn, measured in the gas, it is seen 
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that there is good agreement if allowance is made for the solvent 
effect demonstrated by Muller’s work.^^ A 6 to 10% apparent in¬ 
crease in moment might be expected in going from solvents like 
benzene and heptane to the gas phase. 

Consideration of our results for the monomer moment of formic 
acid together with the gas values of Zahn, and those of Coop, David¬ 
son and Sutton^^ raises doubt as to the true value of the moment 
of formic acid. While the high value foimd by Wilson and Wenzke^® 
in dioxane is probably explicable on the basis of some type of co¬ 
ordination witii the solvent the magnitude of the difference is sur- 


Tablb 14 

CoMPABisoN OP Data 


Acid 

Zahn** SuttonBriegleb“ Wenzke^® Wolf*^ 

Present Work 


(gas) 

(gas) 




Benzene Heptane 

Formic 









1.5 

1.3 


2.07 


1.77 

1.75 

Mje> 


0.9 

1.44 


1.77 

1.06 

0.87 

Acetic 









1.73 



1.74 


1.63 

1.50 

Proxionic 



1.16 


1.13 

0.91 

0.93 

Ms 

1,74 



1.76 


1.68 


Benzoic 



1.02 


1.02 

0.88 






1.76 


1.64 





0.79 



1.13 



* The values of and were calculated from and values given by Coop, Davidson 
and Sutton by using m - 0.0127V(P - P£)r. 


prising. In this connection perhaps too little attention has been 
given to the possibility of difficulties arising from instability of the 
formic acid. Coolidge^* points out that the acid stored in glass 
decomposes slowly even at room temperature. It might be antici¬ 
pated that decomposition mi^t be greater on metal condenser sur¬ 
faces especially at elevated temperatures. It is apparent that more 
work is needed to fix the value of the monomer moment in this case. 

The values foimd for the polarizations of the dimeric forms from 


» Coop, I. E.,DaTid80ii,N.S.,& Sutton, Jour. Obem. Fliys. 6:905. 1938. 
» mison, C. J., Sc Weniko, H. H. Jour. Ohem. Phys. 2: 546. 1934. 

» CoOBdeo, A. S. Jour. Am. Ohem. Soc. 60: 2166. 1928. 

» Zalm, C. T. Pbys. Bev. 87:1516. 1981. 

»WoIAK.L. Phydkal. Zelt. 31: 227. 1980. 

»Bti«iaob,a. Zett.p]iyBl]mLObem.B10:206. 1980. 
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TABLE 12 are for comparative purposes expressed as apparent dipole 
moments in table 14. Whether the dimer has any real moment -will 
be considered later. Our apparent moments for the double mole¬ 
cules are seen to differ appreciably from those of Briegleb“ and 
those of Wolf^’- but are reasonably consistent among themselves. 
The concentration range for the measurements of ihese workers was 
higher than the range of the present work. The work of Smyth and 
Rogers®® which covered the concentration range to unit mole frac¬ 
tions of acid, over a range of temperatures, shows that in more 
concentrated solutions the polarizations increase. The high moments 
for the dimer foimd by Briegleb and Wolf are therefore doubtless 
in part attributable to the presence of higher molecular abrogates 
than dimers. They were furthermore imable to allow properly for 
possible contributions to the polarization from the presence of some 
of the monomer. In the present work this has been done. Our 
measurements, even at the high^t mole fractions still remain in such 
a low concentration range that significant contributions from higher 
aggregates appear to be unlikely. It therefore seems justifiable to 
regard the present values as the most reliable ones for the dimer 
form of the molecules. 

Examination of the polarization values in column 7 of table 12 
for the unsubstituted aliphatic acids, with the exception of formic 
acid in benzene, reveals interesting regularities. If the values for 
the electron polarizations of the double molecules are subtracted 
from the corresponding total polarizations the values for the re¬ 
mainder of the polarization are substantially constant and of the 
order of 15 to 17 cc. Ordinarily this remainder would be classed as 
orientation plus atom polarization and from this a value for a mo¬ 
ment would be computed either by neglecting the atom polarization 
or by arbitrarily estimating it as some fraction of the sum of the 
two. The moments so computed would have values of from 0.9 to 
1.0 D (column 9 of table 12). However, from om knowledge of the 
probable structure of the dimer forms of these acids there is reason 
to suppose that they would have only a very small or zero moment. 

The best evidence bearing on the dimer structure is from electron 
diffraction investigations on formic acid by Pauling and Brockway.®* 
They conclude that the dimer is an eight membered, hydrogen 
bonded ring with the following structure: 

53 Smsrth, C. P., & Rogers, H. E. Jour, Am. Ohem. Soc. 62; 1824, 1230. 

54 Pauliog, L., & Brockway, L. O. Proc. Nat. Acad. Sd. 20:339. 1934. 
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In this structure the eight atoms of the ring are supposed to be in 
one plane with the angle between the C = 0 and C — 0 bonds about 
125°. Using the electron diffraction bond distances and angles and 
Smjrth’s®® bond moment values and assuming the OH in the position 
shown a resultant moment for each half of the planar structure can be 
calculated. When this is done two moments each of value about ID are 
obtained whose approximate directions are indicated by the two dotted 
lines directed away from the two carbon atoms in the figure. As 
these resolved vectors are parallel and oppositely directed the cal¬ 
culated net moment for the dimer is zero. 

If the above structure is correct the 15-17 cc. of residual polariza¬ 
tion must have some other origin than an appreciable permanent 
dipole moment in the dimer. In this connection it may be noted 
that S3nnmetrical distortions of the two halves of the molecule, such 
as bending in hinge-like fashion about a line passing across the two 
hydrogen bonds as axis, will not produce a large enough resultant 
moment to account for the observed polarizations. 

The dimer structure is an eight membered ring containing large 
component bond moments whose net resultants practically cancel 
and is therefore quite similar to the ring structures of molecules 
of the type of beryllium acetylacetonate, recently measured by Coop 
and Sutton.2® They have shown that a number of such molecules 
have total polarization values considerably larger than their electron 
polarizations and that the total polarization remained constant over 
a range of temperature. These measurements were made in the gas 
phase, and were free of solvent complications and thus seemingly 
indicate the absence of a permanent moment. Coop and Sutton 
attribute the large polarization values found to atom polarization. 
The dimer forms postulated for the acids here under investigation 
have structures which would fit the conditions that they stipulate 
as necessary for a molecule to show large atom polarization. This 
therefore seems the most probable explanation at present available 
of the fairly constant additional polarization value of about 16-17 
cc. which we have found for the dimer in the case of acetic, propionic, 

31 SbotUi, C. P. Jour. Phys. Ohem. 41: 209. 1987. 

*• Coop, I. E., & Sutton, L. E. Jour. Ohem. Soc. 1281. 1938. 
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butyric and trimethyl acetic acids in benzene solution and for formic 
acid in heptane. Since all the dimers contain the same ring each 
acid would probably have about the same amoimt of atom polariza¬ 
tion. The origin of the larger atom polarizations found for formic 
acid (23 cc.) and benzoic acid (26 cc.) in benzene solution is not at 
present clear. The polarization of 79 cc. in excess of the electron 
polarization found for the dimer of monochloroacetic acid is of course 
largely due to such orientation polarization contributions from the 
carbon chlorine bond moments as are perpendiciilar to the long 
axis of the double molecule. A rough estimate of both the London 
and dipole interactions between these carbon-chlorine atom pairs 
and the component atoms and dipoles of the ring indicates that 
there is probably no free rotation of tiie C-Cl dipoles about this 
axis. The favored minimum energy positions would be those per¬ 
pendicular to the plane of the ring with more molecules present in the 
form in which the positions of the chlorines are trans to each other. 
The orientation polarization value computed on this assumption 
when added to an atom polarization of about 16 cc. for the ring 
approximates reasonably well to the observed value of 79 cc. 

A possible alternative explanation of the additional polarization of 
15-17 cc. in these dimer forms is the stepwise breaking of the ring 
involving rupture of only one of the hydrogen bonds. This would 
not give any different result from a thermodynamic point of view 
with respect to the equilibrium constants, nevertheless it would affect 
the magnitude of the polarization values since within such singly 
bound dimers there would no longer be complete compensation of the 
component dipoles and configurations of high moment would probably 
result as the two halves rotated about an axis along the remaining 
hydrogen bond. However, unless the fraction of such singly botmd 
dimer molecules, with real orientation polarization, was a constant 
fraction of the total of the dimer present a fairly constant contribution 
to the polarization would not be expected. That this fraction would be 
the same for all of the acids seems improbable in view of their large 
differences in stability in solution as indicated by the variations in 
the values of the equilibrium constants which have been found. 
Furthermore the fraction in the broken form would, if calculated on 
the basis of a Boltzman factor, be too small to account for the ob¬ 
served residuals. 

The present measurements were all made at constant temperature 
therefore it is not possible to draw quantitative conclusions with re¬ 
gard to the energy change accompanying the dissociation of the dimer 
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to monoiner. The existence of large differences in the extent of dis¬ 
sociation of the different acids is apparent from an inspection of 
FiGOBB 16 where all of the curves are plotted together for comparison. 
It is clear that the nature of the radical attached to the carboxyl group 
has an important influence on the dissociation of the dimer ring. 



MOL FRACTION X 10® 

Figubb 15. Calculated cmrvBs for aU acids measni^ 

Likewise the solvent exerts a very naarked influence on the extent of 
dissociation as shown by the much greater dissociation of acetic acid 
in benzene than in heptane. While tentative explanations of both 
effects have been formulated their proper interpretation must await 
the results of further measurements now in progress involving similar 
polarization determinations at other temperatures and in different 
solvents. 



THE ELECTRICAL PROPERTIES OF POLYVINYL 
CHLORIDE PLASTICS* 

Bt Raymond M. Fitoss 

From ffie Research Ldberatory of the General JElectne Co., Schertectady, New York 

INTRODUCTION 

In recent years, a large number of ssmthetic high polymers have 
become available. Their properties are of interest, not only for them¬ 
selves, but also because a study of them may give some light on the 
structure of the naturally occurring substances of hi^ molecular 
weight. The polsrvinyl compounds are especially suited for in¬ 
vestigation, because Marvel^ has shown that they are simple chain 
molecules, with the repeating structure 

- CHj • CHX • CHi • CHX - , 

By choosing polyvinyl chloride, a dipole “handle” is located on every 
olher carbon atom in the chain, thus giving a molecule which will 
respond to an electric field, and in which the location of the dipoles 
is known. This is much more information than is available for the 
high molecular weight compounds of nature, such as the proteins, for 
example. 

Polyvinyl chloride as ordinarily obtained is a white amorphous 
powder which, under a presure of about 2000 lbs./sq. in. at 110°, 
becomes a hard, brittle, transparent solid. The addition of many 
organic compounds (esters, ethers, ketones, aromatic hydrocarbons) 
softens or plasticizes the polymer; depending on the relative propor¬ 
tions of the two components, compounds between glass-like sub¬ 
stances and very viscous liquids can be obtained, with a rubber-like 
and a gel stage as intermediates. In this system a v^ wide range 
of viscosity is available, in which the properties of electrolytes and 
dipolar molecules can be studied. 

It is the purpose of this paper to present a description of esperi- 
mental methods of measuring ihe elecirical properties of plastic solids, 
and to give a preliminary account of the properties of poljrvinyl 
chloride plastics as functions of frequency, temperature and com¬ 
position. 

* Presented in part before the Section on Physics and Chemistry, April 15,1939 in New 
York. 

1 Marvel, C. 8., & Levesgne, C. L, Jour. Am. Chem. Soc. 60: 280. 1938. Marvel, 
C. 8,, & Denoon, C. E. Jour. Am. Chem. Soo. 60:1045. 1938. 

(429) 
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EXPERIMENTAL METHODS 
Electrical Equipment 

In all, four bridges were used. The d.c. conductance was deter¬ 
mined on a bridge which permitted 0.1% precision on resistances of 
10* ohms or less, and progressively lower precision for hi^er resist¬ 
ances. Bridge voltage was obtained from a set of B-batteries, and 
could be varied in steps up to 300 volts. Balance was indicated by 
a galvanometer in the output circuit of a d.c. amplifier across the 
midpoints of the bridge.* 

Tor samples of high resistance, the dielectric constant and con¬ 
ductance were determined on a Sobering bridge, in which the standard 
was a 100;i/if quartz insulated three terminal capacitor. For sam¬ 
ples of lower resistance (tan 8 > 1), the electrical properties were 
determined on a resistance bridge, in which the standard was a special 
100,000 ohm resistor, non-inductive, womd with manganin, and capa¬ 
ble of dissipating 1000 watts without appreciable change in re¬ 
sistance.** ® 

These two a.c. bridges were supplied with voltage by a system of 
alternators and transformers, which gave up to several kilovolts over 
the range 15-500 cycles, up to 10 kilovolts over the range 500-2000 
cycles, and up to 25 kilovolts at 60 cycles. 

Further measurements in the audio frequency range (500-10000 
cycles) at low voltage (maximum 10 volts) were made using a parallel 
bridge, in which the unknown was measured parallel to a 100000 
ohm coil in turn parallel to 350iujxf in a bridge network.* The null 
instrument for balance on this bridge was a cathode-ray oscilloscope.® 

Cells and Contacts 

A variety of cell t 3 q)es were investigated; the most satisfactory 
was the one shown in Fiormn 1. It is essential that three terminal 
cells be used with solids, in order to eliminate edge effects such as 
fringing and surface conductance as sources of errors. Furthermore, 
the use of a guard circuit permits calculation of the cell constant 
from the dimensions of the sample and the test electrode, because at 
balance, both test electrode and guard ring are at the same potential, 
and there is therefore normal fiux over the area of the test electrode.® 

> K. M. Jonr. Am. Ohenx. Soc. 60:451. 1938. 

<FnoBS, n. M. Jour. Am. Ohem. Soo. 69: 1703. 1937. 

< Mmd, n. J., ft Tiiobs, B. M. Jonr. Am. Ohem. Soc. 61:3589. 1989. 

■Laason, H. W. General Radio B'tperlmenter. 13: 5. 1939. 

' Fnoss, B. M. Tiana. Blectrocbem. Soc. 74: 91. 1938. 
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The most important difference, from the experimental point of 
view, between measurements on solids and on liquids is that the latter 
give adequate contact with the electrodes merely by immersion, while 
the solids require special precautions. Imperfect contact is to be 
expected, in general, between solids even with the most carefully ma¬ 
chined surfaces, and it was found necessary to prepare the surface 



Fiottbb 1. Gonductance-Capadtance Cdl for SoUds. 

of the sample in some way, in order to eliminate the effects of the 
series capacity produced by air films. These films were of the order 
of a few thousandths of a millimeter in average thickness for ground 
copper electrodes in contact with a fairly soft plastic (40% plasticizer), 
as determined by measuring the apparent dielectric constant at 
several thicknesses and frequencies. At low measuring frequencies, 
a thin air film can produce apparent dielectric constants several times 
as large as the actual dielectric constant of the unknown.®'* The 
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criterion for the elimination of surface effects is, of course, indepen¬ 
dence of volume properties, such as dielectric constant and loss 
factor, on the thickness of the sample. Fainting the surfaces of the 
sample with diluted aqua-dag, rubbmg on powdered graphite, or 
rubbing on tin foil electrodes (using a minute amount of petrolatum 
as adhesive in the latter case), gave siurface contacts, with which 
the volume properties were independent of thickness for samples 
ranging from 1 mm. to 1 cm. in thickness. Depending on the stiffness 
of the sample, one or another of the above three methods was used. 



FiauKD 2. Dependence of d.c. Oonductance on Milling. 


For high frequency work, only the foil method is applicable, be¬ 
cause the series resistance of the carbon electrode then becomes a 
source of error. But up to at least 10000 cycles, this effect is negligi¬ 
ble for carbon films on low conductance samples. 

For a cell of the type shown in FiotrsB 1, the geometrical cell con¬ 
stant C. is ^ven by 

C, = 0.08842 X 10-“ — (l+- —^ (1) 

d \ 4 r / 

where A is the area of the test electrode and d is the thickness of the 
sample. The factor in parenthesis corrects for the sli^t fringing in 
the annular space between guard ring and test electrode: Ar is their 
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distance apart, and r is the radius of the test electrode. This factor 
was determined by approximate calculation and checked by measur¬ 
ing samples in cells with difiEerent values of Ar. The numerical con¬ 
stant in (1) is, of course, the reciprocal of 45r X 9 X 10“. 

Preparation of Samples 

The general method consisted in mixing weighed amounts of the com¬ 
ponents (plasticiser and polymer) cold as thoroughly as possible, and 
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Figubb 3 Dependeaoe of d.c. Conductance on Pressing. 


then hot-mixing them by running the mixture throu^ a small rubber 
mill at 106°. (The rolls are 6" in diameter and 12" long; one travels at 
about 22 rpm and the other at 30, so that a shearing mixture occurs be¬ 
tween the rolls, where the material is forced to pass. The space be¬ 
tween rolls was about 0.6 mm.) The action of the null produces a thin 
sheet of plastic from the damp powder fed in. The sheet is put 
through the mill a number of times, folding and crossing direction 
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between millings, so that a uniform plastic can be obtained. The 
sheet from the mill exhibits “elastic memory”; that is, if heated, 
it will shrink more parallel to the milling direction than across it. 
Consequently for preparation of the final samples for measurementa, 



1000 / 


FxGtTBE 4. Dependence of d.c. Conductance on Press Temperature for three Measuring 
Temperatures. 

15-20 discs were stamped from the mill sheet, stacked witii successive 
mill directions crossed, and pressed at 2000 lbs./sq. in. in a closed hot 
mold for various recorded times and temperatures. (As will be 
shown later, the electrical properties of polyvinyl chloride plastics 
are very sensitive to thermal history, which, therefore, must be care¬ 
fully controlled and recorded.) 
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The samples were weighed, coated with surface electrodes and im¬ 
mediately put into the cell, which was then immersed in an oil 
thermostat where the temperature was held to ± 0.01®. It was found 
that the measured d.c. resistance was quite dependent on the humidity 
to which tile sample was exposed, independent of the nature of the 



0 20 40 60 SO 

MINUTES AT 130* 

FiauBB 6. Pyrolysis measured by decomposition ot lead abietate. 

surface electrode. For this reason, the samples were placed in the 
cell as quickly as possible. The probable explanation is that mois¬ 
ture absorbed from the air increased the conductivity, but more work 
remains to be done on the effects of water vapor. 

The samples also showed another change in electrical properties 
which seems to be an inherent characteristic of plastics. The dielec¬ 
tric constant decreases with time, approaching asymptotically a value 
several percent smaller than the initial value. The logarithm of the 
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difEerence between the dielectric_constant at time t and its asymptotic 
value is a linear function of y/t, with a slope depending on the fre¬ 
quency of the measurement. The nature of the effect suggests a 
relaxation of internal strains by a diffusion-like mechanism. It 
should be mentioned that the density remains constant within 0.1% 
during this change. 



O 0.g /.» n 

FxGUBB 6. Dependence of 60 cycle Dielectric Constant on d.c. Conductance. 

RESULTS 

Pyrolysis 

It was observed, early in the course of this work, that the con¬ 
ductance increased with increasing severity of thermal treatment to 
which the sample was exposed; a sjmtematio investigation was there- 
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fore made. It was found that the effect varied from plasticizer to 
plasticizer; results for only tricresyl phosphate will be presented here. 

The conductance increased linearly with the time of heating at a 
given fixed temperature, as is shown in figijbes 2 and 3. The first 
shows the increase in conductance (measured at 40°) due to milling 
at 105° for a series of samples containing 40% tricresyl phosphate 
and 60% polyvinyl chloride, which were pressed for 6 minutes at 



130°. The second shows the increase in conductance due to pressing 
for various times at 150° samples which were milled 15 times at 105°. 
In both cases, straight lines are obtained when conductance is plotted 
against duration of thermal treatment. The intercept at zero milling 
time in figubb 2 corresponds to the conductance produced by pressing 
a (hsrpotlietical) unmilled sample, and the intercept of figubb 3 
corresponds to the conductance produced by the milling alone; plus, 
in both cases, conductance due to original conducting impurities, 
corresponding to the familiar ^vent conductance of ordinary con- 
ductimetric work. 
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30* SO* 30* 

Fioobb 8. Didecfxic C/onatant as a Function of Temperature, upper curve. 60 cycles; 
lower curve. 500 cycles. 

If samples are pressed at different temperatures for the same time, 
and correction is made for milling, then*a straight line is obtained 
'n’hen the logarithm of the d.c. conductance is plotted against the 
reciprocal of the absolute press temperature, as is sho'wn in fioubs 4. 
In the figure, conductance data for toee different measuring tempera¬ 
tures are given; it will be seen that the slope varies slightly with 
measuring temperature. This is because the temperature coefficient 
of conductance is itself dependent on its electrolyte concentration as 
measured by its conductance at a given temperature. The conduct- 
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ance of a given sample is approximately exponential; a plot of the 
logarithm of the d.c. conductance against reciprocal of absolute 
measuring temperature is slightly concave down, and the average 
slope decreases with increasing initial electrol 3 rte concentration. 

The effects of thermal history on polyvinyl chloride-tricresyl phos¬ 
phate plastics can thus be summarized approximately by ibe follow¬ 
ing equations: 

log Ko = A — B/Tm (2) 

= C J^'expl-DlT(f)]dt (3) 



Figubb 9. Dependence of Loss Factor on Freauency and ComiK>sitlon for poly^yl- 
cbloride-tricresyl jAospbate plastics. 

where A depends primarily on the composition of the sample (relative 
amounts of plasticizer and pol 3 rmer), B depends on the electrolyte 
content and composition, C depends on composition and measuring 
temperature Tm, D depends on measuring temperature and composi¬ 
tion, and !r{f) represents the temperature at time f during the history 
of the sample. 

It was logical to e^ect that the conductance was due to hydrogen 
chloride, liberated from the polyvinyl chloride by pyrolysis, and 
behaving like a weak electrolyte in the plastic. In order to test this 
assumption, some samples were made up in which lead abietate in 
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various amounts were added to tlic tricresyl phosphate. After press¬ 
ing for various times, the conductance at 40° was determined. The 
results of a typical run are shown in figure 5. It will be seen that 
the curve consists of two parts: an initial horizontal segment, in 
which the conductance is low and independent of heating time, and a 
segment in which the conductance increases linearly with heating 



Figube 10. Dependence of Dldectric Conetant on Frequency and Composition for 
Polyvinylchloride-Trlcresylphospbate Plastics. 

time, at a rate equal to that of the blank. The intersection of these 
two portions of the curve determines the time at which the lead 
abietate was all converted to chloride; up to this time, no free hydro¬ 
gen chloride was present. 

The a.c. properties depend on the amount of electrolyte present. 
The d.c. conductance kq is a figure which summarizes the thermal 
history of a given sample, and a simple empirical correlation has 
been found in turn between the a.c. properties and kq. Both the 
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dielectric constnat e' and the a.c. loss factor increase linearly with 
the square root of d.c. conductance, as is shown in figubbs 6 and 7 
for a series of samples containing 40% tricresyl phosphate and 60% 
polyvinyl chloride. These samples were heated at various times and 
temperatures in order to cover a wide ra^e of the variables and 
measured at 40®. The slope of the e' — V*o and — V^o plots de¬ 
creases with increasing frequency; the data of figubes 6 and 7 were 
taken at 60 cycles. 



Fxguiud 11. Dependence of ZjOss Factor on Composition at 60 and 1000 Cycles. 

It is thus clear that the power absorption in the plastic involves 
two mechanisms. We can define a total loss factor Y't as follows: 

e"t = k/0.08842 X 10-“w (4) 

where k is the a.c. conductance and m is 2rr times the frequency. But 
K = Ko + 0.08842 X 10-“ws" (5) 

that is, the in-phase component contains the electrolytic (d.c.) con¬ 
ductance and the pure a.e. response, defined by The latter in turn 
is made up of two parts, a contribution due to the electrolyte in the 
plastic and a part due to the plastic itself, corresponding to the 
intercept at ico = 0 in piguke 7. 
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Fiaxna 12. Dependence of Didecttic Constant on Composition at 60,1000 and 10,000 
cycles. 


dependence of properties on temperature, 

FREQUENCY AND COMPOSITION 

With increasing temperature, the d.c, conductance increases ex¬ 
ponentially with temperature. The dielectric constant also increases 
with increasing temperature; eiguee 8 is a typical e' — T curve, for 
a 40-60 plastic measured at 60 and at 500 cycles. In general, the 
higher the plasticizer content, the less the dielectric constant changes 
with temperature in the range 30-100“, as might be expected. The 
a. c. loss factor, decreases slowly with increasing temperature in 
the 40-60 plastic at 60 cycles, in marked contrast to the rapid change 
characteristic of ordinary polar liquids. 

In TABLES 1 and 2 are given data which summarize the dependence 
of dielectric constant and loss factor on frequency and composition 
at 40“ for the system tricresyl phosphate-polyvinyl chloride. Pure 
polyvinyl chloride is hard and brittle; the dielectric constant is low, as 
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Table 1 

Dielectric Constants op Poltvintl Chloride-Tricbbstl Phosphate 
Plastics at 40® 


Frequency 


%PVCl 

60^ 



500'*^ 

lOOOr^ 

S^OOO^ 

5000^ 

lOyOOOr^ 

100 

3.454 

3.435 

3.419 

3.397 

3.370 

3.338 

3.306 

3.263 

3.231 

95 

3.300 

3.268 

3.257 

3.239 

3.223 

3.204 

3.182 

3.154 

3.132 

90 

3,320 

3.275 

3.250 

3.225 

3.195 

3.170 

3.145 

3.115 

3.085 

85 

3.640 

3.510 

3.440 

3.375 

3.320 

3.270 

3.220 

3.165 

3.120 

80 

4.760 

4.395 

4.190 

4.010 

3.840 

3.695 

3.580 

3.425 

3.310 

75 

6.50 

5.87 

5.48 

5.10 

4.79 

4.50 

4.23 

3.88 

3.64 

70 

8.29 

7.56 

7.10 

6.62 

6.17 

5.72 

5.27 

4.67 

4.21 

65 

9.47 

9.02 

8.64 

8.14 

7.65 

7.14 

6.62 

5.82 

5.24 

60 

10.00 

9.69 

9.42 

9.08 

8.62 

8.32 

7.78 

6.97 

6.37 

55 

10.33 

10.00 

9.80 

9.59 

9.37 

9.09 

8.75 

8.08 

7.57 

50 

10.46 

10.19 

10.02 

9.85 

9.68 

9.50 

9.25 

8.76 

8.30 

45 

10.45 

10 21 

10.06 

9.90 

9.75 

9.60 

9.40 

9.06 

8.70 

40 

10.38 

10.18 

10.05 

9.92 

9.80 

9.65 

9.48 

9.22 

8.97 

35 

(12.25) 

(11.00) 

(10.38) 

(10.88) 

9.55 

9.40 

9 28 

9.08 

8.86 

20 

— 

8.99 

— 

— 

8.90 

8.72 

— 

— 

— 

0 

— 

6.92 

— 

— 

6.89 

6.89 

— 

— 

— 


Table 2 

Loss Factors op Polyvintl Chloride-Tricresyl Phosphate Plastics at 40® 


Frequency 


%PVCl 


60r^ 

I20r>^ 


600r^ 

1000^ 

2000'^ 

5000^ 

100 

0.031 

0.040 

0.046 

0.053 

0.060 

0.066 

— 

— 

95 

0.033 

0.035 

0.035 

0.037 

0.038 

0.040 

0.042 

— 

90 

0.060 

0.058 

0.056 

0.054 

0.052 

0.049 

0.045 

— 

85 

0.133 

0.131 

0.127 

0.124 

0.116 

0.107 

0.097 

0.079 

80 

0.451 

0.441 

0.405 

0.368 

0.330 

0.294 

0.256 

0.208 

75 

0.752 

0.810 

0.778 

0.726 

0.664 

0.598 

0.530 

0.440 

70 

0.920 

0.978 

0.994 

0.992 

0.972 

0.930 

0.880 

(0.820) 

65 

0.720 

0.836 

0.904 

0.976 

1.056 

1.090 

1.084 

1.080 

60 

0.550 

0.630 

0.686 

0.770 

0.860 

0.952 

1.040 

1.160 

55 

0.45 

0.46 

0.49 

0,55 

0.63 

0.71 

0.82 

0.98 

50 

0.37 

0.38 

0.40 

0,45 

0.51 

0.60 

0.70 

0.85 

45 

0.3 

0.345 

0.3 

0.30 

0.34 

0.38 

0.44 

0.55 

40 

— 

0.348 

— 

0.27 

0.29 

0.30 

0.32 

— 

35 

— 

1.39 

1.05 

0.80 

0.60 

0.45 

0.35 

— 
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is the loss factor, and both change only slowly with frequency. The 
addition of plasticizer at first decrcascfa the dielectric constant and loss 
factor; at about 10% trieresyl phosphate, a rainimuin appears, fol¬ 
lowed by a very rapid rise in and The steepest portions of the 
«' curves come in the range 60-80% polymer, where the macroscopic 
mechanical properties of the plastic are changing most rapidly, and 
correspond to the rubber-like stage. Simultaneously, the loss factor 
goes through a sharp maximum, which is not very sensitive to fre¬ 
quency in the present range of frequency. There is also evidence of 
a second maximum in the gel stage, beyond 60% plasticizer.'^ 

The change of e' and «" with frequency superficially resembles 
that of ordinary polar systems, in that the loss factor goes through 
a maximum at the frequency at which the e' — / curve has an in¬ 
flexion point. There is, however, a striking difference between the 
plastic and the usual polar liquid: The maximum in the e' — / curve 
and the inflexion region of the «' — / curve are extremely broad. Tor 
example, in the sample containing 70% polyvinyl chloride, only the 
tip of the maximum appears in a range covering three decades of 
frequency, and the inflexion region is fully three decades wide, be¬ 
cause the e' — log / plot is practically linear. At higher polymer 
content, the «' — log / curve is concave up, indicating a center of 
absorption at frequencies below 15 cycles, the present lower limit of 
measurement, while samples containing more than 30% plasticizer 
have centers of absorption at frequencies beyond 10 kilocycles. 

There is experimental evidence that the loss factor does not de¬ 
crease even at very low frequencies. If th a.c. conductance is plotted 
against frequency in the low frequency range, a practically linear 
curve is obtained which extrapolates linearly to the d.c. conductance. 
In any relaxation mechanism, the loss factor must reduce to zero at 
zero frequency; in the plastics, finite absorption persists to extremely 
low frequencies. If a relaxation mechanism is involved, a very wide 
distribution of relaxation times® would be needed to account for the 
width of the dispersion, and furthermore, some of the times of re¬ 
laxation would have to be enormous, in order to account for the 
response at low frequency. The nature of the energy absorption 
suggests that at least two mechanisms are involved: an ordinary 
relaxation (possibly with a distribution of relaxation constants), 
superimposed on a frequency independent static friction. 

’Fooss, B. nr. Jour. Am. Chem. Soc 61; 2329. 1939. 

• W«cn«r, K. W. Ann Physik. 40: 817. 1913. T«ger, W. A. Physics. 7:484. 1986 
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SUMMARY 

1. Three terminal cells and special surface contacts are recom¬ 
mended for the measurement of the electrical properties of solids. 

2. The properties of polyvinyl chloride plastics, especially the d.c. 
conductance, depend upon the thermal history of the sample. 

3. Energy absorption in plastics changes much more slowly with 
frequency and temperature than in ordinary polar systems. 

4. The electrical properties depend on the relative amounts of 
polymer and plasticizer in the plastic; the dependence is sharpest 
in tile range of plasticity corresponding to the rubber-like stage, inter¬ 
mediate between the glass-like and gel stages. 




THE DIELECTRIC CONSTANTS OF SOME ORGANIC 
CRYSTALS AND GLASSES 

By William 0. Baker and Chaelbb P. Smyth 

From tte Department of Chee^lry, Pnnceton Unweraity, Princeton, New Jersey 

Knowledge of intermolecular action in condensed phases has been 
advanced in recent years by application of the wave mechanics.^-® 
New techniques for ^e measurement and interpretation of molecular 
structure, particularly dipole moment determinations®* * and X-ray 
and electron diffraction® have extended and revised the classical 
stereochemistry. It has lately become possible to base upon the 
known shape and size of a given molecule and the electrical properties 
of its constituent groups, generalizations as to the aggregate proper¬ 
ties of crystal form, liquid fluidity, fusion process, entropy, free 
energy, and the like. Modem statistical mechanics provides a pre¬ 
cise approach to this interrelationship,® but computation difficulties 
lend encouragement to the use of experimental methods. Among 
these is investigation of the behavior of permanently polar molecules 
perturbed by an imposed electric field of known and variable fre¬ 
quency. Such recent dielectric studies on solids have frequently 
revealed a surprising mobility’^* ®> ® in a crystalline array previously 
thought fixed and ordered. This report attempts to summarize re¬ 
sults from a dielectric examination of a series of highly purified 
organic compounds of simple, known shapes which were progressively 
varied by the use of stereoisomers or consecutive homologues. The 
experimental method, data, and detailed conclusions are recorded 
elsewhere.^® 


>London, F. Zeit. Phrdk. 63: m 1930. Z^t. Pbyslkal. Oliem B U: 222. 1931. 
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4 Sm^, C. P, “Didectric Constant and Molecular Structure.” Cbemlcal Catalog 
Company. New York. 1931. 

»Pauling, L. ”The Nature of the Chemical Bond and the Structure of Molecules and 
Crystals.” Cornell University Press, Ithaca. 1939. 

«See Fowler, B. H. “Statistical Mechanics.” Second Edition. Cambridge University 
Press. 1986. 

7 Pauling, L. Phys. Bev. 8$: 430. 1930. 

8 Smyth, C. P. Ohem. Bev. 19:329. 1936. 

•Eudcen, A* Zeit. Elektrochem. 46: 126. 1939. 

18 Baker, W. O., ft Smyth, C. P. Jour. Am. Chem. Soc. 60: 1229. 1938; Jour. Am. 
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ROD AND PEAR-SHAPED MOLECULES 

Information on long-chain, highly anistropic esters and cetyl alco- 
hoP^ 12 indicated rotation in the crystal, in a region bounded by fusion 
and pronounced thermal transitions. Here the librations were about 
the long axis, yet their loss with lowered temperature resulted in mono¬ 
tropic changes of density, packing and crystal form. Definite 'pre¬ 
melting’ phenomena were demonstrated. In the present series, these 
effects were sought in n-amyl bromide, the most extended structure 
included, for which a thermal transition had already been indi- 
cated.^®»^^ FiGtJRE 1 shows the dielectric behavior of n-amyl bro¬ 
mide on cooling and warming. It apparently exhibits a monotropic 
transition resulting in a low temperature form which melts at — 88.7°, 
about 5.9® above the phase which first appears on freezing. It thus 
resembles diethyl ether.^^** Skau and McCullough,in confirming 
the presence of two forms, an unstable one melting at -—94.6° (a 
value close to 94.6°, our higher freezing point indicated on figure 
1), and a stable one melting at —87.9®, quote Simon^'’^ as reporting 
a freezing point of —95.25®, a value close to the lower freezing 
temperature on figure 1. The dielectric measurements, tracing the 
mechanical behavior of the polar molecules, reveal that despite pre¬ 
vention of much supercooling by anisotropy, crystallization either 
does not proceed rapidly enough, or does not release suflScient latent 
heat, completely to return the system to a "true” freezing point. 
Thus is explained the divergent data of previous investigators, since 
the freezing point may appear to vary with the bath gradient. 

Many polymorphic transitions involving only anisotropic lattices, 
as the polarizing microscope showed both forms of n-amyl bromide 
to be,^® are found to involve rotational freedom about at least one 
molecular eansP However, figure 1 indicates that after occasional 
orientation just below the freezing point has ceased, only electronic 
and atomic polarizations contribute to the dielectric constant. An 
X-ray analysis of the transformation would seem desirable, as the 
rearrangement in the lattice seems not to occur by the usual libra¬ 
tions, and chain translations as proposed by Schoon^® for lengthy 
molecules might obtain. 

Sznyfhi C, P., & Baker, W. O. Jour. Ohem. Phys. 6: 666. 1937. 

IS Baker, W. O., & Smyth, C. P. Jour. Am. Ohem. Soc, 60:1229. 1938. 
isDeeae, B. P. Jour. Am. Ohem. Soc. 63 : 3673. 1931. 

Skan, £. L., & McCullough, £. Jour. Am. Ohem. Soc. 67:2439. 1936. 

15 Huettig, Hm & Smyth, C. P. Jour. Am. Ohem. Soc. 67:1523. 1936. 
w h^eight, S. A., A Smyth, C. P. Jour. Am. Ohem. Soc. 68:1718. 1936. 

Simon, L Bun. Soc. Ohim. Belg. 38: 47. 1929. 

« Baker, W. O., & Smyth, C. P. Jour. Am. Ohem. Soc. 61:1696. 1939, 

»»Schoon, T. Zeit. Physik. Ohem. B 39: 386. 1938. 
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Optical examination showed tlie transition directly. The initial 
crystals were strongly birefringent, but tlie double refraction in¬ 
creased when a given sample was held at a low temperature. When 
tlie sample was frozen, cooled briefly about 30® below the melting 
point, and then allowed to warm up quite rapidly, sharp melting of 
the unstable form was first observed. However, distributed through 
the liquid were tabular, strongly anistropic crystals, which did not 
themselves fuse until a distinctly higher temperature. The latter 
were in the so-called stable form. On prolonged exposure to low 
temperatures, the transformation was complete, and only one melting 
process was visible microscopically. 



Figusb 1. Temi)eratiire Dependence of tbe Dielectric Constant of n-«niyl broxnide. 

Figtjbe 2 represents the general immobiliging of the dipoles of the 
more symmetrical i-propyl bromide upon freezing, after slight super¬ 
cooling and with hindered rotational freedom extending to about 
—131°. Below this temperature, dispersion has disappeared, and 
the dielectric constant is nearly the square of the refractive index, 
as electron polarization alone would require. The polarizing micro¬ 
scope shows pronoimced anistropy on solidification, so rotation is 
probably not about all axes. The cubic, or, occasionally, the hexa¬ 
gonal, class is characteristic of molecular crystals in whi^ rotational 
molecular freedom comparable to that in the liquid exists.® The 
sharp reduction of the dielectric constant at the freezing point im¬ 
plies that rotation around any axis perpendicular to the C — Br line 
ceases at this temperature, while tiie gradual decline of the dielectric 
constant accompanied by anomalous dispersion from — 90.8° to 
about — 131° indicates the possibility of a decreasing hindered 
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libration about this axis or one nearly parallel to it, a behavior un¬ 
detectable in many structures containing one principal dipole. 

Although beginning at the same temperature as that at which 
it ends on cooling, the dispersion is more pronounced on warming, 
and a cooperative loosening, like rotational premelting, occurs,^' 21 
whose effect will be emphasized subsequently. Also, dielectric loss 
data,^* confirm the idea of restrained rotation with no transition, 

e" 

since related to the loss factor, tan S=—, where e' is the dielec- 



T«mperaturi^ ®C 


Figxtbb 2. Temperature Dependence of the Dielectric Oonetant of i-prop^l bromide. 

trie constant, shows no maximum but a regular decrease after 
solidification. 

The i-propyl bromide molecule is sufficiently symmetrical to pack 
with an economy of free volume in the liquid, but its anisotropic 
lattice suggests that the liquid arrangement is not of cubic packed 
spheres. Hence, some supercooling is expected (see later discussion), 
but soon, on cooling, the thermodynamic potential, probably with the 
aid of short relaxation times, is able to effect crystallization with free 
energy diminution, unlike the cases of the bulkier i-butyl and i-amyl 
compounds, whose vitrification is next considered. Further, standard 

» TTbb^hde, A. &. Trans. Faraday. Soc. 34: 282. 292. 1938. 

-I MneUer, Proc. Boy. Soo. London. A158:403. 1937. 
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theories that supercooling proceeds in tlie virtually complete absence 
of nuclei are supported by the exact continuity of the supercooled 
e curve v-ith that for the liquid, in pigubb 2. Minute crystallites 
would cause a sharp change in the dielectric constant “ 

The vitreous and crystalline behavior of molecules intermediate 
in symmetry between n-amyl bromide and the spherical t-butyl 
halides is now to be considered. Uncertainties persist about the 
thermal and optical properties of glasses, about their mechanism of 
viscous flow, and the reality of definite vitrification and devitrifica¬ 
tion temperatrires.®® Commercial glasses, widely used as dielectrics 
have been explored as to dielectric constant and loss, and breakdown 
potential, usually over short temperature ranges.®* These, like 
ordinary organic glasses such as sugars and glycerol, have strong 
intermolecular bonding, which complicates dielectric interpretations 
of structure. However, i-butyl and i-amyl bromides, whose hydro¬ 
gen bond type association is virtually negligible, invariably form 
clear glasses on cooling. 

Previous dielectric measurements on organic glasses are listed in 
the Landolt-Bomstein “Tabellen.”®® The decreasing temperature 
portions of the curves in fioxtbes 3 and 5, on which the appropriate 
applied frequencies are marked in kilocycles, resemble those of 
Thomas,®* for liquid and glassy glucose. Similar, more detailed 
studies on glucose,®’^ glycerol and several monohydric alcohols®® by 
Kobeko and co-workers produced the same sort of marked dispersion 
and decrease of dielectric constant over a short temperature range, 
whose position was established by the frequency of the field. Loss 
factors of commercial glasses have been measured at high frequencies 
by Hackel,®® who used the immersion method of finding a polar 
liquid mixture with the same dielectric constant as the glass. 

Basic postulates of the present report agree with Hagg’s®* con¬ 
clusion from X-ray data that organic glasses contain large groups 
of molecules organized by more or less associative forces. Glycerol 
glass has been found truly amorphous** while other X-ray patterns 

ssSrrera, J« Pliysik. Zeit. der Sovietumon. 8 : 443. 1933. 

ssBicliards, W. T. Jour. Ohem. Phys 4:449. 1936. 

Morey, Q. “The Properties of Glass,” Reinhold Publishing Corp., New York. 
1938. Obap. XX. 

3s See also Tamman, G. “Der Glaszustand.” Verlag L. Voss. Leipzig. 1933. 

3« Thomas, S. B. Jour. Phys. Ohem. 85:2103. 1931. 

Eobefco, P. P. et al. Physik. Zeit. Sovietunlon. 4: 83. 680. 1933. 

Kobeko, P. P. et al. Jour. Tech. Phys. D. S. S. R. 8: 716, 1938. 

» Hackel, W* Physikal. Zeit.87:i60. 1936; Ann. Physik. 29:63. 1937. 

» Hagg, G. Jour. Ohem. Phys. 8:42. 1935. 

31 Lark-HoiOTitz, K., & MiUer, E. P. Phys. Rev. 47:813. 1935. 
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have been accepted as verification of at least macroscopic non- 
crystallinity.*® 

The graphs of figubbs 3 and 5 obtained on cooling follow the 
Debye temperature dependence for a polar liquid down to the regions 
— 160 to — 166° for i-butyl bromide and — 136 to — 155° for i-amyl 
bromide. In these ranges occurs a gradual frequency-dependent' 
drop of the dielectric constant to approximately the refraction value. * 
This apparent rotational freezing differs from ordinary rotational 
immobilization on solidification in at least two ways.' It is not 



Figure 3. Tariation with Temperature and Frequency ot the Dielectric Constant of 
1-butyl bromide. 

initiated sharply and shows no latent heat under the conditions of 
measurement. The gradual loss of librational freedom suggests that 
the individual dipoles are orienting in a viscous medium for, at a 
given temperature, it is seen that the molecules may be able to follow 
quite completely a field of frequency 500, and show little or no 
response in a field of 50,000 cycles. 

Mechanically, it was found that i-butyl bromide became stiff at 
about —120°, and i-amyl bromide at about —115°. Seemingly, 
with decreasing temperature and increasing density, enhanced molecu¬ 
lar field interaction, especially from the short-range forces,^ re¬ 
moves oscillational freedom even in the absence of a phase change. 


Wamn, B. E. Jour. Apidied Fhys. 8: US. 1937. 
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An artificially increased interaction, such as the imposition of high 
pressures, should then produce the same effect as lowering the 
temperature. This is afiSrmed by the experiments of Danforth,*® 
who introduced pronounced dispersion at given frequencies in some 
ten compressible liquids like glycerol and isobutyl alcohol by measur¬ 
ing the dielectric constant imder high pressures. 



Figttbb 4. Variation with Temperature and Frequency of for i-butyl bromide. 

The range of temperature traversed during the settii^ of the 
dipoles with respect to a given frequency in liquids and glasses dif¬ 
ferentiates their rate of intermoleoular action from that occurring 
in crystals in which rotational transitions may occur in a very short 
or zero temperatui’e interval.®’®*®* In the latter, the sudden re¬ 
arrangement of the crystal transition would seem to effect a critical 
interaction that blocks dipole orientation almost completely. The 
gradual nature of the process in the glasses, seen in figuses 3 and 5, 
may be further evidence for random molecular arrangement. 

»Daiitorth, W.B. Fhys. BeT.38:i224. 1031. 

» See FlgoM 7.8.10 and Baker, W. O., Sc Bnytlh, C. P. Joor. Am. Chem. Soc. 61:2798. 
1939. 
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Even before the dipole theory, it was realized that the constituent 
particles of a dielectric did not all have necessarily the same relaxa¬ 
tion time.®® This concept has been applied to a variety of dielec¬ 
trics by many workers, and recently Yager®® has reviewed and 
extended quantitative estimates of the distribution. Ordinary ex¬ 
perimental values represent an average. A rough qualitative idea 
of the breadth of the distribution issues from a calculation of the 
ideal maximmn value of for a given frequency, as has been done 
for several compounds by Morgan.®'^ An observed maximum value 
obtained from figthie 4 or figube 6 will deviate the more from the 
ideal value, which it would have if all the particles had a single 
relaxation time, the less uniform are the composite units of the 
dielectric. Computation of the ideal /'mm follows from the observa¬ 
tion that the absorption is greatest when a; = 1 in the Debye ex¬ 
pression for /'.®® That is, = — eo)/(l -J-®®), where ® = 

<ot(«i-|-2)/{«o + 2), in which ei = dielectric constant at zero fre¬ 
quency, obtained from graphical extrapolation of low frequency 
values; «o = dielectric constant at infinite frequency, obtained from 
low temperature values for the crystalline solid; » = 2gr X frequency 
in cycles; t = relaxation time of particles, in seconds. Then, 
(e. - so) 

» max 


Table 1 



f,kc. 

€ max 

c max 



Calcd. 

Obsd. 

i-Butyl bromide. 

. 50 

7.5 

5.3 


5 

6.7 

5.6 


0.5 

4.8 

5.9 

i-Amyl bromide. 

. 50 

5.0 

3.8 


5 

3.9 

4.5 


0.5 

3.0 

5.0 


Seemingly, from table 1, the most uniform relaxation times are 
characteristic of the temperature region in which is a maximum 
for / = 6 kc. Figures 4 and 6 support this inference in showing 
the 6 kc. dispersion curves to bound narrow areas, with sharp peaks, 
a further evidence®® for a narrow distribution of relaxation times. 

On this basis, isobutyl bromide glass appears to be most homo- 

" Von Scliweidler, E. R. Ann. PhysUc, 24: 711. 1007. 

“ Yager, W. A. Physics 7; 434. 1936. 

" Morgan, S. O, Ind. Eng. Obexn. 30: 278. 1088. 

»«Debye, P. “Polar Molecules.” Chemical Catalog Oo.. Kew York. 94. 1929. 








BAKER, SMYTH: DIELECTRIC CONSTANTS OF CRYSTALS 466 

geneous at about —158°, and isoamyl bromide at about —145.5°, 
whereas a greater variety of agglomerates exists above and below 
these temperatures. The molecular aggregates in a glass,®*-must 
at least partially dissociate or rearrange before the individual mole¬ 
cules can orient to form a crystal lattice. The ordered crystalline 
state has a lower free energy than the glass, and hence the latter is 
forced toward the former by a thermodynamic potential that in¬ 
creases with decreasing temperature. It may be ^at at just above 
the temperature of the maximum absorption for 5 kc. in the two 
glasses, the incipient rearrangement tending toward devitrification 



FiotTBB 6. Yarfation with Temperature and Frequency of the Dielectric Constant of 
i-amyl bromide. 

has produced an effect of maximxim particle homogeneity. This 
does not mean, of course, that the actual orienting units are other 
than single molecules at any time, but environmental irregularities 
can cause the apparent size distribution in what is really a rate 
distribution. The rate concept is made more precise in the next 
section on the mechanism of orientation in these glasses. 

From the above results for the two similar molecules, like rela¬ 
tions should obtain for each between the temperature T* at which 
the re-ordering enters and the lower temperature Tf of apparent 
rotational freezing, if temperature difference may be considered as 
measuring thermodynamic potential. The devitrification tendency 
could actually be detected at T/.s® The relations found are 


3a Baker, W. O., & Smyth, C. P. Jour. Am. Ohem. Soc. 61:2068. 1939. 
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i-butyl bromide T. (-158°) - T, (- 170°) = 12.° 
i-amyl bromide T, (- 145.5°) - T, (- 160°) = 14.5° 

These temperature intervals are, as expected, about tlic same, with 
the larger molecule showing the lai'ger interval. 

The portions of figures 3 and 5 indicated by arrows as obtained 
with rising temperature are now considered. The physical states 
of i-butyl bromide at —175° and of i-amyl bromide at —165° 
are those of imdercooled liquids far below their normal freezing 
points (—118° and —112°, respectively). This instability as non- 



Temp»ratur«, ®C. 

Figttbb 6. Variation -with Temperature and Frequency of for i-amyl bromide. 

crystalline forms increases with decreasing temperature, but the 
fruition of the crystallizing tendency is opposed by the increase with 
lowered temperature of the molecular relaxation times. However, 
around — 170° for i-butyl and — 160° for i-amyl bromide, a certain 
amoimt of devitrification has occurred, because the dielectric con- 
btant-temperature curve from measurements at 0.5 kc. on figure 3 
was completely reversible with temperature anywhere down to about 
—167°, while if the glass was cooled below this point, and then 
warmed, the dielectric constant values did not return to those re¬ 
quired by the reversible curve. Similar results at a higher tempera¬ 
ture were found for i-amyl bromide in figure 5. Moreover, the iso¬ 
tropic glasses began to show scattered areas of double refraction 




BAKER, SMYTH; DIELECTRIC CONSTANTS OF CRYSTALS 457 


when exfiinined with the polarizing microscope. Because of relaxa¬ 
tion. effects, the amounts of crystal formation observed at —170° 
for i-butyl and —160° for i-amyl bromide should depend on the 
length of time the sample is held at the given temperature after the 
liquid is cooled. The upper of the two rising temperature curves 
on piGTJEE 3 resulted when the specimen was held near —180° for 
somewhat more than thirty minutes. Analogous treatment produced 
the heating curve on fioube 5. Apparently there was not time for 
complete crystallization. Presumably, devitrification had proceeded 
from many nuclei scattered throu^out tiie glass, but there were still 
vitreous regions when the measurements with rising temperature were 
begun. Molecules in the crystal lattice of i-butyl bromide cannot 
rotate in the applied field, as the lower curve with rising temperature 
on FiGUBB 3 demonstrates, except in the pre-melting region already 
noted. However, molecules still in the glass distributed among the 
crystal groups should be able to orient as soon as a sufBeiently hi gh 
temperature is reached. For i-amyl bromide, as seen in figubb 6 , an 
increase in dielectric constant is found in about the same tempera¬ 
ture region in which it declined during the cooling of the pure 
glass. For i-butyl bromide, the interval of increase is shifted to 
somewhat higher temperatures. A speculative reason for the dif¬ 
ference is that, in the sample of i-butyl bromide for which the data 
are graphed, crystallization has progressed so far that the large 
crystalline groups in a predominantly ordered structure inhibit, by 
their locally directed force fields, the rotation of the glass mole¬ 
cules dispersed among them. Consistently, the maximum'dielectric 
constant on tlie warming curve of i-amyl bronaide, although it occurs 
at a lower temperature, is a larger percentage of the true glass value 
than tliat for i-butyl bromide. Characteristic glass dispersion en¬ 
tered in the curves for both compounds. Further, the dielectric 
absorption data^’’ for both molecules show a maximum with rising 
temperature near the temperature of the dielectric constant maxima. 
This also afiSnns the recovery of partial rotational freedom by those 
molecules still in the vitreous condition. 

Finally, the decrease of the dielectric constant with further temper¬ 
ature rise, seen on the lower curves of FiGtrBEis 3 and 5, occurs 
because, at the temperature of maximum e, the molecules still in 
the vitreous state have again acquired sufficiently short relaxation 
times to crystallize. Actually, crystalline groups already predomi¬ 
nate, to act as ordering centers, as seen by an tma on wannii^ of 
4.5 instead of 17.3 for the pure glass. As the solid state crystalliza- 
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tion proceeds, the dielectric constant falls for the refraction value 
and ^cn later rises on melting. 

Probably analogous processes to those explored above occurred 
in the first production of boron trioxide crystals, recently reported.^ 
An ordinary boron trioxide glass held at 250° for three days, after 
it had stood at room temperature for a much longer period, displayed 
considerable crystallization, as verified by X-ray analysis. The 
melting point of a nearly glass-free mass of boron trioxide crystals 
(99.6%) was 460-470°. The glass at room temperature, 450° below 
the normal freezing point, may be regarded as imder a large thermo¬ 
dynamic potential. Some few very minute crystal nuclei probably 
are actually formed. Indeed, such have been postulated for labora¬ 
tory glass at ordinary temperatures." Then, the temperature in¬ 
crease shortens the relaxation time so that molecules or ionic groups 
may crystallize extensively. 

Results from these and related molecular structures whose be¬ 
havior has been studied in detaiP® indicate relations of the structure 
of the liquid state to the tendency toward glass formation as follows: 

a. Moderately unsymmetrical, pear-shaped molecules like i-butyl 
and i-amyl bromide, and similar substituted or branched hydro¬ 
carbons can pack randomly in the liqmd with an economical use 
of volume. Hence, although the molecules are on the whole dis¬ 
ordered, their efOicient packing allows persistence of the liqmd ar¬ 
rangement far below the normal crystallization temperature. Such 
substances should vitrify. Additional confirmation for this is the 
observation" that two of the appropriately branched heptanes, 
3-methylhexane and 2, 3-dimethylpentane, imlike the others, failed 
to crystallize even at 70° K and the recent report that various other 
branched hydrocarbons, unlike the linear members, solidified to 
glasses.® 

b. Long-chain compounds, although they often form viscous 
liquids, do not generally supercool.^®’® It is probable that the 
rod-like molecules are already locally, at least, well aligned in the 
liquid. Random array would waste a relatively large volume, and 
is thus energetically unlikely. Indeed, X-ray data indicate long 
axis parallelism even in n-heptane.®> ® Hence, when long chain 

40 MoGnllocli, L. Jour. Am, Chem. Soc. 69: 2660. 1937. 

Waxren, B. S., & Bziscoe, J. Jour. Am. Ceram. Soc. 21: 259. 1088. 

4s Huffman, H. M., Paiks, Q. 8., & Thomas, S. B, Jour. Am. Chem. Soc. 62: 3241. 
1980. 

Smittenherff, J., Hoog, H., & Henkes, B. A. Jour. Am. Chem. Soc. 60:17 1938. 

** See diagrams in Smith, C. P. An^, Reports. 36: 261. 1938. 

« Pierce, W.C. Jour. Ohem. Phys. 3:262. 1986. 

Eatsoff, 8. Jour. Ohem. Phys. 2: 841. 1934. 
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molecules are cooled to the freezing point, they simply set into the 
lattice, without marked supercooling. 

c. Very symmetrical, nearly spherical molecules which form cubic 
lattices, and especially those which are known to possess a rotational 
freedom in the crystal comparable to that in the liquid, commonly 
do not supercool. They may be considered to compose a liquid 
structure of close-packed spheres, which can set into the cubic lat¬ 
tice with little rearrangement and probably no reorientation, and 
thus they have little tendency toward vitrification. 

d. As expected and noted in the cases of i-propyl and n-amyl 
bromides previously, molecules of symmetry intermediate between 
pear-shaped and rod-like show degrees of supercooling varying with 
their particular form, and very rarely leading to true glass forma¬ 
tion. 

Extensive intermolecular bonding in a liquid may so effectively 
alter the contours of the constituent particles as to require modifica¬ 
tion of the above conclusions from molecular data alone. 

RELAXATION MECHANISM IN GLASSES 

The dispersion data provided over a temperature and frequency 
range for the i-butyl and i-amyl bromide glasses®® are now considered 
in terms of the theories of dielectric relaxation and its accompanying 
molecular motion. The latter will be related to the current concepts 
of viscous fiow. Dielectric loss related to the polar structure of 
matter has been comprehensively revised by Mueller.^*^ 

Debye^® applied Stokes’ expression for the rotation of a sphere 
in a viscous medium to obtain a relation between the relaxation time, 
T, of the molecules, and their radius, a, in which 

4TCY)a® 

T = - 

kT 

where 17 is the inner friction constant, k is the Boltzmann constant, and 
T is the absolute temperature. This equation is occasionally moder¬ 
ately well obeyed by dilute solutions of polar molecules, when tj is 
taken as the viscosity of the solvent, but requires revision when there 
is pronounced intermolecular action, as in a pure polar substance. 
This Debye^® and others have recognized. Then, can no longer be a 
simple macroscopic viscosity, and we shall consider t in terms of molec- 

Mneller, H. Srgebnlsse der Exakten Naturwlssenschaften. Julius Springer. Berlin 
17: 164r-228. 1938. 

« Debye, P. “Polar Molecules.” Cbemical Catalog Oo.* New York. 85. 1981. 

Debye, P., & Bamm, W. Ann. Physik. 28:28. 1937. 



460 


ANNALS NEW YORK ACADEMY OF SCIENCES 


ular processes. For comparison with the latter treatment, however, 
the classical relaxation times of the two bromides have been calculated. 
By a graphical extrapolation «i, the dielectric constant at zero fre¬ 
quency is evaluated and «o, that at infinite frequency, is found from 
the low temperature solid value. The calculation of t proceeds 
from Debye’s equation,®® 

[H{y + (4 + y*)«n« 

ei + 2 

where «> = iirf, f = frequency in cycles per second, y = (ei —«©) / 
(«i + «o) • The relaxation times, in each case at a temperature 
corresponding to maximum dispersion for 50 kc., are: 

i-butyl bromide, t = 0.9 X 10 “® sec. at 118.6“ K. 
i-amyl bromide, t = 1.2 X 10”* sec. at 131.1“ K. 

Rough estimates of kinetic theory radii from Sutherland’s constant 
data (Landolt-Bomstein “Tabellen”) may be used to calculate ij 
values: i-butyl bromide, for a® = 16.64 X 10“®* cm®, ij = 0.68 X 10® 
poise at 118.6“ K; i-amyl bronaide, for a® = 20.91 X 10”®* cm®, 
17 = 0.79 X 10® poise at 131.1“ K, Lillie®* showed that there is no 
^continuity in ij at the vitrification point, while Eyring®® has 
justified theoretically a linear relation between 17 and 1/T which 
allows extrapolation of the viscosity data of Thorpe and Rodger®® 
for i-butyl bromide to the temperature at which the relaxation time 
was measured. Although the value thus obtained ij = 0.90 poise at 
118.6“ K, is very approximate, it demonstrates, by being 100 times 
smaller than the doubtfully significant “classical” value, the inad¬ 
equacy of the simple macroscopic viscosity in specifying the rota¬ 
tional hindrance in a pure polar medium. Actually, also, the true 
inner friction constant at the temperatures involved would represent 
a large plastic flow component. 

A method for considering the relaxation phenomenon as a molec¬ 
ular process has been su^ested by Eyring,®®’ ®®“ and further devel¬ 
oped by Frank,®* who made calculations for ice, some solid solutions 
in paraffin wax, and for a composite insulator, Permitol. We pro- 

*« Debye, P. “Polar Molecules/* Chemical Catalog Oo., New York. 94. 1929. 

i\ Lillie, H. E. Jour. Am. Ceram. Soc. 16: 619. 1988. 

» Eyring, H. Jour. Ohem. Physics. 4: 283. 1986. See also Andrade, E. K. De C. 
Nature. 126 : 580. 1980. Sheppard, 8. E., & Houck, E. C. Jour. Eheology. 1: 849. 
1980. 

» See Laadolb-Boxnstein. Tabdlen. JuUus Springer.'* Berlin. 5th ed. 1. 1935. 

Steam, A. E., & Eyring, H. Jour. Chem. Phys. 6:113. 1987. 

Frank, P, C, Trans. Faraday Soc. 22: 1634. 1986. 
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pose to extend this treatment to the simple homogeneous bromide 
glasses. The quantal basis for the theory of absolute reaction rates”® 
gives an expression for the velocity of decomposition into products 
of an activated complex formed at the top of a potential hump. For 
a unimolecular reaction, this is effectively the surmounting of a 
potential barrier, which may readily be considered as that imposed 
by its neighbors to restrict the rotation of a given molecule. The 
standard Arrhenius form yields an activation energy for the process, 
since logr is found to be practically a linear function of T, and 
1/t = k' = Ce where k' — specific reaction rate, A = activa¬ 

tion energy, C = "steric factor,” later to be explicitly defined. The 
required t is most accurately found by regarding it as the mean re¬ 
laxation time for the temperature of maximum dielectric loss. That 
is, considering the decay of orientation as an exponential function of 
time, Debye®® has derived the relations 


So + 


ei — to 

14 -*® 




ti — to 

1 4 -»®' 


in which the quantities have been already defined. 

«" is the loss component of the dielectric constant, from e = s' — tV'. 
Clearly, reaches a maximum when a: = 1, and the temperatures 
of these maxima are available from the experimental results inde¬ 
pendently of the absolute values of since its graphs against 
temperature are quite symmetrical, as shown in figuebs 4 and 6. We 
now may write 


dint 


dT B'P 
and T = l/a» at the critical frequency, 


•, or, since w = 2'ic/', 


din/ A 
dT R'P' 

Thus, — values result from the slope of the straight line obtained 
R 

by plotting In/ against 1/T, where T is the temperature of maxi¬ 
mum for the given frequency /. Further, a mean T of /'maco may 
be found, and from it a mean /, which may be then used to calculate 
the specific rate, a mean 1/t, from 


H. Ohem. Bev. 17: 65. 1985, 
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Si + 2 

kT ^ 

The fundamental equation k' = k — , where « = transmission 

h 

coefficient, taken as 1, fc = Boltzmaim’s constant, A = Planck’s con¬ 
stant, and AP+ = the free energy of activation, may now be used 

kT 42 

to calculate aP+. The equation may be recast &sk' = k — q r g rt, 

h 

where A5+ is the activation entropy and aH’^ is the heat of activation 
taken as the activation energy A for the rotation process. The factor 

kt 

C thus includes the terms ic -- e ^ . The results of table 2 elucidate 

h 

the relaxation mechanism. 


Tablb 2 



Tmean 

/mean A C 


AS* 


“K 

(CaJ./mole) 

(Oal./Mole) 

(B. I./Mole) 

i-Butyl bromide 

115.6 

5.6X10’ 23,100 7.86 X10« 

3796 

167.1 

i-Amyl bromide 

128.0 

5.0X10* 18,000 6.21X10** 

4425 

106.1 


It is evident from the large entropy terms that many molecules 
surrounding a given one able to orient in the field must cooperate 
in permitting its movement from one potential valley to another, not 
necessarily equivalent, one. Probably they undergo, by thermal 
fluctuations, slight rearrangements, a very deflnite combination of 
these being essential for the single rotation. In the liquid state, 
this entropy factor is of vastly diminished importance, because the 
energy differences of various configurations are diminished by the 
lower density and higher heat content. The demonstrated necessity 
for this cooperative effect in “ri^d” phases helps to erqrlain the 
slowness of diffusion and flow in glass, and tire like; there will al¬ 
ways be a competition between the heat and entropy terms. 

Althou^ the additional methylene group in i-amyl bromide some¬ 
what dilutes the dipoles, this alone is insufficient to account either 
for the lower activation energy for rotation, 18 kcals, or for the re¬ 
duced maximum dielectric constant, 12.3, of the larger molecule as 
compared to values of 23 kcal and 17.3, respectively, for i-butyl 
bromide. However, this difference would be rationalized if the elon¬ 
gated pear diape of the i-amyl as contrasted to the compressed pear 
shape of the i-butyl compound had introduced sufficient anisotropy 
to make the former molecule rotate preferably only about its long 
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axis. Independent evidence that this slight structural change has 
indeed produced such an effect, and, conversely, support from the di¬ 
electric measurements for the rotating couple concept of viscous 
flow®’ arise from inspection of the activation energies of viscosity 
for these compounds. The latter, listed in taboi 3, were calculated 
from the data of Thorpe and Rodger.® According to the Eyring 
theory of viscosity, the flow process occurs in a fashion requiring the 
least use of extra volume, for to make a hole the size of a molecule 
requires the energy of its vaporization. For nearly spherical, or 
quite symmetrical, structures, no preferred orientations of the mole¬ 
cules forming the rotating couple are possible, and the ratio of the 
energy of vaporization to the activation energy for viscous flow, 
aEvop/nE^, is generally about 3.® However, rod-like molecules 
will align by long axes, and then the ratio is 4 or even 

more. If, then, i-amyl bromide is tending to behave as an extended 
molecule, while i-butyl bromide is more compact, the values 
should be in the same order as, although of quite different magni¬ 
tudes from, the activation energies for orientation. Table HI veri¬ 
fies this, and further exhibits the expected difference between the 
aEvop/nEvu ratios, 4.3 for the longer molecule and 3.5 for the more 
compressed. 

Tabus 3 




A 

AJSvap 


(cal/mole) 

(cal/mole) 

AEvie 

(cal/mole) 

i-Butyl bromide. 

1990 

23,100 

3.5 

i-Am3d bromide. 

1760 

18,000 

4.3 


Thus it is possible to connect the mechanisms of the kinetic proc¬ 
esses of dielectric relaxation and viscous flow, and it becomes simul- 
taneosuly evident that the constants involved, such as are not 
interchangeable. Such a plan of deciding about the mode of orienta¬ 
tion processes should prove general. 

It is observed in connection with the swarm theory of liquid crys¬ 
tals® that the relaxation time of para-azoxyanisole, as detected by 
the region of TnavitniiTn dispersion for a given frequency, varies 
rapidly with temperature. However, the experimental viscosity 
shows a normal low temperature coefficient. Also, optical studies 


" Evdl, B. H., & Bylins, H. Jour. Ohem. Fhys. 6: 720. 1937. 

» Onutein, Ik 8., A Kaat, W. Trass. Faraday Soc. 39: esi. 1933. 
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reveal that the groups are altered in size only gradually by tempera¬ 
ture change. Such relaxation time-viscosity phenomena, anomalous 
in the classical theory, are perhaps understood from the present evi¬ 
dence that the usual viscous flow process requires only a fraction 
of the activation energy involved in significant measurable orienta¬ 
tion in a field. Hence, as found, the temperature coeflSicient of the 
relaxation rate would exceed that of tlie viscosity change. 

The viscosity of liquid crystalline systems is also found to show a 
maximum with increasing temperature m the anisotropic region,®® 
instead of tlie Tmiform decrease of normal liquids. Too, the Hagen- 
Poiseuille law is not obeyed, and liquid crystal mixtures possess a 
disproportionately high viscosity for low pressures.®® Ostwald has 
termed this a “structure viscosity” effect without further discussion. 
The structure sensitivity is quantitatively illustrated in the bromides 
here considered. If the difference of a methylene group so alters 
the flow orientation, as indicated, it is understandable that liquid 
crystalline groups may, by relatively small changes in shape, en¬ 
gage in a variety of flow processes. The changes in shape are 
effected by temperature, and perhaps changes in group orientation 
result from capillary streaming, hence the observed anomalies. The 
dielectric results have shown how sensitive potentials involving ro¬ 
tational interaction are to the shape of the interacting units. 

Oncley and Williams®* have noted the deficiencies of the macro¬ 
scopic viscosity in relaxation time calculations in reporting that the 
measured viscosity of a solution might be increased a thousand-fold 
without changing signficantly the value of the inner friction con¬ 
stant necessary in the Debye formula. The viscosity was varied by 
using mixtures of hydrocarbon oils or waxy compounds. From the 
present scheme of regarding orientation as the surmounting by the 
polar solute molecules of potential barriers created, at least in 
moderately dilute solutions, chiefly by the solvent molecules, length¬ 
ening of tile latter would presumably not alter the average environ¬ 
ment of the solute. Hence, just the results of Oncley and Williams 
would be expected, as during the rotation of the polar molecule in 
the field in contrast to the viscous flow of the solution, the solvent 
molecules need not themselves rotate. 


M Ostwald, W. Trans, faraday Soc. 29: 1002. 1933. 
Oncley, J. L., &‘Wlllianus, J. W. Fhys. Bev. 48: 841. 1933« 
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SPHERICALLY SYMMETRICAL MOLECUUES 

Finally, in this series, wc consider the t-butyl halides, whose groups 
are tetrahedrally disposed*® about a central carbon atom, and which, 
despite their considerable permanent polarity, are highly symmet¬ 
rical. They behave as spherical molecules in viscous flow. They 
may also be regarded in their crystal and dielectric behaviors as 
expanded analogues of the hydrogen halides, which have been pre¬ 
viously studied.®^"** Dielectric, optical and some thermal examina- 



Figubc 7. Temperature time curve (cooling) for t-butyl chloride. 


tions of t-butyl chloride, bromide and iodide demonstrationed rota¬ 
tional transitions in each.®* 

The cooling curve for t-butyl chloride in eigtjbb 7 reveals a pre¬ 
viously unreported thermal transition at —53.8°, whose latent heat 
considerably exceeds that of fusion. The temperature variation of 
the dielectric constant resembles that of hydrogen chloride, as seen 
fr om FiGUEB 8. The sections of the curves obtained on cooling, how- 


* For esaot -ralues of the lnt€n»tomlc distances In t-butyl chloride, see Beach, J. T., Sc 
StCTCnsoiL) De P* Jour. Am. Ohom. Soc. 60s 476. 1988. 

»i Smyth, C. P.i A Hitchcock, C. S. Jour, Am. Ohem. Soc. 66:1830. 1938. 

Hottnor, G* & E*, & PohUnan, R* Zeit. Physik. 108: 46. 1937. 

MDamkbhler, G. Aim. Physik. 81: 76 1938. 

e^Eruis, A., & Kaischev, E. Zelt. physikal. Ohem. B 41: 427. 1939. 

« Baker, W. O., & Smy^ C. P. Jour. Am. Ohem. Soa 61: 2798. 1939. 
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ever, slope downward with decreasing temperature while detailed 
results on the cooling behavior of hydrogen chloride are not avail¬ 
able for comparison. The highest temperature point in the liquid on 
FiGTJBB 8 was obtained independently in a dipole moment study.«« 
On solidification tlie dielectric constant rises tecause of increase in 
density, shows a low sharp peak, presumably from a small Maxwell- 
Wagner interfacial polarization, and then gradually declines with 
a small but definite dispersion. At the transition temperature, the 



-66 -45 -26 -6 5 26 

Temperature, ®C. 

Figubb 8. Temperature Dopendonce of the Dielectric Constant of t-butyl chloride. 
(Hollow cirdes represent values at 50 kc. lialf-flllod circles values at 5 kc.. and filled circles 
values at 0.5 kc.) 

dielectric constant drops sharply to nearly the square of the refrac¬ 
tive index, with disappearance of dispersion. The polarizing micro¬ 
scope revealed the transition as an cnantiomorphic transformation 
from a hi^ temperature cubic to a low temperature form of lower 
S 3 anmetry. The abrupt lattice change into an anisotropic packing 
arrangement would follow from a cooperative interlocking of the 
dipoles when they had reached a sufficiently low temperature to lose 
most of their librational energy. Such a sharp interaction is im¬ 
plied by mauBB 9, where the curve denoting the lower values in 
the region of —53.8° rises steeply to a maximum just at the transition 

u SmyUi, C. P., ft Domto, K. W. Jour. Am. Chem. Soc. 63:S45. 1981 . 




BAKER, SMYTH: DIELECTRIC CONSTANTS OF CRYSTALS 467 


temperature. Hence a rapid and widespread interference to orienta¬ 
tion is introduced by a ioss maximum so narrow that it is only a 
straight line for 50 kc. at the peak. Then the dipoles are immobilized 
in the low temperature crystalline form. 

The dielectric constant curve obtained with rising temperature, 
shown by arrows on figube 8, exhibits a sharp ascent at the transi¬ 
tion, which is unattended by thermal hysteresis, to values which 
decline on further warming, as expected from the Debye relation. 



....I .. I iVTi.. I I I I II I I— J 

-80 -60 -40 -20 

Temperature, ®C. 


Fioubb 9. Temperatnre Dependence of tbe Imaginarr Fait c" of the Dielectric Constant 
of t-bntrl cblwlde. 


If the cooperative loosening of the molecules at the transition on wann¬ 
ing is great enough to yield immediately the maximum orientational 
freedom in the cubic lattice, whereas, on cooling, a decrease in the 
molecular disorder, perhaps beginning immediately after solidifica¬ 
tion, gradually reduces this freedom, the observed difference in the 
warming and cooling curves would be accounted for. Microscopic 
examination revealed qualitatively a considerable density increase 
on cooling throu^ the transition. 

FiGtrBB 10 contains the thermal arrests marking the two poly¬ 
morphic transitions found for t-butyl bromide. The higher tempera- 
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ture transition, hencefortli called I, is attended by supercooling 
but comparison of the heating and cooling curves, together with the 
dielectric results, suggest that it occurs without thermal hysteresis 
at —41.4°. The lower transition II shows no supercooling but oc¬ 
curs abruptly at —65.8° on cooling and at —64.2° on warming. 
Evidently, from sigubb 10 the heat of fusion is less than the heat of 
transition II, and much less than the sum of the heats of the two 
transitions. 

An enhanced dispersion in the same frequency range results from 
replacement of a chlorine atom by the larger, more polarizable bro- 


1 


I 


0 40 80 120 160 200 

Fxqtjbx 10. Temi>erature time Ourves for t-bntyl bromide. 



nune, as is evident from FiatmE 11. In some parts of the graphed 
data points at the three frequencies would have been superposed, so 
but one point was indicated, for example, the point immediately 
above transition II, on cooling. The data for the lower frequencies 
b^in somewhat below the freezing point, for, just after solidification 
bridge balancing became uncertain and large apparent dielectric 
constant values were obtained probably because of interfacial polar¬ 
ization. This effect has been found by Yager and Morgan®'^ for 
several camphor derivatives, and by White and Morgan*® for ethy¬ 
lene cyanide, all of which possess rotational freedom in the solid. 
The effect here does not exceed a maximum apparent specific con- 

” Tager, W. A., & Morgan, S. O. Jour. Am. Obem. Soc. 57 : 2071. 1935. 

^ A. H., A Morgan, S. O. Jour. Cbem. Phys. 5: 656. 1937. 
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ductance of 6 X 10“® ohm”^ cm~^, although they report values 
greater than 10~® ohm~^ cm“^. Values obtained at 520 kilocycles 
with a heterodyne beat apparatus are shown through the melting 
point by the tagged circles. 



0 -90 -70 -50 -30 


Temperature, °C- 

Fiquhv 11 Temperature Dependence of the Dielectric Constant of t-butyl bromide. 
(Hollow circles represent values at 60 kc,, half-filled circles values at 5 kc., and filled drdes 
values at 0.6 kc.) 

The supercooling at transition I is manifest on the dielectric graph 
by an exact continuation of the curves for the highest temperature 
solid form some 3® below —41.4®. Suddenly, the values revert back 
on just these lines, as far as could be determined experimentally, and 
the dielectric constant drops sharply at the transition to a new set 
of curves, which show diminishing dispersion with decreasing tempera- 
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ture. At —66.8°, a transition like that in t-butyl chloride occurs. 
However, below this point for a short temperature interval there is 
still dispersion, apparent in the data but too slight to be evident in 
FiGOEB 11. As with the chloride, a sharp rise in *" marks the inter¬ 
action introduced by transition II. 

On warming, a slight rotational pre-melting, consonant with the 
suggestion of cooperative lattice loosening with rising temperature 
noted for t-butyl chloride, is followed by the onset of rotation, now 
at —64.2°. This slight rotational freedom below a transition seems 
comparable to the pre-melting previously noted for many molec¬ 
ular lattices.^2 The latter behavior has been confirmed by X-ray 
and thermal analysis of highly purified hydrocarbons,®® and has been 
given theoretical interpretation and justification by Frank’s recent 
order-disorder treatment of melting.®® It would seem that in a 
treatment of arrangement in terms of rotational disorder and of the 
corresponding lattice energy change dependent on the degree of such 
disorder, a transition state just below the observed transition tempera¬ 
ture like that proposed by Frank just below the melting point would 
accoimt for the experimental data. 

The apparent 1.6° hysteresis in the temperatures of transition re¬ 
sembles the 1.1° difference in the case of the analogous transition in 
hydrogen sulfide,’® the longer interval in ethylene cyanide,®® and the 
less sharply defined hystereses in camphor and its derivatives.®’ 
The same hystereses are found in thermal measurements, and were 
thus discovered at the rotational transitions of methane and deuter- 
ated methane.’^ 

Pressure studies by Clusius and Weigand’® on the hydrogen sulfide 
transition disclose that it is accompanied by a volume change of 
about 7.6%, and by a mean lattice separation change so small that 
it might escape detection in X-ray photographs. However, easily 
obtainable pressures witii hydrogen gas broadened the hysteresis 
range, and the hysteresis area was found to be smaller in deuterium 
sulfide. Hence, apparent hysteresis in these transitions would seem 
to be sensitively affected by changes in structure and environment. 
The apparent temperature of the monotropic transition in ethyl 
stearate was foimd to depend on the temperature gradient to which 
the sample was exposed.’® This result was confirmed for other 

»»Frank, P. C. Proc. Roy, Soc. London. 170:182. 1989. 

TO Smyth, C. P., & Hitchcock, C. S. Jour. Am. Ohem, Soo. 56: 1084. 1934. 

Ti Eniis, H, A., Popp, L., & Clushifi, K* Zelt. Elektrochem. 43: 664. 1937. 

Ts Clusias, K., & Weigaad, K. Zeit. Elektrochem. 44: 674. 1938. 
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siiuilar long chain compounds.'^® It provides evidence for the idea 
that critical fluctuations in AF and AS must occur for the progression 
of spontaneous solid transformations. This concept has been elabo¬ 
rated by Ubbelohde.'^^ The activation entropies for rotation of even 
simple molecules in the solid state have been found very high.^® 
Therefore, it is possible that the t-butyl bromide hirsteresis occurs 
because, in order that transformation may be induced, the substance 
must be cooled slightly below the true equilibrium point to produce 
an enhanced thermodynamic potential. Then, the material may lose 
heat to the environment so readily that the temperature of the sample 
never rises to the equilibrium value, despite the relatively large 
latent heat. This agrees with the observation that the sample could 
be cooled under a larger gradient and made to lose heat so rapidly 
that the transition appeared to occur at —67.2®. However, the 
process at —65.8 as shown by figtjbes 10 and 11, is not an ordinary 
supercooling like that at transition I. 

A macroscopic potential, or tension, in the crystal mass produced 
by the transition has been suggested by Frank^®* ” as the possible 
cause of hysteresis. The rate of temperature change as the transi¬ 
tion is approached should strongly influence the hysteresis, it would 
seem. Further limitations on this idea have been noted by Eucken.™ 

An explanation applicable to certain examples of hysteresis is 
suggested by the dielectric and thermal results on n-amyl bromide,“ 
and by the X-ray studies of Wallerant on camphor.” The latter 
found that besides the cubic form existing above the transition, three 
less symmetrical classes occur at successively lower temperatures. 
Monotropic transitions below a rotational transition would produce 
the same effect on it as that of the n-amyl bromide transition in 
raising the melting point several degrees above the freezing point. 
A careful thermal and X-ray analysis of other substances showing 
hysteresis might establish such low temperature polymorphism. 

Examination with the polarizing microscope showed t-butyl bro¬ 
mide to form a translucent, isotropic, definitely cr 3 rstalline lattice 
on solidification, which was transformed enantiotiropically at transi¬ 
tion n to or from an opaque, birefringent, anistropic lattice. Transi- 

73 Voldi B. D., & Voldi M. J. Jour. Am. Ohem. Soc. 61: 808. 1939. 

74Xrbb^ohd6, A. B. Trans. Faraday Soc. 33; 1203. 1937. 

75 Baker, W. O., & Smyth, C. P. Jour. Ohem. Phys. 7: 574. 1989. 

7« Frank, F. C., A Wurts, K. Naturwiss. 26; 687. 1988. 

77 Frank, F. C. Zeit. Elektrochem. 45: 150. 1939. 

78Endken, A. Zeit. Elektroc^em. 46: 150. 1989. 

78 WaUerant, F. Compt. rend. 158: 507. 1914. 
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tion I wab accompanied by no change hi the cubic form, but, appar¬ 
ently, by a contraction on cooling and an expansion on warming. 
This is indicated by the migration of tlie Becke line®” across the 
sample as it transforms. In a homogeneous medium, diffei’ences in 
refractive index, detected under the polarizing microscope by bright¬ 
ness variations with a constant source, result from density differences. 
At the vertical junction between a more dense phase B and a less 
dense one A, na >nA, whore n is tlie refractive index. The rays which 
pass from A to the denser medium B are bent toward the normal to 
tlie junction within B. Rays passing from B toward the junction 
which impinge within tlie critical angle are totally reflected and 
emerge on the B side. The result of these combined effects is to 
illuminate more brightly the B side of the junction. Here the junc¬ 
tion is the interface between tlie transformed and untransformed ma¬ 
terial, and at the transition point a darkish line is seen to move across 
the sample. It is concluded that 1 is an enantiotropical lattice 
change shown by figtibb 10 to possess a latent heat and accompanied 
by a density shift which docs not destroy the cubic arrangement. 

The supercooling at transition I, shown on figtjbes 10 and 11, is 
like that frequently observed at solid-liquid transitions. Thermal 
measurements on phosphine disclosed a low temperature rotational 
transition and an intermediate one,®^ analogous to those of t-butyl 
bromide. The intermediate transition in phosphine also shows super¬ 
cooling, whereas the lower one, which presumably marks the end of 
librational freedom, does not, in agreement with the t-butyl bromide 
results. The dielectric data provide a possible interpretation of 
the general property of supercooling in some polymorphic transitions, 
and its absence in others. Figubb 10 indicates a much bmaller latent 
heat for transition I than for transition 11. The diffci'enco between 
the entropy changes at tlie two points is even larger. A metastable 
condition of the solid phase which is stable above the temperature 
of transition I induced by cooling it somewhat below the transition 
temperature will be under a relatively small thermodynamic potential 
tending to force the transformation. Further, FiGxratB 11 indicates by 
the relatively small decrease in dielectric constant at transition I 
only a slight loss in orientational freedom of the dipoles. Hence, 
on cooling, the thermal agitation of the molecules which, at a given 
instant, have undergone the transition will make them poor ordering 

" See Hutslionie, N. H., & Sinatt, A. “Oryetals and tlie Polarizing Microscope.” 
Edward Arnold & Co. London. 1984. 

»j Cliuias, K., & Ftank, F. C. Zelt. Physikal Ohem. B34:406. 1980. 
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centers for the cooperative formation of the lower temperature stable 
form. On the other hand, transition IT, and, presumably also, as a 
dielectric study should reveal, the lowest transition in phosphine, 
mark tlie loss of most of the rotational molecular freedom. The 
molecules cease to exhibit nearly spherically symmetrical force fields, 
and become so definitely oriented that a rearrangement occurs, re¬ 
sulting in the formation of an anisotropic lattice. These effects are 
evidenced by the loss of orientational polarization seen in figukb 
11, and the large latent heat of the transition indicated in figubb 
10. The same causes account for the absence of supercooling at 
the transition in t-butyl chloride. Such considerations would seem 
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Temperature, ®C. 

Fioubh 12. Tompetature Dependence of tbe Dielecctic Constant of t-butyl Iodide. 

generally adaptable to thermal studies of polymorphism in molecular 
and some ionic lattices. They are consonant with other ideas on the 
importance of orientation in supercooling, noted previously. 

Figtjbe 12 indicates the expected result that the least symmetrical, 
most polarizable molecule of the series, t-C 4 H 9 l, interacts in the solid 
so strongly that it can rotate only with difiBiculty above the transi¬ 
tion point —79.4°. This hindrance effects the pronounced disper¬ 
sion seen on the graph, but the dielectric loss, proportional to the 
tabulated apparent specific conductance, contains a considerable 
d.c. conductance contribution from impurities which could not be 
removed.®* The critical frequency of Ihe rotating dipoles is proba¬ 
bly near 50 kc., as the dielectric constant values for this frequency 
rise from nearly the square of the refractive index, only shortly be- 
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low the melting point —38.2®. Sufficiently high frequencies might 
convert the chloride and bromide curves to ones resembling the iodide. 
Examination witli the polarizing microscope revealed an apparently 
anisotropic lattice above the transition, which was replaced by one 
of much stronger birefringence below it. Suspected impurities make 
uncertain a definite assignment of non-cubic class to the high temper¬ 
ature form. 

The present results show the variation in intermolecular action of 
nearly spherical molecules produced when atoms of gradually in¬ 
creasing size and polarizability are successively substituted as one of 
four gi'oups about a central atom, the other three groups remaining 
unchanged. As noted previously, the orientational interaction is foimd 
to be very sensitive to structure. A further method of studying the 
possible coupling is to dilute the dipoles in tlie solid state, preferably by 
solid solution formation with a similar, non-polar substance. A pre¬ 
liminary microscopic examination of a 50% by volume mixture of 
t-butyl chloride and carbon tetrachloride revealed that, as would be ex¬ 
pected, the transition was made less sharp, and was displaced to lower 
temperatures, and that the whole solid formed an isotropic high tem¬ 
perature system, which would be anticipated from the known high tem¬ 
perature cubic form of carbon tetrachloride. However, partial melting 
was found to occur sharply and uniformly, leaving a skeleton-like iso¬ 
tropic lattice which itself melted sharply a few degrees higher. Di¬ 
electric measurements on such a system might show a complex be¬ 
havior because of the coexistence of phases. 

The discovery of rotational freedom in the solid forms of those 
simple molecules suggests experiments to discover its effect on other 
physical properties. That is, the form of the solid above the transi¬ 
tion might differ significantly from that below it in temperature 
coefficient of thermal conductivity, diffusion, solution rate and 
sublimation vapor pressure. If these processes were thus connected 
with rotation or non-rotation, information on their mechanism would 
be gained. 


MOLECULAR FREEDOM AND FUSION 
We shall now examine briefly some of the thermodynamic con¬ 
sequences of the solid state behavior of comparable molecules re¬ 
viewed in this report. The dielectric studies have provided a me¬ 
chanical estimate of the order and mobility obtaining in molecular 
lattices or vitreous aggregates of polar molecules. Such studies 
have indicated marked differences among very similar, in some cases 
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isomeric, molecules. It may then be expected that the entire ener¬ 
getics of the given solid will bo affected, and the strikmg and funda¬ 
mental property of the melting point was chosen for inquiry. We 
regard first the melting properties of the simple alkyl halides, as an 
approach to subsequent generalizations. The mono-halides, and 
especially the bromides, are chiefly considered, because they have 
closely similar polarizabilities and permanent moments, obey Trouton’s 
Rule well as shown by available data,®* and exhibit no extensive 
liquid association. They should thus have comparable behavior in 
condensed phases. Also, the dimensions of the molecules should be 
little altered by interchanges of methyl and bromo groups, since the 
same method of measurement yields 2.0 and 1.9 A, respectively for their 
radii.®^ Even a chlorine atom with radius of 1.65 A approximates 
the methyl group in size. Hence, it is not surprising that the rela¬ 
tionships noted below apply to the isomeric hydrocarbons as well 
as to &e isomeric halides. 

Writers on the theories of fusion and of liquids have considered the 
thermodynamic and statistical changes accompanying melting.®®- ®** ®® 
Hirschfelder, Stevenson and Ejrring explained the low entropies of 
fusion of substances, which gained non-translational degrees of free¬ 
dom in the solid state (as by rotational transitions) as arising from 
the communal sharing of free volume possible on liquefaction. They 
have shown that if complete communal sharing immediately occurs,®® 
the entropy of fusion AS/, should be 2 E.U. for a substance already 
possessed of rotational freedom, as found for t-butyl chloride. 

Relationships among the entropies of fusion of structurally similar 
compounds have also been sought,®'^- ®®- ®® but without definite refer¬ 
ence to structure. Melting points are often regarded as constitutive 
properties of organic compounds®® and an empirical equation con¬ 
necting them with molecular wei^ts has been suggested.®^ The 
linear relation between number of C atoms and melting points for 
odd or even numbers, respectively, of an homologous series, has been 

8^ Stuart, H. A. MolektUstniktur. J. Springer. Berlin. 48. 1034. 

>> Herzfeld, E. F., & IVCayer, M. G, Phys. Rev. 46: 995. 1934. 

8^ Frenkel, T., Todes, O., & Ismailow, S. Acta Phys-Ohlm. U. S. S. B. 1: 97. 1934. 
Frenkel, T. Acta Phys.-Chim. U. S. S, R. 4: 841. 1986. 

86 Hirschlelder, J., Stevexison, D., A IByxing, H. Jour. Ohem. Phys. 5: 896. 1937. 

For other cases see Mott, N. F., & Gurney, B. W. Trans. Faraday Soc. 85:864. 1939. 

Lennard-Jones, J. E., & Devonshiro, A. F. Proc. Roy. Soc. London. A 170:464. 1939. 

87 Walden, F. Zeit. Blektrochem. 14: 713. 1908. 

ssKordes, E. Zeit. Anorg. AUgem. Chem. 160; 67. 1927. 

88ClU8ius, E. Zeit. Elektroohem. 39 : 598. 1038. 

90 GKlznan, H. Organic Chemistry, An Advanced Treatise. John Wiley & Sons, Inc. 
Chap. 20. New York. 1938. 

81 Austin, J. B. Jour. Am. Chem. Soc. 52:1049 1930. 
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long known,®® and it has been observed without explanation that 
isomers often deviate from such straight lines. 

Thermal and viscosity data arc listed in table 4, under the head¬ 
ings M.P., melting point; ASf, entropy of fusion; T.P., transition 
point; AiSt, entropy of transition; liquid interval under normal 
conditions, in degrees; AE^ia, the activation energy for viscous flow, 
in calories per mole; and AEv<n, the energy of vaporization in calories 
per mole. 


Table 4 


Substance M.P..®K. 

ASf 

T.P..®K. 

ASt 


AJBvkt 

AEvap 







cal/mole AEw 

OHiBr 

180.1 




96.2 



OsHiBr 

155.1 

9.03 



156.0 



n-0«H7Br 

163.1 

9.56 



181.0 

1770 


i-CiH7Br 

184.1 




148.4 

1770 

3.5 

n-04H»Br 

160.4 

13.5 



214.3 



i>C4B.gBr 

155.1 

(8.87)' 

1 

/231.7l> 

\ 2 O 8.9 

lowl 

high/ 

209.6 

1990 

3.5 

t-04H«Br 

255.4 

low 

90.0 

2680 

2.4 

n-CsHuBr 

185.1 

18.6 



216.7 



l-CtHii Br 

161,1 




232.6 

1760 

4.3 

n-OiHtsBr 

188.1 

23.0 



241.0 



oa4 

250.3 

2.30 

255.5 

4.79 

99.9 

2500 

2.7 

t-04H9Cl 

248.5 

2.0 

219 . 3 b 


75.2 

2490 

2.4 

OBr4 

366.7 

0.79 

819.4 

1.68 

95.9 



Caa.® 

459.9 

4.8 

344.2 

7.3 

0 



C(CHi)4 

253.1 




29.5 



Cs(OH»)4 

377.1 

4.51 

148.1 

3.24 

2.8 



CCHOsOCH: CHa^ 

158.4 

1.65 

124.9 

8.32 

155.9 



COH»)«CH(OHi).OH8 

154.0 

13.8 



209.1 



OHaOHtCH (OdBCOCHtOH* 

154.3 

14.7 



212.1 



CH«0(CHs)a(CH*)aOH, 

148.1 

9.5 



204.5 



(OB:a)aOHOH*OH(OHi)i 

152,5 

10.5 



204.2 



OH80H«C(OHi)aOHsCH3 

138.2 

12.2 



221.0 



(OH4)«CCH<CH,)i 

247.7 

2.14 

121.0 

4.60 

106.8 




Value probably low because of glass formation. Tunmennaiu, X Bull. Soo. Oblm. 
Belg. 44:17. 1935. 

^ Beference 65. 

^Paiijs, S. Zelt. Anorg. AUgom. Cbem. 226: 424. 1036, 

Kennedy, W. D., Shonute, C. H., & Parks, O. S. Jour. Am. Ohem. Soc. 60: 1507. 
1938. b. p.*8 from Edgar, G., Calinga^, G., Sc Marker, B. E. Jour. Am. Ohem. Soc. 61: 
1483. 1929. Huffman, H, M., Parks, G. S., & Thomas, S. B. Jour. Am. Ohem. Soc. 
52:3241. 1930. 


PiGUBE 13 demonstrates, as shown by the data of table 4, that 
nearly spherical molecules, which have rotational transitions in the 
solid, melt far above the “normal” temperature, as t-butyl bromide 
melts at 255.4° K, 95° above n-butyl bromide. Further, those mole¬ 
cules of somewhat lower symmet^, which can still acquire some 
rotational freedom before melting, like that foimd above for i-propyl 
bromide, will still melt significantly hi^er and with correspondingly 
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lower entropies of fusion than their non-rotating isomers. This 
agrees with the position of i-propyl bromide on figxjbb 13, and, con¬ 
versely, the normal location of the n-amyl bromide point confirms 
the dielectric results in deciding against rotational freedom in the 
solid. 



ExQUBn 18. Graph of Mdltiiig Point against Number of Carbon Atoms In Alkjl Chlorides 
and Bromides. (Pilled circles represent chlorides, hollow circles bromides.) 

The abnormal positions of methyl chloride and bromide probably 
do not mean exceptional librational freedom, alfiiou^ rotation 
about the C-X axis would not be detected by dielectric measure¬ 
ments, which, for methyl bromide, yield a solid state polarization 
only alightly higher than the molecular refraction.*® However, the 


»»Moreau, 8.0., & Lowry, H. H. Jour. Phys. Oliem. 34:2385. 1980. 
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methyl halide lattices contain a high concentration of dipoles, and 
might bo expected to have greater lattice energies than the higher 
homologucs, in which the dipoles are diluted by the hydrocarbon 
residues. 

The following proposals indicate agreement between the thermo- 
dsmamic and mechanical interpretations of melting properties. The 
trend toward equilibrium in a system under given conditions involves 
an increase in entropy while maintaining the minimum free energy 
feasible. At a given temperature, a solid can acquire entropy with 
small change of free energy by going over into the liquid, so melting 
occurs, and, at a still higher temperature, the boiling point, com¬ 
plete transition to the gas, the most disordered and hence hipest 
entropy state of all, takes place. If, however, the ssrmmetry of a 
molecule is such that its interaction with neighbors in a lattice does 
not vary much with its orientation, thermal agitation may give it 
sufficient kinetic energy to acquire, by means of a polymorphic transi¬ 
tion, or simply a gradual loosening, a degree of rotational freedom 
approaching that in the liquid. A satisfying degree of disorder, or 
increase in entropy has been introduced, and the actual melting can 
be economically postponed to a higher temperature, when the ten¬ 
dency to increase the entropy still further, by gaining translational 
freedom, finally causes liquefaction. That a lattice whose molecules 
possess orientational freedom should have a reduced entropy of 
fusion is shown in another way by: 

Wi 

ASf = B In ——, where 

Wb 

Wi = number of ways of realizing the liquid state, 

Tr, = number of wajrs of realizing the solid state, 
in which B In 2 = 1.4 cal/mol/°,®® for example. 

From their approximate obedience to Trouton’s Rule, most normal 
liquids are found to have the same entropy of vaporization at their 
boiling points. Hence, from the above argument, one would expect 
those molecules which gain extra entropy in the solid, and thus melt 
hi^er than is normal, to have liquid ranges much shorter than similar 
but less symmetrical molecules behaving normally in the solid. This 
is borne out in table 4, where n-butyl bromide has a liquid range 
of 214® and t-butyl bromide is a hquid for only 91°. Striking 
examples of very symmetrical molecules with solid transitions that 
gain so little entropy on melting that they go over into the vapor 


•a Oldliaia, J. W. H., &Tn>belolide, A. B. Trans. Faraday Soc. 35; 328. 1D30. 
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almost immediately are hexamethylethane, with 2.8° of liquid in¬ 
terval, and hexachloroethane, which, like iodine, forms no liquid 
under normal conditions. X-ray studies have shown the onset of 
rotational freedom in these two molecules,®*’ ®® as their non-polarity 
precludes dielectric investigation. The recorded A£>/ of hexachloro¬ 
ethane, which would be the entropy change on sublimation less that 
of vaporization is little more than half the entropy of transition, so 
a vanishingly small liquid range is suggested. 

i-Butyl and i-amyl bromides, which vitrified readily, appear on 
FiGUEE 13 to melt too low, possibly because of the efficiency of their 
packing in the liquid as indicated by glass formation. However, 
since the dielectric studies showed that the molecules could not rotate 
in the crystalline solids, it would appear that the conditions of a 
small change in internal energy accompanied by a large, desirable 
entropy increase would lower the melting temperature. 

The t-butylethylene data are included to provide another example 
besides carbon tetrabromide of an entropy of fusion less than the 
2 units to be expected from communal volume sharing. Althou^ its 
liquid range 160° is greater than those of the alkyl halides which have 
transitions, it is still a bit shorter than that of the unbranched 
butylethylene. The highly ssrmmetrical hydrocarbon adamantane 
may also be expected to rotate in the solid, and possesses an elevated 
melting point in conformity with the theory. 

Data for six of the isomeric heptanes, at the bottom of tabus 4, 
further illustrate the generalizations. As the symmetry of the mole¬ 
cule finally reaches the maximum possible in 2, 2, 3 trimethylbutane, 
the melting point rises from a normal one around 150° K, to 247.7° K, 
and correspondingly, the liquid interval drops from an average of 
over 200° to 106.3°, Parks and Huffman®* observed that increased 
branching in a paraffin hydrocarbon leads to a marked decrease in 
ASf. This behavior is understandable in the light of the present 
results, where the ad(fitional symmetry to be derived from branch¬ 
ing may produce librational freedom in the solid. 

The applicability of the explanation of the melting point variation 
among isomers may be further examined in the camphor compounds. 
Camphor has a rotational transition in the solid state,*^’ ^ and is a 
S3rmmetrical molecule, as may be seen from kinetic theory models. 

« West, C. D. Zelt. Erist. ASS: 196. 1934. 

«Finbak, C. Obemlcal Abstracts. 32: 1996. 1938. Olds. B^eml Bergresen 17: 9. 

1937. 

»Park8,a.8.,&Hi)iEman,B.M. Ind.Bng.Ohem. 23; 1138. 1931. 

•’Wliite, A. H., A Morgan, 8. O. Jour. Am. Ohem.Soo. 67:2078. 1986. 
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If it is made unsymmetrical and the solid transition thus clinunated 
by moving the two methyl groups from the inner bridge to the outer 
ring, fenchone results, which should, by the above concept, have a 
lower melting point and a longer liquid interval than camphor. 
This is well confirmed by the comparison: d-camphor, m.p. 451.8° 
K, liquid interval, 30.4°; fenchone, m.p. 278.1° K, liquid interval, 
188°. Similar considerations may be extended through the camphor 
series, where other rotational transitions are known.®'' Hence, the 
size of the molecules involved would not seem to limit the validity 
of the principle. Many similar cases amplify the principle, but 
only a final example previously discussed as a nearly spherical mole¬ 
cule will be cited: the melting point of t-butyl iodide is postponed 
to 234.9° K by its transition (see fiqxjbb 12); it fuses 66.3° higher 
than n-butyl iodide, m.p. 169.6° K; 66.3° higher than i-butyl iodide, 
m.p. 179.6° K; and 66.8° higher than sec.-butyl iodide, m.p. 169.1° K. 

Table 4 also contains some viscosity data to be interpreted as 
discussed in the section on relaxation mechanism. That is, molecules 
so symmetrical that they behave as spheres will show a SEvap/sJEvi, 
ratio of 2.6-3. The sE^ap values are from AH^p— ipV) mp- The 
ratios are very approximate, but agree with the stereochemistry 
postulated for the fusion principle. 

It may thus be concluded from fusion data, coupled with dielec¬ 
tric and crystallographic results, that members of a homologous 
aliphatic series (including derivatives and isomers) melting above 
the normal temperatures indicated by the graph of melting point 
against number of carbon atoms, or comparatively high melting 
members in any scries have gained entropy by rotational freedom 
in the solid. Hence, since fewer than the normal degrees of freedom 
are acquired on fusion, these compounds will have abnormally short 
liquid intervals. Viscosity results agree with the other structural 
data in assigning this behavior to symmetrical molecules. 

The writers wish to express their gratitude to the Editor of the 
Journal of the American Chemical Society for permission to reprint 
drawings previously published in the Journal. 

SUMMARY 

Dielectric constant and dipole loss measurements over a range 
of temperature and frequency on liquid and solid i-propyl bromide 
reveal a small hindered rotational freedom of the molecules in the an¬ 
isotropic molecular lattice over a 40° interval below the freezing 
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point. Similar studies on n-amyl bromide show tliat its monotropic 
transition, wliich results in a melting point 5.9° higher than the 
freezing point, does not involve detectable rotational freedom. 

Dielectric and optical examinations of i-butyl and i-amyl bro¬ 
mides disclose vitrification on cooling, followed by controlled crystal¬ 
lization at low temperatures. Generalizations as to glass formation 
have followed from these and other data. Molecules which pack 
efficiently in the liquid but do not form isotropic lattices should tend 
to vitrify. The temperature of narrowest distribution of relaxation 
times may indicate iffie point at which the vitreous aggregates begin 
to dissociate. Detailed dispersion data on the glasses have been 
used in the application of both the Stokes’ law and absolute reac¬ 
tion rate theories to show that the iimer friction constant in the 
usual Debye relaxation formula must be considered in terms of a 
mechanism involving higher activation energies than those obtaining 
in ordinary viscous flow. The cooperative nature of orientation 
processes has been emphasized by activation entropy calculations. 

Polymorphism has been discovered and studied by thermal, optical 
and dielectric methods in t-butyl chloride, bromide and iodide. Dis¬ 
persion, hysteresis and supercooling effects have been interpreted 
in terms of possible molecular processes. 

The melting points, heats and entropies of fusion, and liquid 
intervals of alkyl halides and similar related molecules have been 
correlated with the shapes and mobilities of their units in the crystals. 
What is believed to be a new general principle of the melting behavior 
of symmetrical molecules has been proposed. 





